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The electron capture process of 163Ho offers a unique tool for the determination of
the neutrino mass due to its low end-point energy QEC.

In this work a metallic magnetic calorimeter with an embedded 163Ho source was
characterized and used to measure the calorimetric spectrum of the 163Ho decay.

The characterization revealed that neither the thermodynamic properties nor the
detector performance were impaired by the presence or the ion-implantation process
of the 163Ho source. Furthermore an energy resolution of ∆EFWHM = 7.3 eV and
rise times as low as τ0 = 80 ns were measured.

The discussed detector achieved the presently best energy resolution for the mea-
surement of the 163Ho electron capture spectrum. For the first time the de-excitation
of an electron capture from the 163Ho O1-level at EO1 = 48 eV has been observed.
The parameters describing the spectrum could be extracted from the measured spec-
tra. One of the most important parameters, namely the end-point energy has been
determined to QEC = (2.877± 0.022 (stat.) +0

−0.06 (syst.)) keV.

This implies that the achieved detector performance is suited for a neutrino mass
experiment based on 163Ho.

Entwicklung und Charakterisierung von metallisch
magnetischen Kalorimetern zur kalorimetrischen Messung
des Spektrums des Elektroneneinfangprozesses von 163Ho

zum Zweck der Neutrinomassenbestimmung

Der Elektroneneinfangprozess von 163Ho bietet eine einzigartige Möglichkeit zur Be-
stimmung der Neutrinomasse wegen seiner geringen Endpunktsenergie QEC.

Im Rahmen dieser Arbeit wurde ein metallisch magnetisches Kalorimeter mit
einer eingeschlossenen 163Ho Quelle charakterisiert und benutzt um das kalorimetri-
sche Spektrum des 163Ho Zerfalls zu vermessen.

Die Charakterisierung ergab, dass weder die thermodynamischen Eigenschaften,
noch die Detektorleistung von der Präsenz oder dem Ionenimplantationsprozess der
163Ho Quelle negativ beeinflusst wurden. Eine Energieauflösung von ∆E = 7.3 eV

und Anstiegszeiten von τ0 = 80 ns konnten erreicht werden.

Der benutzte Detektor hat die zur Zeit beste Energieauflösung bei der Messung
des Eletroneneinfangprozesses von 163Ho gezeigt. Zum ersten Mal wurde die Ab-
regung eines Elektroneneinfangprozesses von der 163Ho O1-Schale bei einer Ener-
gie von EO1 = 48 eV beobachtet. Die Parameter zur Beschreibung des Spektrums
konnten aus den gemessenen Spektren gewonnen werden. Einer der
wichtigsten Parameter, nämlich die Endpunktsenergie wurde mit dem Wert
QEC = (2.877± 0.022 (stat.) +0

−0.06 (syst.)) keV gemessen.

Dies ist gleichbedeutend damit, dass die Detektorleistung den Anforderungen
eines Neutrinomassenexperiments basierend auf 163Ho entspricht.
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1. Introduction

“Neutrino physics is largely an art of learning
a great deal by observing nothing.”

Haim Harari, 1990 [Har90]

This quote can most certainly be applied to other fields of physics research, but
in neutrino physics this fact has been established for decades.

Nonetheless has there been a great deal of progress, especially in the last twenty
years. With a constant experimental effort is was possible to make the best out of
the small signals that neutrinos provide. For example the observation of neutrino
oscillations [Fuk98] with the consequence, that neutrinos are in fact massive parti-
cles, was a first hint on a wide range of questions that remain to be answered. By
now the neutrino oscillations are embedded in an established and well characterized
framework [GG12, Pas13], but other areas still observe a lot of “nothing” and need
to be satisfied with upper limits.

This includes for example neutrinoless double β-decay experiments, as well as
direct neutrino mass searches, which probe fundamental neutrino properties. It in
the end comes down to the more exotic idea of sterile neutrinos or the practically
unobservable cosmic neutrino background.

In this constant effort to push the boundaries of the experimental possibilities
lies the fascination for experimental neutrino physics. It is not only necessary to
understand the underlying physics in the best possible way, but also to understand
the detectors in all detail. All the intermediate steps between the event itself to
the acquired data need to be investigated to extract the real signal and to not be
fooled by background or some technical issue, that mimics a signal. To improve the
sensitivity of an experimental approach, often scaling to a bigger experiment can be
the solution. In contrast, a new experimental approach might just be as successful.

A new experimental approach was for example to use the 163Ho electron cap-
ture to probe the neutrino mass [DR81, DR82]. After a few attempts after the
initial proposal it took until recently in the mind of the experimentalists to seriously
reconsider the idea.

This reconsideration was fueled by the recent progress in the development of
cryogenic detectors. With the capability to reach energy resolutions better than
∆EFWHM < 2 eV in the region of interest below E < 10 keV, cryogenic detectors
offer the perfect tool to measure the 163Ho electron capture.

1



2 1. Introduction

The focus of this work is the characterization of low temperature metallic mag-
netic calorimeters for the measurement of the calorimetric electron capture spectrum
of 163Ho. This was done as a proof of principe, if it is generally possible to mea-
sure the calorimetric spectrum of the 163Ho electron capture with metallic magnetic
calorimeters. The achieved results confirm this hypothesis. Further did this work
aim to test the influence of an embedded 163Ho source on the performance of metal-
lic magnetic calorimeters and to show, that the achievable detector performance is
sufficient for neutrino mass determination. The analysis of the measured spectrum
allows to test the parametrization of the 163Ho electron capture spectrum.

In chapter 2 an introduction to the physics related to massive neutrinos is given,
with the focus on the different ways of the experimental determination. Especially
the bases for the neutrino mass determination utilizing the 163Ho electron capture
are described in detail, including the past and current research efforts.

The experimental aspects related to the calorimetric measurement of the 163Ho
electron capture spectrum are described in chapter 3. The detectors used for the
calorimetric measurements are low temperature metallic magnetic calorimeters. The
detection principle as well as the read-out scheme are introduced. In particular a
precise description of the design for the used detector prototype as well as for the
micro-fabrication steps, with an emphasis to the embedding of the Ho-163 source,
will be given.

Chapter 4 contains the experimental results of this work and is divided into two
parts. The first part discusses the first characterization of the detector prototype.
The investigation of the effect of the embedding of the source was obtained by com-
paring results of two detectors, one with and one without embedded 163Ho source.
This allows to determine the effect of the embedded 163Ho source on the detector
characteristics. In the second part two high statistics 163Ho electron capture spectra
are analyzed. The achieved detector performance allows the parametrization of the
163Ho electron capture spectrum.

In chapter 5 the international Electron Capture 163Ho experiment (ECHo) is
described. Based on the approach of this work the challenges of a large scale 163Ho
neutrino mass experiment are discussed as well as possible solutions.

A summary of the presented work is given in chapter 6.



2. Massive Neutrinos

2.1 Neutrinos – The Beginning

The history of neutrinos begins with the often quoted and famous letter of Wolfgang
Pauli in 1930 [Pau77], in which he postulates an electrically neutral and very weakly
interacting particle in a “desperate resort” to retain energy conservation after a
continuous β-spectrum had been measured earlier on “Radium B+C” (214Pb and
214Bi) by James Chadwick in 1914 [Cha14]. At that time the β-decay was imagined
as a two-body decay n → p + e− and therefore a distinct energy was expected
for the total energy release. Pauli named the newly postulated particle “neutron”
and just later on Enrico Fermi gave this particle its final name “neutrino” (little
neutron), when he published his “Versuch einer Theorie der β-Strahlen”1 [Fer34],
which provided a theory for the β-decay, including a particle as postulated by Pauli,
that still holds today.

It took until 1956 for the definitive direct observation of neutrinos [Cow56]. Clyde
L. Cowan and Frederick Reines used the inverse beta decay νe + p → n + e+ as
detection channel for neutrinos created in the fission processes in a nuclear power
plant. The idea was to detect the e+ via e+e−-annihilation with the measurement
of the two 511 keV γ-rays and to detect the neutron via the de-excitation after the
n-capture from a suitable nucleus. They ran three liquid scintillator detectors with
two target tanks layered in between. The target tanks were filled with Cd loaded
water, that allowed the moderated neutron to be captured on 113Cd producing an
excited 114Cd atom, that is de-excited by characteristic γ-ray emission.

They used the e+e−-annihilation signal in coincidence with the delayed by about
10µs de-excitation γ-ray from the 113Cd(n,γ)114Cd-reaction. The measurement re-
sulted in a cross section of σ = 12+7

−4 × 10−44 cm2 after a refined analysis [Rei60],
that agreed well with theoretical expectations from Fermi’s theory. At this point
the neutrinos were identified as weakly interacting fermions with vanishing mass.

1“Attempt at a Theory of β-rays”, originally published in German, a translation to English can
e.g. be found in [Wil68]

3



4 2. Massive Neutrinos

2.2 Neutrino Oscillations

The next important step towards neutrino masses was the “solar neutrino problem”
that puzzled neutrino physicists for several decades. In the fusion process

4p −→ 4He + 2e+ + 2νe (2.1)

that is the main energy creation process in the sun also two electron neutrinos are
created. Including the annihilation of the two positrons with two electrons a total
energy of E = 26.73 MeV is produced in one process. Using the total radiative energy
arriving at the earth, also known as solar constant, of S = 8.5× 1011 MeV/cm2 s, a
solar neutrino flux of

Φν ≈
S

13 MeV
= 6.5× 1010 cm−2s−1 (2.2)

can be calculated in this very naive way. Depending on the exact underlying creation
process the neutrinos can have energies up to Emax ≈ 20 MeV, even though the
major fraction is created in the intermediate pp-process2 with energies lower than
Eν ≤ 0.42 MeV.

It was the goal of the Homestake experiment, that started in 1968, to detect this
large solar neutrino flux and that started the controversy around the “solar neu-
trino problem”. The experiment was performed by Raymond Davis Jr. [Cle98], that
used the radiochemical process νe +37 Cl → e− +37 Ar as proposed by Bruno Pon-
tecorvo [Pon46] and Luis Walter Alvarez [Alv49]. That process offers a rather low
threshold energy of 0.814 MeV, a cheap and safe target material in form of Tetra-
chloroethylene (C2Cl4, a common dry-cleaning solvent), and a decaying daughter
atom with a half-life of 34.8 d. Davis constructed the target tank to contain 615 t of
C2Cl4 (containing ∼ 2.2 × 1030 37Cl atoms) and the laboratories for the extraction
and measurement of the 37Ar in the Homestake gold mine at Lead, South Dakota,
USA. The 37Ar was extracted about every two months and measured in extremely
sensitive proportional counters. The experiment ran until 1994 continuously for 26
years with a final neutrino flux of 2.56 ± 0.16 (stat.) ± 0.16 (syst.) SNU3, while the
expectation from solar models was 7.5± 0.1 SNU [Bah04, TC11].

This deviation was confirmed by several other experiments, such as
GALLEX [Ham99], GNO [Alt05], SAGE [Abd09] and Super-Kamiokande [Abe11].
Finally SNO [Aha13] was able to prove that the discrepancy was due to neutrino
oscillations in 2001 [Ahm01, Ahm02]. The possibility of neutrino oscillations had

2p+ p −→2 H + e+ + νe
3SNU = Solar Neutrino Unit = 1× 10−36 interactions per target atom per second



2.2. Neutrino Oscillations 5

been suggested by Bruno Pontecorvo [Pon57, Pon58] and their existence had already
been verified for atmospheric neutrinos in the Super-Kamiokande detector [Fuk98]

SNO was the first detector that was able to measure all three neutrino flavors
with significant sensitivity. The experiment used 106 kg of heavy water (2H2O) as a
target material and utilized the following three detection channels:

1. νe + d→ p+ p+ e−: The so-called charged current (CC) reaction, that is only
sensitive to electron neutrinos.

2. νx + e− → νx + e−: The elastic scattering (ES) reaction, that is sensitive to all
neutrino flavors, but with about 6 times larger cross-section for νe compared
to νµ and ντ .

3. νx+d→ p+n+νx: The neutral current (NC) reaction, that is equally sensitive
to all neutrino flavors.

By comparing the solar neutrino flux detected in the CC channel with the ES and
NC channel a strong 5.3σ evidence was found for a non-electron neutrino component
in the solar neutrino flux while the total flux in the NC (flavor independent) channel
was consistent with solar models [Ahm02]. This was the first hard evidence, that
neutrinos created with electron flavor were detected with a different flavor after they
had travelled a certain distance. Since this flavor change was found to be periodic in
the traveling distance divided by the neutrino energy L/E (see eq. (2.7)) this effect
was called “neutrino oscillations”.

The quantum mechanical formalism4 for neutrino oscillations will be explained
in the following, to argue how the existence of finite neutrino masses is necessary
to explain the experimental observation of the oscillations. The formalism is based
on the idea that n orthogonal weakly interacting eigenstates να (usually n = 3;
α = e, µ, τ), or flavor eigenstates of the neutrinos are not identical to the orthogonal
set of n mass eigenstates νi (usually i = 1, 2, 3), but are connected through a unitary
n× n mixing matrix U :

|να〉 =
∑
i

Uαi|νi〉 . (2.3)

Due to mathematical and physical reasons the number of free parameters of U is
limited to (n − 1)2, conveniently parametrized into 1

2
n(n − 1) weak mixing angles

and 1
2
(n− 1)(n− 2) CP-violating phases.

4Natural units: ~ = c = 1 are used
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The time evolution of the state is given by the Schrödinger equation and results
in:

|να(x, t)〉 =
∑
i

Uαie
ipixe−iEit|νi〉 , (2.4)

assuming a neutrino with energy Ei, momentum pi, being emitted at x = 0.

Using the inverse of eq. (2.3)

|νi〉 =
∑
β

U∗βi|νβ〉 (2.5)

and assuming relativistic neutrinos

Ei =
√
m2
i + p2

i ' pi +
m2
i

2pi
' E +

m2
i

2E
, (2.6)

for pi � mi hence E ≈ pi as neutrino energy, and with L = x = t for the distance
between source and detector, eq. (2.4) becomes:

|να(x, t)〉 =
∑
i,β

UαiU
∗
βie

i(pix−Eit)|νβ〉

=
∑
i,β

UαiU
∗
βi exp

(
−i
m2
i

2

L

E

)
|νβ〉 . (2.7)

Therefore the transition probability from the initial state να to the final state νβ
is:

P (α→ β) = |〈νβ|να(x, t)〉|2

=
∑
i

∑
j

UαiU
∗
αjU

∗
βiUβj exp

(
−i

∆m2
ij

2

L

E

)
, (2.8)

with the squared mass difference ∆m2
ij = m2

i −m2
j .

As can be seen in eq. (2.8) the transition probability depends on the source-
detector distance L, the neutrino energy E and the mass difference between two
mass eigenstates ∆m2

ij and to allow neutrino oscillations ∆m2
ij 6= 0 needs to be true

for at least one mass difference.
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The currently preferred number of eigenstates is n = 3 that can explain all
experimental evidence. Presently the extension to n > 3 is considered, because so-
called sterile neutrinos, that do not take part in the weak interaction, are proposed
to explain experimental phenomena that are tough to explain within the “classical”
framework with n = 3, as e.g. the “Reactor antineutrino anomaly” [Giu10, Men11].

Experimental status

To find the parameters to describe neutrino oscillations experimentally, a wide range
of L/E needs to be covered, which is only achieved with several different experiments.
For the detection of solar neutrinos and neutrinos created by meson or muon decay
after interaction of primary cosmic rays with the atmosphere, so-called atmospheric
neutrinos, already reveal a lot of information. They allow the determination of
two mixing angles θ12 and θ23, as well as the corresponding mass differences ∆m12

and ∆m23, even though both the energy spectrum and the distance are fixed. A
remaining parameter space can be covered with reactor neutrino experiments or
with neutrino beams, that are created from the decay of meson beams created at
accelerator facilities.

The experiments all detect neutrinos directly and compare the expected rate from
the neutrino source with the detected one. Depending on the experiment either the
neutrino flavor created at the source is detected with a lowered rate (disappear-
ance mode), a flavor that is not produced in the source is detected (appearance
mode) or both modes can be used in combination with discrimination capabilities
between detected neutrino flavors. The detectors range from smaller ones like Dou-
ble Chooz [Abe12] with an active volume of 10 m3 of Gd-loaded liquid scintillator
to larger detectors like the Water-Cherenkov detector Super Kamiokande [Abe11,
Wen10] with an active volume of 32 000 m3 and incredibly huge Ice-Cherenkov de-
tector IceCube [Aar13] with 1 km3 of active volume.

Every single experiment can deliver results with different accuracies, but the best
conclusions can be drawn by combining the data of all experiments to get a global
picture of the neutrino oscillations. The results of such a global fit are quoted in
table 2.1 and are taken from [GG12], where also all the contributing experiments
are given. An independent second analysis can be found in [Cap14].

Another question that becomes apparent is the ordering of the arbitrarily named
mass eigenstates m1, m2 and m3. Only mass differences are known from oscilla-
tion results and therefore the question for ordering from lightest to the heaviest
eigenstate cannot be answered. In fact from neutrino oscillations in matter it can
be determined that m2 > m1. While traveling through matter neutrinos of all
flavors can interact with the surrounding electrons via neutral weak currents and
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NuFIT 1.2 (2013)

Free Fluxes + RSBL Huber Fluxes, no RSBL

bfp ±1σ 3σ range bfp ±1σ 3σ range

sin2 θ12 0.306+0.012
−0.012 0.271 → 0.346 0.313+0.013

−0.012 0.277 → 0.355

θ12/
◦ 33.57+0.77

−0.75 31.37 → 36.01 34.02+0.79
−0.76 31.78 → 36.55

sin2 θ23 0.446+0.008
−0.008 ⊕ 0.593+0.027

−0.043 0.366 → 0.663 0.444+0.037
−0.031 ⊕ 0.592+0.028

−0.042 0.361 → 0.665

θ23/
◦ 41.9+0.5

−0.4 ⊕ 50.3+1.6
−2.5 37.2 → 54.5 41.8+2.1

−1.8 ⊕ 50.3+1.6
−2.5 36.9 → 54.6

sin2 θ13 0.0231+0.0019
−0.0019 0.0173 → 0.0288 0.0244+0.0019

−0.0019 0.0187 → 0.0303

θ13/
◦ 8.73+0.35

−0.36 7.56 → 9.77 9.00+0.35
−0.36 7.85 → 10.02

δCP/
◦ 266+55

−63 0 → 360 270+77
−67 0 → 360

∆m2
21

10−5 eV2
7.45+0.19

−0.16 6.98 → 8.05 7.50+0.18
−0.17 7.03 → 8.08

∆m2
31

10−3 eV2
(N) +2.417+0.014

−0.014 +2.247 → +2.623 +2.429+0.055
−0.054 +2.249 → +2.639

∆m2
32

10−3 eV2
(I) −2.411+0.062

−0.062 −2.602 → −2.226 −2.422+0.063
−0.061 −2.614 → −2.235

Table 2.1 The global fit parameters of a three flavor oscillation analysis [GG12] updated after
the “TAUP 2013” conference. The two data sets are created by either leaving the neutrino fluxes
from nuclear reactor as a free parameter only using short baseline reactor data (”Free Fluxes +
RSBL”) or using flux predictions from [Hub11, Hub12] and disregarding short baseline reactor data
(‘Huber Fluxes, no RSBL”).

electron neutrinos can additionally interact via charged weak currents. This singles
out electron neutrinos in matter and it can lead to a resonant enhancement of their
flavor oscillations for the correct combination of neutrino energy and electron den-
sity. These conditions are fulfilled for solar neutrinos and this effect, known as the
Mikheyev-Smirnov-Wolfenstein (MSW) effect [Wol78, Mik86], was experimentally
proven by the measurement of the composition of solar neutrinos arriving at earth
by the SNO experiment [Ahm01, Ahm02].

In principle the MSW effect will also affect neutrinos traveling through earth,
which would allow to determine a similar relation for m3, but up to now the sen-
sitivity of the experiments has not been sufficient. This leaves two possibilities for
the ordering, namely the normal hierarchy m1 < m2 � m3 or the inverted hierarchy
m3 � m1 < m2. The neutrino mass hierarchy is being addressed in the next gener-
ation of experiments, currently in the planning phase. A summary of these efforts
can for example be found in [Pas13].

This still leaves the question of the absolute scale of neutrino masses, that can
not be answered by neutrino oscillations and is addressed in different approaches.
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2.3 Neutrino mass determination

The observation of neutrino oscillations demonstrated that neutrinos are massive
particles, but nothing can be said about the absolute mass scale of the neutrinos.
Different approaches can be used to measure the neutrino mass. These will be
discussed in the following including selected experiments following the described
approach.

2.3.1 Neutrinoless Double Beta-Decay

Double β-decay is only observable if the single β-decay is energetically forbidden and
two neutrons in the nucleus need to decay simultaneously in order to gain energy
from the decay. Therefore the observed process is given by:

A
ZXN −→A

Z+2 XN−2 + 2e− + 2ν̄e . (2.9)

The added energy spectrum of the two emitted electrons is a continuous spectrum
up to the end-point energy Qββ with a maximum at about Qββ/3, similar to single
β-decay. Even double β-decay with neutrino emission is one of the rarest observed
processes with half-lifes in the range of t1/2 = 1018 . . . 1022 y.

Based on the theory of Ettore Majorana [Maj37], introducing the idea that neu-
trinos are their own anti-particles, Wendell H. Furry modified the process [Fur39] so
that not two anti-neutrinos are emitted, but that a virtual neutrino is exchanged in
the process, leaving the following observable process:

A
ZXN −→A

Z+2 XN−2 + 2e− . (2.10)

Adding the observable energy from this process would result in a single line at the
end-point energy Qββ.

The observation of the 0νββ-decay would demonstrate that neutrinos are in fact
Majorana fermions, therefore their own anti-particles, and not Dirac particles with
distinct anti-particles. Additionally by the measurement of the half-life T 0νββ

1/2 , re-
spectively the decay rate Γ0νββ, of the process it is possible to derive the effective
Majorana mass 〈mββ〉 = |

∑
i U

2
eimi|. In fact:
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Γ0νββ =
(
T 0νββ

1/2

)−1

= G0νββ(Qββ, Z)|M0νββ|2 |
∑

i U
2
eimi|

m2
e

= G0νββ(Qββ, Z)|M0νββ|2
∣∣∑

i |Uei|
2mie

iβi
∣∣

m2
e

=: G0νββ(Qββ, Z)|M0νββ|2 〈mββ〉
m2
e

. (2.11)

Here, mi are the three neutrino mass eigenstates, Uαi the mixing matrix elements
(both introduced in chapter 2.2), me is the electron mass and βi the Majorana
phases, introduced in the Majorana formalism. G0νββ(Qββ, Z) is the integral over the
phase space of the two electrons, that mainly depends on the end-point energy Qββ,
and M0νββ are the nuclear matrix elements (NMEs) that heavily rely on theoretical
calculations and currently present the largest uncertainty in the calculation of 〈mββ〉.
On the other hand the decay rates of different 0νββ candidate nuclides can be
normalized with their NMEs and phase space factors and therefore allow the results
from different measurements to be compared.

Because of the Majorana phases also cancellation in the coherent sum over the
mass eigenstates can occur and the mass eigenvalues of the neutrinos are therefore
not directly accessible. Nonetheless the determination of 〈mββ〉 helps in finding
the mass scale and to solve the mass hierarchy in combination with the oscillation
results.

There has been one report of an observation of 0νββ-decay of 76Ge [KK04,
KK06] from a subsection of the Heidelberg-Moscow collaboration, that stated a
4.2σ significance with 〈mββ〉 = 440 (240 . . . 580) meV (3σ range) and T 0νββ

1/2 =

1.19 (0.69 . . . 4.18) × 1025 y (3σ range). This result is highly debated and often
claimed as being wrong.

Presently there is a lot of interest to demonstrate the existence of the 0νββ-decay
and more than 10 experiments are investigating several 0νββ candidates using dif-
ferent experimental techniques (see e.g.[Sch13]). Recent results of three experiments
strongly challenge the previously mentioned positive report and will be briefly out-
lined in the following.

When choosing a nuclide for 0νββ search there are basically three factors to be
considered: The Qββ-value of the nuclide, interrelated with the achievable back-
ground level in the region of interest, the natural abundance of the isotope, inter-
related with the enrichment technique and cost, and lastly the compatibility with
detection techniques.
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76Ge - GERDA

In case of 76Ge the decision for the investigated nuclide is dominated by the well
established detection technique. Germanium is regularly used in commercially avail-
able and widely used semiconductor detectors, that can be adapted for 0νββ-search.
The Qββ = 2039.1 keV of 76Ge is the lowest of the 11 nuclides for which the 2νββ-
decay has been observed, that have been collected e.g. in [Bar10]. The region
of interest is therefore within the natural γ background, that can occur up to
E = 2615 keV, and below the highest energetic β-decay in the 222Rn decay chain,
of 214Bi with an end point of Qβ = 3270 keV. The isotopic enrichment of 76Ge can
be done in gas centrifuges, similar to the enrichment of 235Ur for nuclear fuel, and
is therefore not too expensive5 and available on an industrial scale.

The GERmanium Detector Array (GERDA), as the successor of the Heidelberg-
Moscow Experiment (HDM) and the International Germanium Experiment (IGEX),
in its first physics run uses eight reprocessed semicoaxial detectors from the previ-
ous experiments as well as five newly developed broad energy germanium (BEGe)
detectors both made of high-purity germanium enriched to ∼ 86 % in 76Ge operated
in liquid Ar at 87 K. The first run (11/2011–03/2013) [Ago13] with a total detector
mass of 21.3 kg resulted in an exposure of 21.6 kg yr of 76Ge with a background index
of 1× 10−2 counts/(keV kg yr). No evidence for 0νββ has been observed. Combined
with the previous 0νββ-experiments with 76Ge the run yields a lower limit on the
half-life of T 0νββ

1/2 > 3.0 × 1025 yr (90% C.L.). This result strongly disfavors the
previously published positive result, but can not exclude it entirely.

Depending on the theoretical input in eq. (2.11) this results in an upper limit for
〈mββ〉 of:

〈mββ〉 < (200 . . . 400) meV (90% C.L.) . (2.12)

GERDA phase II is currently being set up, including new detectors, approxi-
mately doubling the detector mass, and new active shielding techniques, effectively
increasing the expected sensitivity by one order of magnitude.

136Xe - KamLAND-Zen and EXO

Two experiments currently running try to find the 0νββ in 136Xe. Qββ = 2.458 keV

is slightly higher than in 76Ge but still suffers from the same background sources
as 76Ge. The big advantage is that Xe is a gas and therefore chemical processing is
not necessary for the isotopic enrichment in centrifuges. This lowers the cost of the

5Very rough estimate: < 100e/g



12 2. Massive Neutrinos

enrichment by approximately an order of magnitude. There is no obvious choice for
the detection technique and that is where the two experiments go different ways.

KamLAND-Zen uses the modified KamLAND detector, that was originally build
for direct anti-neutrino detection in a neutrino oscillation experiment. It uses a 18 m

diameter stainless steel vessel instrumented with photomultiplier tubes collecting the
light, emitted in a 13 m diameter transparent balloon filled with liquid scintillator,
after an event took place. For KamLAND-Zen a second inner balloon with a diam-
eter of about 3 m was added filled with 13 t of Xe-loaded liquid scintillator, the Xe
enriched to about 91 % in 136Xe, resulting in a total 136Xe mass of aboutm = 287 kg.
The latest results [Gan13] use a total of 213 days of data taking between 10/2011 and
06/2012. After necessary cuts, this results in a total exposure of 89.5 kg yr in 136Xe.
Although KamLAND-Zen suffered from additional background that was probably
introduced during the fabrication of the inner balloon and is possibly connected to
the Fukushima Daiichi nuclear disaster, they can provide a strong limit on the 0νββ

half-life of 136Xe with T 0νββ
1/2 > 1.9× 1025 yr (90% C.L.).

EXO-200 on the other hand uses a cylindrical time projection chamber (TPC)
filled with 110 kg liquified Xe enriched to about 80 % in 136Xe. The scintillation light
of the Xe itself is detected by Large Area Avalanche Photodiodes and a drift field of
376 V/cm is applied to the TPC for the created ions to drift and be detected by wire
electrodes. This combines good spacial, temporal and energy resolution, strongly
enhancing the active background rejection capabilities. The first fully operational
run from 09/2011 to 04/2012 with 120 days of data taking resulted in a total exposure
of 32.5 kg yr [Aug12]. Very recently a second data set including data from 04/2012
to 01/2013 combined with the previous results has been published [Alb14] increasing
the exposure to 99.8 kg yr. With this larger exposure the sensitivity is comparable
to the KamLAND-Zen result with T 0νββ

1/2 > 1.9× 1025 yr (90% C.L.).

But the strength of these two experiments lies in the compatibility of them
since they use the same nuclide and no theoretical input is necessary to combine
their results. The combination of the full reported KamLAND-Zen data with the
reduced EXO data set from the first publication [Aug12] yields T 0νββ

1/2 > 3.4 ×
1025 yr (90% C.L.) [Gan13] and once again depending on the nuclear matrix ele-
ments in eq. (2.11) leads to:

〈mββ〉 < (120 . . . 250) meV (90% C.L.) . (2.13)

This result is the lowest limit on 〈mββ〉 to date and it can exclude the previ-
ous claim [KK04, KK06] by the subgroup of the Heidelberg-Moscow experiment
at 97.5 % C.L., but still suffers from the difficulty in comparing the two results,
since theoretical input on the involved nuclei in form of the nuclear matrix elements
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(NMEs) is necessary and the uncertainty on the NMEs is the limiting factor in the
comparison.

Therefore the best way to exclude the previous claim will in fact be an experiment
with the same nuclide as GERDA.

2.3.2 Cosmology

Neutrinos, as fundamental particles in the standard model of particle physics, influ-
ence the formation and the development of the universe. This can be seen in several
different cosmological effects. Starting with the not yet directly observed, cosmic
neutrino background, which consists of the neutrinos created in the big bang and
decoupled from other particles only after a few seconds. It is expected to have a
temperature of T = 1.95 K, respectively an average energy of E ≈ 0.17 meV and a
total number density of 336 cm−3 combined for the three flavors and including both
neutrinos and anti-neutrinos.

Observable effects include the anisotropy spectrum of the cosmic microwave back-
ground (CMB) and the distribution of matter in the universe, the so called large
scale structure (LSS).

The influence on the CMB anisotropies originates from the epoch of photon
decoupling (at an average energy of ∼ 0.26 eV or ∼ 400000 yr after the big bang),
when the photon energy is locally influenced by gravitational potentials. While the
universe is expanding, the gravitational wells evolve and photons can loose (gain)
more energy while leaving the potential, than they gained (lost) by entering it.
This effect, known as integrated Sachs-Wolfe (ISW) effect, is the main reason for
anisotropies on large angular scales in the range of 10 ◦ in the CMB. If neutrinos
become non-relativistic in this period, meaning that their absolute mass is on the
same scale as the average energy (on the order of mν ≈ 1 eV), neutrinos can also
influence the gravitational potentials and smear out large scale fluctuations.

The CMB was accidentally observed by Penzias andWilson in 1965, who observed
an isotropic excess noise in their measurement with a microwave antenna [Pen65].
Their observation was immediately interpreted as “Cosmic Black-Body Radiation” [Dic65].
All precision observations of the CMB anisotropies on large angular scale have
been made on spacecrafts. Measurements of the COBE (Cosmic Background Ex-
plorer) [Bog92] mission, running from 1989 to 1993 established the anisotropies.
The WMAP (Wilkinson Microwave Anisotropy Probe) [Ben03] satellite running
from 2001 to 2010 strongly improved the accuracy on the measurement of the CMB
anisotropy structure. The most elaborate measurements have been performed by
the Planck mission [Tau10], that ran from 2009 to 2013. From Planck data, includ-
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ing WMAP polarization data6, the following limit on the sum of neutrino masses
was deduced [Ade13]:

∑
mi ≤ 0.933 eV (95% C.L.) . (2.14)

The large scale structure (LSS) is influenced by two different effects. On the
one hand the matter distribution is also affected by the ISW effect during photon
decoupling in the transition to a matter dominated universe and on the other hand
there is neutrino free streaming. Because of their low mass neutrinos have very large
thermal velocity, therefore it is very difficult to trap them in gravitational potential
wells up to a characteristic free streaming length lfs. On scales smaller than the free
streaming length, l < lfs, the trapped neutrinos can also suppress the formation of
anisotropies due to their gravitational influence.

The LSS can be probed in several ways since the matter density can be found
from different tracers [Aba11, Won11]. The most powerful tool to date has been
galaxy red-shift surveys that provide three dimensional galaxy catalogs. The galaxy
number density can be assumed to be directly proportional to the underlying mat-
ter density [Ham08], even though non-linearities are assumed in some analyses
(e.g. [Ham10]) and will play a more important role in future analyses of more accu-
rate measurements.

Using the available analyses of data from the Sloan Digital Sky Survey (SDSS) [Per10,
Pad12], the WiggleZ Dark Energy Survey [Bla11], the Baryon Oscillation Spectro-
scopic Survey (BOSS) [And12] and the 6-degree Field Galaxy Survey (6dFGS) [Beu11],
the Planck collaboration created a combined analysis giving a much stronger limit
on the sum of neutrino masses [Ade13]:

∑
mi ≤ 0.247 eV (95% C.L.) . (2.15)

Even though cosmological observations are only sensitive to the sum of neutrino
mass eigenstates this is presently one of the most stringent limits. But as well as
the results on neutrinoless double beta decay it is based on a quite elaborate model
and assumptions made in the analysis. Therefore it is desirable to find a way to
compare these results with a different kind of measurement that is not as heavily
model based, which can be found in the measurements solely based on neutrino
kinematics.

6Polarization data is in principle also available from Planck directly, but has not been published
up to this point. Publication is planned for October 2014.
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2.4 Direct neutrino mass measurements

To find a model independent way to measure the neutrino mass it is necessary to
directly access the kinematics of neutrinos. In principle there are two ways of doing
so, one being a time-of-flight measurement and the other being weak nuclear decays.

2.4.1 Time-of-flight measurements

The fact that neutrinos are massive particles lead to the expectation, that the time-
of-flight of neutrinos over the distance d will differ from d/c, the time-of-flight of
a photon. Since the neutrino masses are very small, also the observable difference
will be extremely small. Therefore a combination of a long baseline, a very strong
source and suitable detectors is necessary.

The long baseline directly implies to go to astronomical scales and in core-collapse
supernovae very intense neutrino sources can be found. The general interest in
supernovae for astronomy led to the formation of the “Supernova Early Warning
System” (SNEWS) [Ant04] collaboration, that combines and synchronizes several
neutrino detectors to provide an accurate signal of supernova neutrinos. Since the
light signal is expected hours up to days after the neutrino signal this will help
to prepare the telescopes for the light signal of the supernova. Additionally the
neutrino signal can be used for a time-of-flight analysis.

The only successful time-of-flight analyses have been done on data from neutrinos
observed after the supernova SN1987A in the Large Magellanic Cloud and it resulted
in an upper limit of mν < 5.7 eV (95% C.L.) [Lor02]. Long baseline experiments
with neutrino beams produced at accelerators, like MINOS and OPERA [Acq09]
also offer the possibility for a time-of-flight measurement. But the sensitivity is
orders of magnitude worse than for SN1987A because of the much shorter baseline.
While the result for a deviation from the speed of light c is (v/c− 1) = (1.0± 1.1)×
10−6 for MINOS [Ada12b] and (v/c− 1) =

(
2.7± 3.1 (stat.)+3.4

−3.3 (sys.)
)
× 10−6 for

OPERA [Ada12a] a simple analysis for SN1987A results in the much lower limit of
|v/c− 1| ≤ 2× 10−9 [Lon87].

With today’s experimental possibilities neutrinos from close-by supernovae seem
the only way to make use of time-of-flight measurements in neutrino mass determi-
nation. Apart from the rarity of these events, the underlying supernova models are
not precise enough to allow a sensitivity comparable to cosmological limits or direct
neutrino mass measurements on weak nuclear decays [Raf10].
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2.4.2 Neutrino mass and weak decays

The second way to investigate neutrino masses using kinematics can be found in
weak nuclear decays. Both single β-decay and electron capture (EC) are used for
neutrino mass determination. The sensitivity of these measurements scales with the
observed number of counts N in the energy interval ∆E, typically on the order of
∆E ≈ 10 eV, just below the end-point energy Q, that follows the proportionality
N ∝ (∆E/Q)3 in the case of β-decay. That already implies that a low end-point
energy Q and an intense source, resulting in a large statistics in the end-point region,
will be advantageous to achieve a good sensitivity.

Most of the investigations have been done on single β-decay:

A
ZXN −→ A

Z+1XN−1 + e− + ν̄e , (2.16)

where a neutron in the nucleus decays to a proton by emitting an electron e and an
electron-anti-neutrino ν̄e. Because of its much larger mass the nucleus takes close to
none of the energy from the decay and the energy is divided between the electron
and the anti-neutrino. By measuring the electron energy it is possible to deduce
informations on the emitted neutrino, including its mass.

The other weak decay that can be used for neutrino mass determination is the
electron capture:

A
ZXN −→ A

Z−1X
∗
N+1 + νe (2.17)

↪→ A
Z−1XN+1 + EEC ,

where an electron from the atomic shell is captured by a proton in the nucleus and
a neutron is formed. In this process an electron neutrino is emitted and the atom is
left in an excited state, with a hole in the shell the original electron was captured
from. The total energy is mainly divided between the neutrino and the excited state.
By measuring the de-excitation spectrum of the excited atom also information on
the neutrino can be deduced, including its mass.

2.4.3 β-decay

In β-decay, according to Fermi’s Golden rule the shape of the emitted β-electron
spectrum is given by7:

7A thorough derivation can e.g. be found in [Dre13].
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dN2

dt dEe
=

G2
F cos2 ΘC

2π3~7
|M2

had|F (Ee, Z + 1) pe (Ee +mec
2)

×(Qβ − Ee)
∑
i

|Uei|2
√

(Qβ − Ee)2 −m2
νi
c4 , (2.18)

with GF being the Fermi coupling constant, ΘC the Cabibbo angle accounting for
the decay on quark level and |M2

had| being the nuclear matrix element. Qβ is the
total energy available in the decay, equivalent to the mass difference between mother
and daughter atom. Ee, pe and me are the energy, the momentum and the mass of
the electron, respectively. mνi is the ith neutrino mass eigenstates corresponding to
the elements of the neutrino mixing matrix Uei, while

F (Ee, Z + 1) =
2πη

1− exp(−2πη)
(2.19)

is the Fermi function, accounting for the Coulomb interaction between emitted elec-
tron and the remaining daughter nucleus, with the Sommerfeld parameter η =

α(Z + 1)/β with the fine structure constant α and the relativistic velocity β = ve/c.

In case of (Qβ − Ee)� mνic
2 the following approximation is valid:

(Qβ − Ee)
∑
i

|U2
ei|
√

(Qβ − Ee)2 −m2
νi
c4

≈ (Qβ − Ee)2 −m2(ν̄e)c
4 , (2.20)

by using the unitarity of the neutrino mixing matrix (
∑

i |U2
ei| = 1) and by defining

the averaged electron anti-neutrino mass as the incoherent mixing of the three mass
eigenstates m2(ν̄e) :=

∑
i |U2

ei|m2
νi
. Treating the incoherent sum as a single aver-

aged one is very reasonable since the experimental resolution of last and also next
generation neutrino mass searches will very likely not be good enough to resolve the
tiny differences between the single mass eigenstates. If the term “electron neutrino
mass” or similar terms are used in the following, this incoherent sum of the mass
eigenstates is meant.

The effect of a non-zero neutrino mass is strongest at high energies in the spec-
trum, if (Qβ −Ee)2 ≈ m2(ν̄e)c

4, while at lower energies a constant offset is created.
Therefore all experimental efforts aim to resolve this last part of the spectrum, typ-
ically between 10 eV and 100 eV below the end-point Qβ, their region of interest,
with highest accuracy.
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The choice of the β-decaying nuclide also has a huge impact on the experiment.
The half-life T1/2 of the nuclide determines the necessary amount of source mate-
rial, which is also closely connected to the decay mode. Depending on the angular
momentum and the parity of the mother and daughter nucleus the transition can
range from “super-allowed” to “third order forbidden”, which has a large impact on
the half-life and can distort the otherwise simple spectral shape given in eq. (2.18).

Another major impact is created by the end-point energy Qβ of the decay. If
only Qβ is changed in the decay (following equation (2.18)) the relative number
of events in the region of interest scales with ∝ Q−3

β . Additionally the preference
for low Qβ is promoted by experimental considerations. Firstly, the detector needs
to be able to handle absolute count rate, which increases with larger Qβ, or will
run into problems with unresolved pile-up. Secondly, for most detector-techniques
the achievable energy resolution scales with the absolute energy scale and a low
end-point Qβ is also desirable to ensure the best results.

Mainly two nuclides have been investigated, namely 3H and 187Re. The first
investigations with 3H date back to the late forties of the last century [Cur49] and
3H has been under investigation since then by employing different styles of electric or
magnetic spectrometers. The last and current generation of experiments are based
on electrostatic spectrometers named MAC-E-filter.

The experimental investigations with 187Re only date back to the nineties of
the last century and have been heavily pushed with the development of cryogenic
calorimeters, that are operated at very low temperatures T < 1 K and measure the
heat input following the impact of an energetic particle.

3H – KATRIN

Most of neutrino mass searches have been performed on tritium. The tritium β-
decay

3H −→ 3He + e− + ν̄e (2.21)

is a super-allowed transition, which means that the spectral shape will basically
be as given in equation (2.18) with an energy independent nuclear matrix element
of [Rob88]:

|M2
had(3H)| = 5.55~6 , (2.22)

a short half-life of only T1/2 = 12.3 y and a low end-point at Qβ = 18.6 keV. Tritium
is available in the desired amounts, e.g. from heavy water moderated fission reactors
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Figure 2.1 Schematic of a MAC-E-Filter spec-
trometer [Kru83, Pic92]:
Top: Experimental setup.
Bottom: Electron momentum across the spec-
trometer.
Depiction provided by Karlsruhe Institute of
Technology URL http://www.katrin.kit.edu

like CANDU-type reactors or through breeding in nuclear reactors through the reac-
tion 6Li(n, α)3H [Whi96, Fie92], and will likely be easily available in future due to the
demand in fusion research and development. Techniques for handling the radioactive
substance have also been in development for decades due to interest in applications
such as self-powered lighting, fusion reactors and nuclear weapons [Fie92].

The latest results on neutrino masses from the β-decay of 3H have been achieved
with the “Magnetic Adiabatic Collimation with an Electrostatic Filter” (MAC-E-
Filter) technique. Based on the electron spectrometer developed by Kruit and
Read [Kru83], the technique was adapted for the larger energies necessary for neu-
trino mass search [Pic92]. The schematic of a MAC-E-filter spectrometer is shown
in figure 2.1. It is based on two solenoids, one on the source and one on the detector
side creating a continuous B-field in the spectrometer with its maximum value Bmax

in the solenoids, while in between the magnetic field is weakened by several orders
of magnitude to Bmin. The electrons emitted from the source are guided along the
magnetic field lines and their momentum pe is adiabatically turned and aligned with
the magnetic field lines. Additionally the electrons are exposed to an electric po-
tential created by a set of electrodes surrounding the spectrometer. If the kinetic
energy E is smaller than the charge q multiplied with the retarding potential U :

E ≤ q U , (2.23)

the electron will be reflected in the spectrometer and extracted, while in case E ≥ q U

the electron is transmitted and detected. Therefore the spectrometer effectively acts
as an energy high-pass filter with an energy resolution given by the extremes of the

http://www.katrin.kit.edu
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magnetic field:

∆E

E
=
Bmin

Bmax

. (2.24)

With this experimental configuration an integral spectrum is measured and to get
an energy dependence of the spectrum the retarding potential U is varied and the
transmitted electrons are counted.

Two concluded experiments, named after their locations, the Mainz and the
Troisk experiment have successfully used this technique for neutrino mass determi-
nation and found similar upper limits on the electron anti-neutrino mass. The major
difference between the experiments was in the tritium source setup. The Troisk ex-
periment used molecular tritium 3H2 in its gaseous form in a “windowless gaseous
tritium source” and found an upper limit of m(ν̄e) ≤ 2.05 eV (95% C.L.) [Ase11].
The Mainz experiment used a thin film of molecular tritium on a cold graphite sub-
strate as source and with this setup was able to reach an upper limit of m(ν̄e) ≤
2.3 eV (95% C.L.) as a final result [Kra05]. Combining these two results gives [Ber12]:

m(ν̄e) ≤ 2.0 eV (95% C.L.) . (2.25)

For the next generation search the Mainz and the Troisk collaborations joined
forces and formed an international collaboration, the “KArlsruhe TRItium Neutrino
experiment” (KATRIN). KATRIN currently is finishing the setup and the commis-
sioning of the experiment at the Karlsruhe Institute of Technology (KIT) and is
planned to start taking data in 2016 presumably for a three year period. The main
spectrometer is a 9.8 m diameter, 23.3 m long vessel for the MAC-E-filter. This is
connected to an about 50 m long source and transport section, which includes the
pre-spectrometer also based on the MAC-E-filter technique. KATRIN is capable to
discover a non-zero neutrino mass down to m(ν̄e) = 0.35 eV (5σ) and will be able
to set a new upper limit one order of magnitude lower than previous experiments
at [Ang05]:

m(ν̄e) ≤ 0.2 eV (90% C.L.) . (2.26)

On the set timescale and with this sensitivity KATRIN will likely be unrivaled.
Another larger experiment with a significant improvement in sensitivity based same
principles is not to be expected, simply because of the necessary size of the spec-
trometer and the associated cost. But other improvements on the current setup,
for example by employing a method for a differential measurement of the spectrum,
either by using a time-of-flight method or a differential detector can still significantly
improve the sensitivity.
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But there are other projects based on different experimental techniques in de-
velopment that aim for a similar sensitivity as KATRIN and do not have such a
fundamental problem with their scalability, which will be outlined in the following.

3H – Project 8

The recently proposed “Project 8” [Mon09] wants to make use of the cyclotron motion
of electrons in an external magnetic field B. The cyclotron frequency is given by:

ω =
ω0

γ
=

qB

mec2 + E
, (2.27)

where ω0 is the unshifted cyclotron frequency, γ is the Lorentz factor and with the
electron’s charge q, mass me and kinetic energy E. While executing the motion also
cyclotron radiation will be emitted at the same frequency ω. This radiation can be
detected with suitable detectors surrounding the source.

Project 8 aims to have a vacuum vessel filled with 10−7−10−6 mbar of 3H2 gas in a
homogeneous magnetic field of 1 T in a magnetic bottle setup, trapping the electrons
and allowing much longer observation times. The source is then surrounded with
microwave antenna to detect the cyclotron radiation. For β-electrons around the
tritium end-point with energies of E ≈ 18.6keV the cyclotron frequency is in the
range of f0 = ω0/2π ≈ 27 GHz.

The cyclotron frequency of all emitted β-electrons is monitored simultaneously,
which allows to measure the differential spectrum of the 3H β-decay. By analyzing
the end-point region around Qβ ≈ 18.6keV the effect and the magnitude of the
electron neutrino mass m(νe) can be deduced.

A prototype has been set up at the University of Washington incorporating all
key components of a large scale experiment. This includes a gaseous electron source,
the magnetic bottle setup and the microwave detection and read-out scheme. First
preliminary tests of the system without electron source have been successful [For13]
and will be followed up with tests using a 83mKr electron source, that emits mono-
energetic electrons at E = 17.8 keV and E = 32 keV.

187Re – MARE

The β-decay of 3H has not the lowest Qβ-value, since two other isotopes show a
lower Qβ, namely 115In and 187Re. 115In is quite difficult to realize in an experiment
for various reasons. The decay in question is from 115In to the excited nuclear
(3/2+)-state of 115Sn and shows an end-point energy of Qβ = (155±24) eV [Mou09].
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The very low Qβ is advantageous, but the decay to the excited state only shows
a branching ratio of BR = (1.07 ± 0.17) × 10−6 [Wie09] to the β-decay to the
ground state of 115Sn and has an ultra-long half-life of the partial decay of T1/2 =

(4.1±0.6)×1020 y [Wie09]. In principle the β-electrons from the decay to the excited
state can be identified by the coincident de-excitation γ-ray of the 115Sn nucleus,
but the experimental precision to identify and accurately measure the energy of the
one electron in about one million electrons from the decay to the ground state in
combination with the required statistics is currently hard to imagine.

The other candidate with a very low end-point is

187Re −→ 187Os + e− + ν̄e (2.28)

with an end-point energy of Qβ = 2.47 keV and a half-life of T1/2 = 4.3 × 1010 y,
which corresponds to an activity of approximately A = 1 Bq per m = 1 mg of source
mass. The spin-parity configuration (Jπ(187Re) = 5/2+ → Jπ(187Os) = 1/2−) of
the decay causes the transition to be first unique forbidden, which leads to a more
complex spectral shape as the one described by eq. (2.18), which has been calculated
in [Dvo11] and causes the long half-life.

Due to the long half-life and the required statistics [Nuc10], large amounts of
the material are necessary for an experiment based on 187Re. This is compensated
by the fact that naturally occurring Re is 62.8 % 187Re and therefore it is sufficient
to use natRe. Because of the low Qβ it is impossible to extract the β-electrons
out of a solid 187Re source, while keeping the energy information of the electron.
Therefore a detection technique that incorporates the source into the detector, in
a so-called calorimetric measurement, is necessary and can be found in cryogenic
micro-calorimeters.

These detectors use a thermal sensor to detect the rise in temperature after the
absorption of an energetic particle and a crystal containing suitable amounts of 187Re
can be attached to the sensor to measure the 187Re β-spectrum. In contrast to an
external spectrometer, where the measured electrons can be analyzed and discarded
before they are detected, the detector in a calorimetric measurement needs to be
able to resolve all decays individually. Therefore not a single large detector, which
incorporates the whole source mass, but a large number of small detectors with their
individual small sources are used.

The use of 187Re read-out by thermal micro-calorimeters has been proposes in
the early 1980s [McC84, Bla85] and has been investigated by two independent ex-
periments, MANU and MIBETA.

The MANU experiment investigated metallic Re absorbers, read-out with Neu-
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tron Transmutation Doped (NTD) Ge thermistors, and has found to an upper limit
of m(ν̄e) ≤ 26 eV (95% C.L.) [Gat01].

Within the framework of the MIBETA experiment, measurements with AgReO4

crystals coupled to Si thermistors on the other hand have led to a lower limit
of [Sis04]

m(ν̄e) ≤ 15 eV (90% C.L.) , (2.29)

which is the lowest limit from direct neutrino mass measurements not obtained with
3H. This result was obtained with 8 detectors with an average energy resolution
of ∆EFWHM = 28.5 eV at the end-point E0 = 2.47 keV. The total Re mass was
2.174 mg, corresponding to a total 187Re activity of 1.17 Bq, which was measured for
a period of 210 d.

These encouraging results have led to a combined effort of the former two ex-
periments and the formation of the "Micro-calorimeter Arrays for a Rhenium Ex-
periment" (MARE) collaboration [Nuc08]. Within MARE the use of large arrays
of micro-calorimeters is planned, operated at mK temperatures and each equipped
with a 187Re source with an individual activity of ∼ 1 Bq, containing ∼ 1 mg of
natRe.

Several detection techniques have been under investigation to reach the desired
detector performance of an energy resolution of ∆EFWHM ≈ 1 eV combined with a
rise time of τ0 ≈ 1µs [Nuc08]. This includes semiconductor thermistors [McC05a]
transition-edge sensors [Irw05] and metallic magnetic calorimeters [Fle05], either
coupled to dielectric AgReO4 crystals or superconducting metallic Re crystals.

Further improvements with metallic rhenium over the MANU results with any
detection technique have been hindered by the difficult and lengthy thermalization of
energy in superconducting materials [Cos93, Wel08, Ran09, Hen12], that prohibited
detectors with metallic Re absorbers to reach the desired performance [Por11, Fer12,
Ran12].

The efforts surrounding AgReO4 crystals are ongoing and the recent commis-
sioning of one 6× 6 Si:P thermistor array equipped with AgReO4 crystals has been
reported, with a second identical array being setup in the near future [Fer14]. With
the larger detector number the statistics can be drastically improved and a lower
limit of m(ν̄e) ≤ 4.5 eV (90% C.L.) can be reached in a 3 y period [Fer14].

The investigations of the 187Re β-decay are ongoing, but presently the detector
performance and the array size are not suitable to reach a sub-eV sensitivity on the
neutrino mass in the near future.
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2.4.4 Electron capture

After the electron is captured by the nucleus (see eq. (2.17)), an electron neutrino
is emitted and the atom is left in an excited state. The de-excitation can happen
through radiative or non-radiative transitions. In the radiative transition, the hole
in the atomic shell, at the energy E◦ compared to the continuum, is filled by an
outer shell electron at energy E1 and the transition energy Eγ = E◦−E1 is emitted
in form of an X-ray.

In case of the non-radiative transition, when the hole is filled by an electron of
energy E1, the available energy is used to emit a weaker bound electron, at the
energy E2 < E1, with a kinetic energy of Ee = E◦ − E1 − E2. This non-radiative
transition is generally called “Auger effect”, but in the particular case, when the hole
and the filling electron belong the same electronic shell it is renamed to “Coster-
Kronig transition”. If all three electrons are from the same shell it is called a “Super
Coster-Kronig transition”.

Each electron capture is followed up by a cascade of transitions, until the daugh-
ter atom is at its ground state, whose summed up energy corresponds to the de-
excitation energy EEC. Due to the multitude of de-excitation channels, electron
capture spectra can be measured in different ways. In the case the source is external
from the detector, both X-rays spectroscopy, as well as Auger electron spectroscopy
are possible and information on the neutrino’s influence on the spectrum can be
extracted.

The drawback of this method is that it will only be possible to measure a part
of EEC with an external detector and the branching ratios into the different decay
channels need to be very well known. Additionally the source must be very well
characterized and ideally set up in a way that self-absorption within the source is
avoided.

A method to overcome the need to correct the measured spectrum for effects
leading to changes in the shape is to include the source in the detector. This way
it is possible to measure the whole EEC in a calorimetric measurement as already
described for the 187Re β-decay in chapter 2.4.3. This approach was first described
in [DR82] in case of the 163Ho electron capture, where the authors provide the
differential decay rate

dΓ

dEEC

= C (QEC − EEC)
√

(QEC − EEC)2 −m2(νe)

×
∑

H

ϕ2
H(0)BH

ΓH

2π

1

(EEC − EH)2 + Γ2
H/4

. (2.30)
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Here, the constant C represents the squares of the nuclear matrix element and the
Fermi coupling followed by the phase space term with the end-point energy QEC,
the decay energy EEC and the average electron neutrino mass m(νe). The electronic
levels H of the decaying atom are characterized by their relative amplitudes given by
the electron’s wave function at the origin ϕ2

H(0), the exchange and overlap corrections
BH, and their Lorentzian line shape, described by the line’s central energy position
EH and its width ΓH.

The impact of the neutrino mass on the spectrum is once again largest close to
the end-point QEC and for similar reasoning as for β-decay (see chapter 2.4.3) a low
QEC-value is desired for a successful experiment.

The discrete nature of the electron shells enhances the decay rate largely close
to the central energies EH, and in case QEC ≈ EH this enhancement will cause a
large number of counts in the region of interest below the QEC-value. Presently no
nuclide, where QEC ≈ EH is fulfilled has been found.

The best candidate for neutrino mass determination by means of electron capture
spectroscopy remains the already mentioned 163Ho with its very low end-point of
QEC = (2.555± 0.016) keV [Wan12].

163Ho

The decay scheme of 163Ho can be written as:

163
67 Ho96 −→ 163

66 Dy∗97 + νe (2.31)
↪→ 163

66 Dy97 + EEC ,

with a half-life of 4570 y [Bai83] and the nuclear spin changing in the allowed
transition from 163Ho(7/2)− to 163Dy(5/2)−. The recommended value is QEC =

(2.555 ± 0.016) keV [Wan12], but values as low as QEC = (2.3 ± 1.0) keV [And82]
and as high as QEC = (2.80± 0.05) keV [Gat97] have been reported.

Due to the low QEC-value only electrons from the M1-level (the 3S1/2-level in
spectroscopic notation) or lower can be captured8. Due to angular momentum se-
lection rules electrons with total angular momentum j ≥ 3/2 are also forbidden to
be captured, which leads to the list of levels shown in table 2.2.

Figure 2.2 shows the expected spectral shape after eq. (2.30) with a zoom on
the region around QEC, where the expected effect due to a finite neutrino mass

8The X-ray notation (K, M , L, etc.) for atomic levels will be used in the following and
throughout this thesis.
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Figure 2.2 Calculated electron capture spectrum from 163Ho after equation (2.30), with
the line properties given in table 2.2 and assuming an end-point of QEC = 2.8 keV. In the
right figure the difference between a vanishing and an assumed neutrino mass of m(νe) = 1 eV

is shown close to QEC.

of m(νe) = 1 eV is shown. While the description in eq. (2.30) is very straight
forward, there are several known effects e.g. described in [DR13] that can distort the
spectral shape below the end-point. These effects might be very small and therefore
negligible. On the other hand it is very important to investigate and characterize
them to quantify the systematic uncertainties.

No 163Ho is found in nature and it needs to be artificially produced. There are
several ways of doing so in accelerator and research reactor facilities. And not only
the production but also the purification needs to be addressed, to avoid radioactive
contaminants, that can create background. This is a major concern within the
research efforts around 163Ho. The approach of the ECHo collaboration on this
topic is described in chapter 5.1.

Over the course of the last 30 years there have been several measurements of the
163Ho electron capture spectrum, both calorimetric and non-calorimetric, which will
be summarized in the following in chronological order.

Calorimetric measurement with ion-implanted Si detector The first calori-
metric measurement of the 163Ho electron capture spectrum was reported in
1984 [Lae84], only two years after the technique was proposed. A sample of enriched
162Er was neutron irradiated to form 163Ho via the process
162Er(n, γ)163Er(EC, β+)163Ho, followed up by a chemical purification of repeated
ion-exchange chromatography steps. The source material was then isotope-separated
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Spectral line H ϕ2
H(0)

ϕ2
MI(0)

BH EH [eV] ΓH [eV]

M1 1 1.083 2046.9 13.2
M2 0.0526 1.031 1844.6 6.0
N1 0.233 1.151 420.4 5.4
N2 0.0119 1.108 340.6 5.3
O1 0.0345 1.248 49.9 3.7 [Coh72]
O2 0.0115 1.224 26.3 [Tho09]
P1 0.0021

Table 2.2 163Dy spectral lines present in the electron capture spectrum of 163Ho and their general
properties. The energy EH [Des03] and the width ΓH [Cam01]. The electron’s wave function at
the origin ϕ2

H(0) [Ban86], the given values are normalized to the amplitude of the M1-line, and the
exchange and overlap corrections BH [Muk87].

and ion-implanted into intrinsic Si crystals at different configurations. The crystals
were than n and p doped and electrically contacted to enable the read-out.

These detectors are usually operated at liquid nitrogen temperature T = 77 K and
a bias voltage is applied between n- and p-contacts. The absorption of electrons or
X-rays creates electron-hole pairs, and their amount is proportional to the incident
energy. The created charge is separated by the bias voltage and detected as a current
signal at the p-type contact.

There were problems with the detector, firstly it showed an energy resolution
of ∆EFWHM ≈ 380 eV for the M1,2 line around E = 2 keV compared to an intrin-
sic resolution of ∆EFWHM = 75 eV, that was determined in calibration data from a
137Cs X-ray source and a precision pulser. The lower intrinsic resolution was roughly
reproduced in the N1,2 line around E = 420 eV. Secondly the detector showed signs
of incomplete charge collection, causing the central peaks of the measured lines
to be at lower energies compared to their literature values, which was most likely
caused by defects created by the ion implantation. And lastly the detector’s per-
formance was only stable for about one day before it started deteriorating and a
reproducible “regeneration procedure” by several minutes of forward bias at liquid
nitrogen temperatures needed to be applied to restore the performance. Nonetheless
the 163Ho electron capture spectrum was successfully measured, reproduced in fig-
ure 2.3 (bottom) from a 15 h measurement with an 163Ho electron capture activity of
A ≈ 0.03 Bq. From the relative N to M capture rates the end-point of the electron
capture was determined to be QEC = (2.82+0.08

−0.06) keV.

IBEC spectrum with Si(Li) detector P.T. Springer et al. [Spr87] measured
only the radiative transition spectrum, also called IBEC (for internal bremsstrahlung
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electron capture) spectrum, as first suggested for neutrino mass determination by
A. De Rújula [DR81]. They used a 30 mm2 Si(Li) detector with an energy resolution
of ∆EFWHM = 137 eV at the region of interest around 2 keV. The source consisted
of (89.7± 9)µg corresponding to (3.3± 0.3)× 1017 atoms or a total electron capture
activity of A ≈ 1MBq of 163Ho, that were produced and purified in a similar fashion
as for the measurements in [Lae84] summarized in the previous paragraphs. The
source was chemically prepared to the form of 163HoF3 and vacuum-evaporated on
a stainless steel substrate positioned in front of the detector.

In the analysis the detection efficiency, the detector response and the background
level were determined and the interference from lower energetic X-rays were sub-
tracted and only the contributions from M1O2- and M1N2-transition X-rays to the
spectrum were fitted for the effect of the neutrino mass. An upper limit on the
electron neutrino mass of

m(νe) ≤ 225 eV (95% C.L.) (2.32)

was found, which is also the strongest limit on m(νe) to date. In the analysis the
end-point was limited to QEC ≤ 2.64 keV, based on an upper limit on the QEC from
an independent determination of N to M capture rates reported in [Har85].

Calorimetric measurement with proportional counter Hartmann
et al. [Har92] developed a gas proportional counter detector that can be operated
at elevated temperatures around 200 ◦C and can be loaded with gaseous compounds
containing the investigated nuclide. For the 163Ho measurement a β-diketonate,
namely Ho3(fod) (fluoro-octanedione), was chosen and prepared from the source
material already used for the previous measurements by Springer et al. [Spr87]. The
Ho3(fod) is a stable, easily soluble and volatile compound that reaches partial pres-
sures of a few mbar at elevated temperatures between 150 . . . 200 ◦C and therefore
meets the requirements for the use in a gas proportional counter.

After thoroughly considering systematic effects, calibrating the detector and mea-
suring the background, the Ho spectrum was successfully measured and is repro-
duced in figure 2.3 (middle). Using the binding energies reported in [Spr87] and
the their measured relative N to M capture rates the end-point of the spectrum is
determined to be QEC = (2.561± 0.02) keV.

Partial decay rates with Si(Li) detector The fourth approach discussed here
once again takes a different route towards the neutrino mass. The idea is based
on measuring several different partial decay rates of the 163Ho electron capture and
for each determined decay rate a different parameter entering the theoretical decay
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description can be constrained as first discussed in [Ben81]. Yasumi et al. [Yas94]
chose to measure the partial decay rates λMi

(i = 1, 2) of the radiative transitions
from the M1 and M2 levels as well as the total decay rate λt.

The total decay rate can be determined from the half-life, that was redetermined
to be T1/2 = (4569 ± 27) y (68% C.L.) [Kaw88] confirming the previous result of
T1/2 = (4570 ± 50) y (95% C.L.) [Bai83] giving a total decay rate of λt = (4.807 ±
0.028)× 10−12 s−1.

To experimentally determine the partial radiative decay rates from the M1- and
M2-levels several steps were necessary. First the total radiative electron capture
spectrum was measured in a setup similar to the one of Springer et al. described
earlier. The second step was to measure the X-ray fluorescence from the single
levels to later determine their relative contributions to the total spectrum. This was
achieved by creating holes in the daughter atom 163Dy specifically in the M1- and
M2-shells separately with monochromatic X-rays from a synchrotron light source
and measuring the resulting radiative de-excitation. These two separate partial X-
ray spectra were scaled in order to reproduce the total X-ray spectrum measured
earlier. From the relative amplitudes of the partial spectra the partial decay rates
λM1 = (0.9846 ± 0.0492) × 10−12 s−1 and λM2 = (0.0850 ± 0.0026) × 10−12 s−1 were
found.

Using these three partial decay rates and the atomic parameters from [Muk87],
the end-point energy, the electron neutrino mass and the comparative half-life or
log(ft)-value are determined to:

QEC =
(
2.710+0.100

−0.005

)
keV

m(νe) =
(
110+350

−110

)
eV

log(ft) = 4.993+0.030
−0.001 ,

which gives an upper limit for the electron neutrino mass of:

m(νe) ≤ 460 eV (68% C.L.) . (2.33)

Calorimetric measurement with NTD Ge detector Gatti et al. [Gat97] used
a 163Ho source in liquid solution that was dried onto the surface of a 300µm ×
800µm × 50µm tin foil, was bonded with epoxy and subsequently folded to en-
close the source material in the tin absorber. This geometry allowed a calorimet-
ric measurement with negligible energy losses. This absorber was attached to a
100× 200× 200µm3 NTD Ge thermistor, that is used to measure the temperature
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rise in the tin absorber following an electron capture event at the cryogenic operating
temperature of T = 50 . . . 60 mK.

The use of cryogenic micro-calorimeters for the calorimetric measurement showed
a much better accuracy, being for the first time able to resolve the sub-shellsM1,M2

andN1, N2 from one another as shown in the reproduced spectrum in figure 2.3 (top).
The achieved intrinsic energy resolution of ∆EFWHM = 40 eV was found in calibra-
tion data from an 55Fe X-ray source and an Al X-ray fluorescence line. The resolution
achieved in the 163Ho electron capture spectrum was deteriorated compared to the
intrinsic one, namely to ∆EFWHM = 50 eV and ∆EFWHM = 100 eV for the N - and
the M -lines, respectively. The observed line energies were about 8 % smaller than
the literature values, if compared to calibration data. This was attributed to the
composite absorber and metastable states created in the amorphous salt and epoxy
mixture during the thermalization of the energy emitted in the electron capture.
The energy scale was nonetheless found to be linearly dependent on the literature
values, showing the self-calibrating properties of electron capture spectra.

Despite the low statistics with approximately 4000 events in the whole spectrum,
allowing no analysis of the neutrino mass, the end-point was determined to be QEC =

(2.800± 0.050) keV.

Current research As can be seen from this collection of experiments from the
eighties and nineties of the last century, there was a lot of interest in the 163Ho elec-
tron capture as a means of neutrino mass determination. These for the most part
very thought out attempts show the huge potential behind the approach, unfortu-
nately the used detector techniques and performances were mostly not sufficient to
be able to compete against 3H experiments, not even including the source material
availability. This led to a strong decrease in interest and close to no progress on the
163Ho electron capture in the first decade of the 21st century.

The development and the improvement of cryogenic detectors in the last decade,
leading to energy resolutions on the order of ∆EFWHM = 1.5 . . . 3 eV at E = 6 keV,
has started the interest up again and led to the formation of two major collabora-
tions, the “Electron Capture 163Ho experiment” (ECHo) and “The Electron Capture
Decay of 163Ho to Measure the Electron Neutrino Mass with sub-eV sensitivity”
(HOLMES), and some independent research towards the investigation of the neu-
trino mass using the electron capture of 163Ho. Most of these efforts are collected
in [Nuc13] and will be outlined in the following.

The ECHo experiment [Gas14] aims to determine the electron neutrino mass
with sub-eV sensitivity by means of a high resolution, high statistics measurement
of the 163Ho electron capture spectrum. The detectors for the main task will be
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Figure 2.3 Previous calorimetric measurements of
the 163Ho electron capture spectrum.
Top: Spectrum taken with a cryogenic NTD Ge
detector [Gat97], the 163Ho in organic salt form layered
in between a two layered Sn absorber bonded with
epoxy.
Middle: Spectrum taken with a proportional
counter [Har92], the 163Ho in form of gaseous Ho3(fod)

added to the counter gas.
Bottom: Spectrum taken with a Si(Li) detector [Lae84]
ion-implanted with 163Ho.

large arrays of cryogenic metallic magnetic calorimeters [Fle05]. The development
and customization of the detectors will be accompanied by detailed background
studies, investigations concerning the production and purification of 163Ho and a
precise theoretical and experimental parametrization of the 163Ho electron capture
spectrum, including an independent measurement of the end-point energy QEC. A
detailed description of the approach of this collaboration will be summarized in
detail in a separate chapter 5.

The HOLMES project started in February 2014 with the goal of achieving a sta-
tistical sensitivity on the electron neutrino mass of order ofm(νe) ≤ 1 eV (90% C.L.)
within a 5 year period by investigating the 163Ho electron capture decay. Within the
project also the feasibility of a larger scale experiment with an ultimate sensitivity
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of m(νe) ≤ 0.1 eV (90% C.L.) will be determined. The structure of the experiment
is based on preparatory work within the MARE collaboration on the feasibility
and statistical sensitivity of a medium to large scale 163Ho electron capture experi-
ment [Gal12] and the 163Ho production and preliminary measurements [Gom13].

The central idea is to set up a 1000 pixel array of transition edge sensors (TES)
with an energy resolution of ∆EFWHM = 1 eV and a rise time of τ = 1µs. The de-
tectors will be equipped with Au absorbers, that are implanted with approximately
6.5× 1013 163Ho atoms each, giving an activity of 300 Bq per pixel. Within a mea-
surement period of 3 years a total of 3 × 1013 events will be acquired in the whole
spectrum allowing the quoted statistical sensitivity.

The areas of research include the nuclide production and purification, detector
optimization, read-out and data processing as well as cryogenics. The detector work
can be divided into the single pixel optimization for best performance and for the
163Ho embedding and into array development, production and testing. The read-
out and data processing concerns the low-temperature SQUID read-out and the
room temperature electronics as well as the digitization, online signal processing
algorithms, data storage and final physics analysis software. The cryogenics part is
concerned with the setup, the testing and the operation of the dilution refrigerator
for the final measurement campaign.

The HOLMES collaboration clearly is the largest effort towards 163Ho electron
capture spectroscopy outside of the ECHo collaboration, but the interest from other
institutions has noticeably increased in the last few years. A group from LANL9

investigated the production of 163Ho by proton, neutron and α-particle irradia-
tion [Eng13], being especially concerned about the isotopic purity of the produced
source. In a collaboration between groups from LANL and from NIST10, TES detec-
tors for total Q-spectroscopy are being developed, with possible applications being
isotopic analysis of radioactive materials at MeV energies and neutrino mass deter-
mination at keV energies [Cro13]. Another interesting aspect under investigation
e.g. at NIST is the single event analysis at very high count rates [Fow13] in the
100 . . . 1000 Bq range, that is of concern for most cryogenic detector applications,
but especially for neutrino mass determinations with strong requirements on statis-
tics.

Statistical sensitivity of 163Ho electron capture experiments

The statistical sensitivity for the electron neutrino mass depends strongly on the
detector performance. At a given detector performance, the number of events in the

9Los Alamos National Laboratory, Los Alamos, NM, USA
10National Institute for Standards and Technology, Boulder, CO, USA
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Figure 2.4 The unresolved pile-up spectrum
(red) and the sum of normal and pile-up spec-
trum (black) are shown. An end-point energy of
QEC = 2.8 keV and a pile-up fraction of fpp =

10−5 are assumed.

full spectrum needed to reach sub-eV sensitivity is then scaling with the fraction of
counts in the last few eV below the end-point QEC. Unfortunately very diverging
values for the QEC have been reported and the larger QEC, the more counts in the
total spectrum are needed.

Another effect that needs to be considered for the determination of the sensitivity
is the intrinsic background, namely the unresolved pile-up spectrum. This is created
if two events happen in one detector in a time interval ∆t that is smaller than the
finite time resolution of the detector. In this case the two events, with energies E1

and E2, are evaluated by the detector as a single event with an energy E ≈ E1 +E2.
The relative contribution of the pile-up spectrum is given by the activity of the
single detector A multiplied with the minimum time difference, for which two events
can be distinguished from one another. This time interval can be identified with the
rise time of the detector signal τ0. Based on that the pile-up fraction:

fpp := Aτ0 (2.34)

can be defined. The pile-up spectrum is described by the convolution of the main
spectrum with itself. Figure 2.4 shows the pile-up spectrum together with the sum
of pile-up and main spectrum of the 163Ho electron capture, assuming an end-point
of QEC = 2.8 keV and a pile-up fraction of fpp = 10−5. With these parameters
the fraction of events in the last 10 eV below the end-point is nearly equal with
6 × 10−10 of the events in the main spectrum and 5 × 10−10 of the events in the
pile-up spectrum.

Fortunately the influence of the pile-up spectrum can be estimated from knowing
the single detector activity A and the detector rise time τ0. Secondly an independent
way is provided by the pile-up spectrum itself. By measuring and fitting the pile-up
spectrum above the end-point, especially the peaks in the pile-up spectrum around
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Figure 2.5 The statistical sensitivity of a 163Ho
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E ≈ 4 keV, also the influence around the QEC value can be estimated.

Apart from the intrinsic background also the external background needs to be
considered. This can be created from radioactive contaminants in the detector
materials, especially in the embedded source. Secondly also sources outside of the
detector can cause background, either from contaminants in surrounding materials
or induced by cosmic rays. As long as the external background level is much lower
than the intrinsic pile-up spectrum this will have no immediate effect. In case the two
background source have comparable levels in the end-point region, the background
will also degrade the statistical sensitivity.

In [Gal12] and [Nuc14] a set of dedicated Monte-Carlo simulations is conducted
to assess the statistical sensitivity on the electron neutrino mass with 163Ho. Their
results will be outlined in the following. The presented simulations are assumed to
be free of background.

The overall sensitivity roughly scales with N−1/4
ev in the shown range. Apart from

the difference between QEC = 2.2 keV and QEC = 2.4 keV, the statistical sensitivity
is quite similar for the end-point energies QEC ≥ 2.4 keV. Nonetheless the necessary
number of events to reach the same statistical sensitivity is always at least a factor
of 2 larger for QEC ≥ 2.8 keV compared to QEC ≥ 2.6 keV.

It can be concluded that in order to reach a statistical sensitivity of m(νe) <

10 eV (90% C.L.) a maximum of Nev = 1010 events are necessary and to reach
m(νe) < 1 eV (90% C.L.) a maximum of Nev = 1014 will be needed.

For a next generation neutrino mass experiment based on 163Ho the aim is to
reach a statistical sensitivity of at least m(νe) < 1 eV (90% C.L.). Therefore the
impact of the parameters influencing the statistical sensitivity will be analyzed for
a total statistics of Nev = 1014.
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Figure 2.6 The impact of the energy resolu-
tion ∆EFWHM on the statistical sensitivity on the
neutrino mass m(νe) is shown for different pile-
up fractions fpp. An end-point energy QEC =

2.6 keV and a total statistics of Nev = 1014 are
assumed. Data reproduced from [Nuc14].

The influence of both the energy resolution ∆EFWHM and the pile-up fraction fpp

is shown in figure 2.6 for a fixed value of QEC = 2.6 keV. The following conclusions
can be drawn, which can be applied for all QEC-values: The impact of the energy
resolution is small for ∆EFWHM < 10 eV and the pile-up fraction fpp should be as low
as possible. The total acquisition time will make a tradeoff on the pile-up fraction
necessary.

Considering a reasonable acquisition time of T = 3 y ≈ 108 s and a total of 10000
detectors, an activity per detector of A = 100 Bq is necessary to reach Nev = 1014.
With a rise time of τ0 = 100 ns a pile-up fraction of fpp = 10−5 is reached and with
an energy resolution of ∆EFWHM ≤ 10 eV, a statistical sensitivity of approximately
m(νe) < 0.7 eV (90% C.L.) can be achieved.

Assuming an end-point of QEC = 2.8 keV for this hypothetical experiment the
number of counts in the intrinsic pile-up spectrum in the last ∆E = 10 eV be-
low the end-point is Nev,pp ≈ 50 000. To reach the same number of background
events in a flat, energy independent background spectrum a background of b ≈
0.5 counts/keV/day/detector needs to be reached. For example in the MIBETA ex-
periment (see chapter 2.4.3) a constant background of b ≈ 0.15 counts/keV/day/detector

below E < 20 keV has been observed [Sis04]. While the MIBETA background can
not directly be applied to a 163Ho experiment, because of the different detector ge-
ometries and the different sources, it shows that the required background level is
actually achievable.
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3. Experimental preparation and implementation

3.1 Cryogenic detectors for 163Ho electron capture spectrom-
etry

Figure 3.1 The schematic of a
metallic magnetic calorimeter for
calorimetric measurements. It
shows the absorber with the em-
bedded radioactive source, closely
connected to the Au:Er sensor,
which in turn is weakly connected
to the thermal bath. The sensor is
positioned in a weak magnetic field
B and is surrounded by a super-
conducting loop connected to the
read-out SQUID.

One of the first major challenges in a 163Ho neutrino mass experiment is actually
to measure the decay energy below E < 3 keV with a resolution of ∆EFWHM <

10 eV. This is simply not possible with classical semiconductor detectors, which
show resolutions on the order of ∆EFWHM ≈ 100 eV. Thermal detectors operated
at mK temperatures have on the other hand shown their capability to fulfill the
requirements of a 163Ho experiment.

These cryogenic detectors are based on the calorimetric principle, which means
that they measure a rise in temperature ∆T proportional to the deposited energy
∆E:

∆T ≈ ∆E

Ctot

, (3.1)

with the total heat capacity Ctot of the detector. After the initial temperature rise
the detector slowly relaxes back to the temperature of the thermal bath, with a

37



38 3. Experimental preparation and implementation

relaxation time τ1 defined by the weak thermal link G:

τ1 ≈
Ctot

G
. (3.2)

Several different extremely sensitive “thermometers” have been under develop-
ment to read-out the rise in temperature. The most established ones are semicon-
ductor thermistors [McC05a], superconducting transition-edge sensors (TES) [Irw05]
and metallic magnetic calorimeters [Fle05]. All of these detector types have shown
energy resolutions ∆EFWHM < 10 eV for energies below E < 10 keV and are suited
for the application in a 163Ho neutrino mass experiment.

The second task is to make sure that the measurement of the 163Ho electron
capture is calorimetric. This means that all released energy –independent of release
channel– is measured in the detector. This can be achieved, if the decaying material
is embedded into the detector and surrounded by enough absorber material that
the absorption efficiency is as close to 100 % as reasonably possible. To reach an
absorption efficiency of at least P = 0.999 for all decay channels at least seven times
the attenuation length λ of the least stopped de-excitation should be used. For gold
absorbers, which are commonly used with cryogenic detectors, the least stopped
radiation for energies below E < 3 keV are photons with energies just below the
M5-edge of gold with an energy of EM5 = 2205.7 eV [Hub04]. These photons show
an attenuation length of λ = 0.56µm.

A particle absorber suitable for this task will therefore consist e.g. of a planar
first absorber layer made of approximately h = 5µm of gold on which the source
material is deposited on a slightly reduced area. The absorber is then finished by a
second absorber layer of the same dimensions as the first one and the source material
is therefore surrounded by absorber material in all dimensions forming a so-called
4π geometry.

This work is based on metallic magnetic calorimeters (MMCs), which will be de-
scribed in more detail in the following. A schematic of a metallic magnetic calorime-
ter for a calorimetric measurement is shown in figure 3.1. The thermometer used
to read-out the rise in temperature is a paramagnetic alloy made of gold and a few
hundred ppm of the rare earth erbium, positioned in a weak magnetic field of order
B ∼ mT, which polarizes the spins in the sensor material. Operated at tempera-
tures below T < 100 mK, Au:Er shows a very strong change of magnetization with
temperature ∂M/∂T , which is in turn read-out by a closed superconducting pick-up
loop in close contact to the sensor material. The change of magnetization causes
a change of flux in the superconducting loop and the resulting eddy currents are
read-out by a Superconducting Quantum Interference Device (SQUID), that is in-
ductively coupled to the pick-up loop. The resulting flux signal ∆ΦS in the SQUID
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is still proportional to the incident energy:

∆ΦS ∝
∂M

∂T
∆T ≈ ∂M

∂T

∆E

Ctot

. (3.3)

MMCs can be reliably and reproducibly fabricated by micro-fabrication tech-
niques and have successfully shown energy resolutions as low as ∆EFWHM =

1.6 eV [Kra13] and rise times as low as τ0 = 90 ns [Fle09] in their main appli-
cation field of soft X-ray spectroscopy. Similar performance can be expected for
calorimetric electron capture spectroscopy.

The detector design used for the measurements presented within this work is
described in chapter 3.4. More general information on metallic magnetic calorimeters
can be found e.g. in [Fle05, Fle09]. The detailed understanding of the sensor material
Au:Er has been heavily pushed forward in [Sch00, Fle03a, Fle05] and is summarized
in the appendix A.

3.2 Read-out geometry

If

Figure 3.2 Schematic of the read-out geometry
with meander shaped pick-up coils. The magnetic
field as generated by the field generating current
If is indicated.

The magnetization of the Au:Er sensor is detected as a change of flux in a suitable
superconducting pick-up coil. Several approaches to measure the magnetization of
the Au:Er sensor are discussed in [Fle05, Fle09]. The current working horse for
micro-fabricated MMCs are meander-shaped pick-up coils as shown in figure 3.2.

The two pick-up coils are connected in parallel with opposite winding, forming
a first order gradiometer, that is insensitive to changes in external magnetic fields.
The input coil to the read-out SQUID is connected in parallel to the two meanders
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as shown in figure 3.2. The Au:Er sensor material is deposited on top of the meander
structures with a height of about one third of the pitch p of the meander structure,
which was found to be the optimal height in numerical optimizations [Fle05, Fle09].

Au:Er can be deposited on one or both of the meanders. If only one meander is
covered the detector is sensitive to absolute temperature changes and the magnetiza-
tion of the sensor material can be measured to characterize the detector. By covering
both meanders the magnetization signal of one sensor compensates the signal of the
second sensor for a common temperature change. This makes the operation gen-
erally more stable and doubles the detection area at the cost of slightly increased
noise, since the noise of both sensors couples incoherently into the common read-out
SQUID.

3.2.1 Field generating persistent current

The meander structure can not only be used to pick-up the change in magnetization,
but also to generate the magnetic field, that polarizes the sensor material. This is
carried out by running a persistent current If of several mA through the coils as
indicated in figure 3.2.

The setup for the preparation of the field current If is shown in figure 3.3. For
this task an additional path is added to the meander, that is in close contact to
a resistive heater, which acts as persistent current switch. The procedure is the
following: first the field generating current If is injected into the field current leads
as shown in figure 3.3 (a). Due to Kirchhoff’s circuit laws for superconducting
circuits the current is divided according to the inductances of the possible paths,
therefore most of the current passes through the short path to the heater. In the next
step, shown in figure 3.3 (b), a current is also injected into the heater. The power
dissipated by the current in the resistance is enough to drive its close environment

Lh

Lm Lm

If If Ih

If’

Φ Φ

(a) (b) (c)

Figure 3.3 The schematic of the injection of a persistent current into a meander-shaped
pick-up coil. The different steps are explained in the text.
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to T > Tc, where Tc is the superconducting transition temperature of the meander
material, and the part close to the heater becomes normal-conducting.

This opens the superconducting loop and will lead the field current If to run
through the still superconducting meander structures. In the pick-up coil the current
will create the magnetic flux Φ, that can now enter the loop. Once the heater is
switched off, the path close to the heater will become superconducting again, as seen
in figure 3.3 (c). The flux Φ is now conserved in the closed superconducting loop
and the external current source can be switched off. The flux Φ leads to a persistent
current of

I ′f = If
2Lm

2Lm + Lh

. (3.4)

with the inductances of the meanders Lm and of the heater path Lh. Usually Lh �
Lm and therefore the assumption of I ′f ≈ If is valid.

The created field is an inhomogeneous multi-pole field of high order. This has
the advantage that the magnetic field and the coupling strength drop rapidly with
distance to the meander structures and reduces magnetic crosstalk between neigh-
boring detectors. It also allows to have magnetic impurities in close-by structures,
that are e.g. introduced into the absorber by ion-implantation (see chapter 3.5.1
and 4.1.2), without disturbing the detector signal.

3.3 SQUID read-out

To measure the change of flux in the pick-up coil after an incident energy deposition
in an MMC, SQUIDs can be used, that transform the flux change into a change of
voltage, that can be easily recorded. The fundamental physics of SQUIDs exceeds
the scope of this work and can be found elsewhere, e.g. in [Cla06], and the following
remarks will be limited to a phenomenological description and will focus mainly on
the use of dc-SQUIDs in combination with MMCs and the read-out as it was used
for the experiments conducted in this work.

dc-SQUIDs, as shown in the schematic in figure 3.4 (a), consist of a supercon-
ducting loop, that is interrupted by two weak links, so-called Josephson junctions,
which are mostly made of a thin layer (thickness ∼ nm) of a metal oxide between
two superconducting leads. This combination allows the use of an elaborate combi-
nation of the Josephson effect and the macroscopic wave function that can be used
to describe the coherent motion of Cooper pairs in a superconductor. The first con-
sequence of the coherent motion is the flux quantization in closed superconducting
loops to integer multiples of the magnetic flux quantum Φ0 = h/2e ≈ 2.07 Wb.
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Figure 3.4 (a) Schematic of a SQUID (b) I − U characteristics for the extreme flux states
Φ = nΦ0 and Φ = (n+ 1/2)Φ0 (c) The Φ−U characteristics for a bias current of Ib = 31µA

As predicted in [Jos62], Cooper-pairs can tunnel through a Josephson junction
up to a critical current Ic without any voltage drop. Once Ic is exceeded the super-
current of Ic still flows but the excess current is carried by tunneling quasiparticles
–electrons from broken Cooper-pairs– and a voltage drop is created across the junc-
tion. Additionally the wave function describing the Cooper pair motion will exhibit
a phase shift δ when crossing the junction.

Maximum supercurrent The maximal supercurrent I through the device with
two identical weak links A and B, which both show a critical current Ic, can maxi-
mally reach I = 2 Ic, but is also limited by the phase shift at each junction δa and
δb:

I = Ic(sin δa + sin δb) = 2Ic cos

(
δa − δb

2

)
sin

(
δa + δb

2

)
. (3.5)

Additionally the circular current or screening current Is of the device needs to
fulfill the condition of magnetic flux quantization, even though flux quanta can enter
or leave the loop through the weak links. Based on this fact a condition on the phase
difference (δa − δb) can be calculated by integrating the vector potential A over a
closed path s through the SQUID loop:

(δa − δb) =
2e

~

∮
A ds =

2eΦ

~
= π

Φ

Φ0

. (3.6)

Here, Φ is the magnetic flux through the SQUID loop. Inserting equation (3.6) into
equation (3.5) results in:

I = 2Ic sin

(
δa + δb

2

)
cos

(
π

Φ

Φ0

)
:= Imax cos

(
π

Φ

Φ0

)
, (3.7)
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and by defining the maximum supercurrent Imax := 2Ic sin (δa + δb/2), a convenient
expression for the flux dependence of I can be found. The phase angle (δa + δb) will
also vary the amplitude of I with changing magnetic field, but with much weaker
impact than the phase difference (δa−δb) and can be neglected for small flux changes
of a few Φ0. Since the flux dependence shows an interference pattern, this effect is
called “Quantum Interference”.

Normal SQUID operation Under normal operating conditions one is interested
in a flux dependent voltage drop across the SQUID, which is generated by biasing the
SQUID with a current Ib ≥ Imax. The SQUID will always be in a resistive operating
mode and a voltage drop will occur due to quasiparticle tunneling. Assuming a
constant normal conducting resistance Rsq for the SQUID the following voltage
drop can be deduced:

U(Φ) = Rsq

(
Ib − Imax cos

(
π

Φ

Φ0

))
. (3.8)

This simple representation easily illustrates the basic principle of a SQUID and
shows estimates of the general behavior. A major factor that is not covered by this
model is hysteresis, which can be avoided by connecting a correctly dimensioned
shunt resistor in parallel to each junction, as already present in the schematic of
figure 3.4 (a). Apart from that, figure 3.4 (b) also shows the Ib − U characteristic
for the extreme flux states of Φ = nΦ0 and Φ = (n+ 1/2)Φ0, and figure 3.4 (c) the
Φ− U characteristic for usual operation conditions of Ib ≥ Imax, which resembles a
sinusoidal curve as expected from equation (3.8).

3.3.1 SQUID linearization

While the SQUID itself enables very sensitive flux measurements the Φ−U charac-
teristic unfortunately is highly non-linear and can only be assumed to be linear in a
flux range of approximately ∆Φ ≈ Φ0/4 and to accurately detect larger flux changes
a linearization scheme is necessary. Commonly a feedback circuit, also known as
flux locked loop (FLL) circuit, is used for linearization.

The idea is that the SQUID is always kept at the same flux level, or the same
working point, and the feedback signal that is necessary to achieve the compensation
is used as a measure of the flux change ∆Φ in the SQUID loop.

The voltage across the SQUID is measured with a differential amplifier and com-
pared to a preset voltage Ub, which defines the working point, and is usually chosen
to be at a point with the largest voltage per flux change ∂U/∂Φ. The output of
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the differential amplifier is fed into a voltage integrator, whose output signal Uout is
fed to a feedback resistor Rfb and transformed into a current signal Ifb = Uout/Rfb.
This current is sent to an additional feedback coil closely coupled to the SQUID,
where it creates the compensating flux ∆Φfb. The output voltage of the integrator
Uout can be used as the output signal, since it is proportional to the feedback flux,
according to ∆Φfb = MfbUout/R = −∆Φ, with the mutual inductance Mfb between
feedback coil and SQUID.

3.3.2 2-stage SQUID setup

+

-
∆Φ1

∆Φ
2

Ib1 

Rg

Ιb2

UbMfb

U2

M12

Rfb

Uout

IntegratorAmpli�er

U1  

front-end SQUID ampli�er 
SQUID array

∫

Figure 3.5 Schematic of a two stage SQUID setup including the flux locked loop circuit for
linearization of the front-end SQUID.

The FLL electronics is operated at room temperature and even the best room
temperature amplifiers can not compete with the unprecedented sensitivity of SQUIDs
and the achievable noise level will be limited by the room temperature circuitry. To
avoid this limitation a low-noise cryogenic pre-amplifier, e.g. also a SQUID or a
SQUID series array, can be used.

In this scheme, shown in figure 3.5, the flux signal ∆Φ1 of the first stage SQUID,
often also called detector or front-end SQUID, creates a voltage signal ∆U1 and
is transformed into a current signal ∆I1 = ∆U1/Rg with a gain resistor Rg. This
current flows into the input coil of a second stage or amplifier SQUID, where a flux
signal ∆Φ2 = M12 ∆I1 is created. Here, M12 is the mutual inductance between the
amplifier SQUID loop and the corresponding input coil.

Even though a flux-to-flux amplification of GΦ = ∆Φ1/∆Φ2 ≈ 1 is normally
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achieved in setups as used within this work, a lot can be gained from this scheme,
especially when using SQUID series arrays as amplifiers.

SQUID series arrays consists of n virtually identical SQUIDs connected in series.
For amplifier SQUID arrays normally used for MMC read-out, the number can be
n = 14 or n = 16. If all SQUIDs are biased at the same working point and are
exposed to the same flux, which is usually achieved with a common input coil, the
array acts as a single SQUID but with a larger voltage swing Upp, which scales with
n, while the input signal couples coherently into the n SQUIDs, the noise of the
single SQUIDs is added incoherently, which means that the total noise of the array
only scales with

√
n.

The 2-stage SQUID setup can be optimized so that the total flux noise is domi-
nated by the flux noise of the front-end SQUID, which couples coherently into the
SQUIDs of the array. In fact due to the larger voltage output of the array, the rela-
tive impact of the voltage noise of the room temperature electronics can be decreased
down to a negligible level.

3.4 Detector prototype for the 163Ho electron capture spec-
troscopy

The aim of the detector design was to already fulfill the demands of a large scale
neutrino mass experiment on the single detector level. These demands are an energy
resolution ∆EFWHM < 10 eV, in the energy range below E < 3 keV, and a detector
rise time on the order of τ0 ≈ 100 ns, as for typical MMC designs.

The second aspect entering the design considerations is the 163Ho source. The
163Ho should be in atomic form inside of the gold absorbers, to prevent degrad-
ing effects due to chemical bonds of the 163Ho atoms, and ion-implantation was
considered for the deposition. The possibility of an ion-implantation in an online
process at the ISOLDE1 facility at CERN2 was considered, which will be described
in the following chapter 3.5. For this process the detector is exposed to an ion-beam
with a diameter of approximately d ≈ 2 mm. This gives the area, where the de-
tectors can be located. Once the 163Ho atoms have been implanted, an additional
absorber layer needs to be added to the detector in order to create the 4π-geometry
for the calorimetric measurement. All processes needed for the fabrication of the
detectors should be compatible with the thin film micro-fabrication capabilities at
the Kirchhoff-Institute for Physics of Heidelberg University, where this work was

1Isotope Separator On-Line Device
2Conseil Européen pour la Recherche Nucléaire – European Organization for Nuclear Research

in Geneva, Switzerland
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h1h2f1 f2

SQ1
SQ2

100 µm

Figure 3.6 The top view on the center part of the detector design is shown with the four virtually
identical detectors rotated around the center (left). In this way the active area of the detectors is
confined on a small space allowing an efficient implantation. Additionally a SEM picture of the
center part of a chip processed up to the first absorber layer is shown (right).

conducted.

Using all these requirements, the design of the first prototype of an MMC for
the calorimetric measurement of the 163Ho electron capture spectrum was devel-
oped [vS09].

A schematic of the design is shown in figure 3.6 together with a scanning electron
microscope (SEM) picture of the center part of the detector chip. The detector is
fabricated on a silicon substrate and each chip covers an area of 5 mm× 5 mm. The
chip contains 4 virtually identical detectors rotated around the center of the sub-
strate. This geometry was chosen to have a simultaneous ion-implantation without
changing the focus point of the ion-beam.

The single detector consists of 8 thin film layers as shown in the blow-up cartoon
in figure 3.7. The first layer made of 400 nm niobium contains the superconducting
meander-shaped pickup-coil with a stripe width of w = 2.5µm and a pitch of p =

5µm, and most of the electronic circuitry. Afterwards the outer surface of the
niobium is electrochemically oxidized to form ∼ 30 nm Nb2O5 and covered with
200 nm SiOx as an insulation layer (not shown in figure 3.7) and only small areas
are left open for electrical contacts. The third layer is made of 75 nm Au:Pd and
acts as resistive heater for the persistent current switch, that is used to prepare
the field generating persistent current in the meander-shaped pickup-coil. As fourth
layer once again 700 nm thick niobium is used to provide further electrical contacts
between separated elements of the first niobium layer, so-called vias, and to contact
the persistent current switch. Next, as a fifth layer, 200 nm of gold are deposited,
which is used to thermally contact the detector and adjust the thermal relaxation
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Ho implanted area
Absorber bottom
Au:Er sensor

Figure 3.7 The blow-up cartoon of
a single detector. The different layers
can be seen, first the read-out struc-
tures, namely the first Nb layer (black)
making up most of the superconducting
circuity including the meander shaped
pick-up coil, the Au:Pd heater in yellow
contacted by the two lead label “h1” and
“h2”, and the second Nb layer (grey).
Afterwards follow the “active’ parts of
the detector, namely the thermalization
lead (thin yellow stripe) and the detec-
tor stack made of Au:Er (orange), the
first absorber layer (yellow), the ion-
implanted source area (red) and the sec-
ond absorber layer (again yellow).

time. This is followed by 190µm × 190µm × 1.3µm of the sensor material Au:Er
above one of the meander wings of the pick-up coil. On top of the sensor, contacted
over the full sensor area, is the first 185µm × 185µm × 5µm gold absorber layer,
which is ion-implanted at ISOLDE/CERN on a slightly reduced 160µm × 160µm

area. This ion-implanted area was covered with a ∼ 100nm of gold about three
months after the implantation still at CERN to enclose the radioactive material.
After the detector was brought back the second 185µm×185µm×5µm gold absorber
layer was added.

The thin films of the detector structures are deposited by sputter deposition,
apart from the first gold absorber layer, which is fabricated by electroplating. For de-
tails on the deposition techniques and the equipment used in the Kirchhoff-Institute
for Physics, the reader is referred e.g. to [Pie12a]. The structuring is done in photo-
lithographic processes, as e.g. described in [Pie08, Pab08].

The detector parameters are optimally balanced for an operating temperature of
T = 30 mK, with the chosen geometry of the pick-up coil and an erbium concentra-
tion in the sensor of C = 255 ppm, and the gold thermalization structure is adjusted
to allow a thermal relaxation time of τ1 = 3 ms at T = 30 mK.

In combination with a state of the art dc-SQUID for the read-out and considering
the known noise contributions and thermodynamic properties, the single detector
should reach an energy resolution of ∆EFWHM ≈ 2 eV.
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3.5 Ion-implantation at ISOLDE

After the detector chip has been processed to the first absorber layer the embedding
of the 163Ho needs to take place. After the restricted area of 160µm×160µm (shown
in red in figure 3.7) had been defined by photoresist the chip was brought to the
ISOLDE facility at CERN, where the embedding by ion-implantation took place.

The Isotope Separator On Line DEvice or short ISOLDE is embedded into the
particle accelerator complex at CERN and uses the ISOL-technique (Isotope Sep-
aration On-Line) to produce ion-beams of radioactive and exotic nuclei. In the
following a short introduction to the functioning principle and the capabilities of
the ISOLDE facility is given, while a detailed description of both the technical and
the physical aspects can e.g. be found in [FW00].

The facility was established in 1967 and in 1992 moved to a different location to be
connected to the Proton Synchrotron Booster (PSB), that delivers 1.4 GeV protons
to the ISOLDE facilities. ISOLDE contains two distinct target and ion source setups
that are named after the mass separators connect to the targets, namely the General
Purpose Separator (GPS) and the High-Resolution Separator (HRS). While the two
mass separators differ in resolution and versatility, the basic functionality is the
same.

The protons are guided into targets made of materials containing heavy nuclei,
e.g. uranium carbide or tungsten, that are kept at elevated temperatures around
T = 2000 ◦C. The energetic protons will be stopped in the target material and
create lighter nuclei by spallation, fission or fragmentation reactions. Stimulated
by the elevated temperatures the created nuclei can diffuse out of the bulk target
material and are led into an ion-source, where the nuclides are ionized, either by hot
surface, hot plasma or resonant laser ionization. The ionization chamber is held at an
elevated voltage between U = 30 . . . 60 kV and the created ions are accelerated and
led to electro-magnet systems, where the ions are separated by their mass and led on
to the experimental beam line. This mass-separator setup is where the two target
stations are different. The HRS uses a more elaborate setup with two separator
magnets and reaches a mass resolving power on the order of ∼ 5000, while the GPS
with a single magnet reaches a resolving power on the order of ∼ 1000, but it allows
to lead the lighter and heavier ions to two additional separate beam lines, where
they can be used for additional experiments.

The mass separation allows only to select one isobaric family of nuclides, but the
other parameters, like the target material, the target operating temperature, the
proton energy or the ionization technique, allow to influence the element composition
of the final ion-beam. And in this way the ISOLDE facility is able to provide
quite pure ion-beams of approximately 70 elements and about 700 different isotopes.
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These ions are used either by the eight permanently installed experiments or at
different beam lines, that can be equipped with temporary experiments, typically
lasting about a week.

3.5.1 163Ho implantation and element composition
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Figure 3.8 The γ-ray measurement of the ion-
implanted sample shortly after the irradiation.
Most of the observed lines can be identified with
the main contaminants 147Eu and 147Gd. The γ-
lines of these two elements are shown as vertical
lines at the line energy, while the height gives the
relative amplitudes.

For the production of 163Ho a solid tantalum target at approximately T = 1000 K

was used at the GPS beam line of the ISOLDE facility. Surface ionization was
used to extract the atoms from the target and the 163Ho+ ions were led onto the
detector with a beam current of Iion = 75 pA, which corresponds to approximately
nion = 5 × 108 ions per second and the irradiation lasted for about ∆t = 40 min. .
Therefore approximately nion, tot = 1012 ions were implanted into the detector setup,
while only a fraction of these ions were directly implanted into the detectors because
of the restricted area of the detector surface. Assuming an ion-beam diameter of
2 mm with a homogeneous profile and the implantation area of a single detector of
160µm×160µm, a total of ntot, det = 1010 ions are expected in each detector, which
roughly corresponds to an activity of A = 0.1 Bq for 163Ho. Only a fraction of the
implanted ions is actually 163Ho. In fact, while selecting the mass of m = 163 u, all
isobaric ions as well as isobaric molecules present in the beam are selected. Within
m = 163 u, the only stable nuclide is 163Dy. 163Hois the only one with a longer
half-life, all other nuclides have half-lifes shorter than T1/2 < 1.8 h.

Therefore, a few days after the implantation, the atoms with mass m = 163 u

will only be 163Dy and 163Ho. The species that can be implanted as molecules are
most likely in the form of oxides 147X16O, but also fluorides 144X19F or more compli-
cated molecules like dioxides 131X16O2 can be expected. To analyze the radioactive
contaminations, the γ-rays from the the implanted detector chip were measured
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with a germanium detector shortly after the implantation and the result of this
measurement is shown in figure 3.8.

The most prominent radioactive isotopes identified in the γ-ray measurement
are 147Gd, which decays through electron capture with a half-life of T1/2 = 38.06 h

to 147Eu. 147Eu was also identified and decays with a half-life of T1/2 = 24.1 d

through electron capture to the quasi-stable 147Sm, which decays through α-decay
with a half-life of T1/2 = 1.06 × 1011 y. Since the first measurement with the im-
planted detector was performed approximately one year after the implantation took
place, none of the mentioned contaminations will show a significant activity that
will have a negative impact on the measurement. Secondly the number of atoms
of the contaminating elements can be estimated from the observed activity of the
γ-ray measurement, which results in a relative amount of ncont/ntot ≈ 10−3, which
means that the total number of implanted ions is not even significantly influenced
by these contaminations.

Another contaminant that was not identified by the γ-ray measurement, but
in the calorimetric measurements is 144Pm, which was implanted as 144Pm19F+.
With the half-life of T1/2 = 363 d of 144Pm and the decays observed in the cryogenic
measurements one can estimate that about n144Pm ≈ 2×106 atoms were present after
the implantation in every detector, which is also a relative amount of nPm/ntot ≤
10−3 and therefore also not significant on the total number of implanted atoms.

Within m = 147 u and m = 144 u are other isotopes with half-lifes large enough
to be still present during the calorimetric measurements, namely 147Pm with a half-
life of T1/2 = 2.62 y and 144Ce with a half-life of T1/2 = 284 d. Since both of these
are β-decaying nuclides they emit very small amounts of γ-rays and would not be
detectable in the germanium detector. But they will most likely also be present with
relative contributions on the order of n/ntot = 10−3, similar to the other molecular
contaminants, and have no impact on the total ion number.

Therefore, besides the small amounts of identified radioactive contaminants, the
implanted atoms are all 163Ho and the stable 163Dy.

3.6 Experimental setup

After the ion-implantation took place and the second absorber layer was added to
the detectors, the chip was glued into a dedicated experimental setup. The setup
described here was used in run 3 and run 4 (see beginning of chapter 4), while the
setup for run 1 and run 2 can be found in [vS09]. The main feature of the setup
used for run 3 and run 4 was the possibility to read-out all four channels present on
the chip.
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Figure 3.9 Overview over the experimental setup. (a) Schematic side-view (b) Photograph
of the setup (c) Zoom into the central region showing the detector and SQUID chips

Only two detectors were measured in the final experiments, since the other two
were not working. The magnetization signal of the two detectors was read-out using
a 2-stage SQUID configuration. The detector SQUID and the amplifier SQUID array
with 14 single SQUIDs were fabricated on the same chip. The chip for the complete
2-stage read-out is called C6X114W and has been produced at the Physikalisch
Technische Bundesanstalt (PTB), Berlin, Germany.

The experimental setup is shown in figure 3.9 and is build onto an 18 mm×80 mm

experimental holder made of solid copper 1○. The holder was additionally structured
to have an elevated 23 mm × 16 mm platform. The detector 2○ and SQUID chips
3○ were glued to this platform with GE 7031 varnish. The chips are surrounded by
PTFE based circuit board CuFlon3 4○+ 5○, that provides the electrical connections
for the read-out. The circuit board is glued with Stycast 2850 FT4 to the elevated
platform, while the remaining part of the circuit board is left flexible to allow bending
due to the different coefficients of thermal expansion of the base material PTFE and
the plating material copper.

To avoid electrical contact between the circuit board and the lower level of the
experimental holder the surface of the holder is covered with Kapton foil.

3by Polyflon Company, One Willard Road, Norwalk, CT 06851, USA, URL
http://www.polyflon.com

4by Emerson&Cuming, part of Henkel Corporation, 15350 Barranca Parkway, Irvine, CA 92618
USA, URL http://www.henkel.com

http://www.polyflon.com
http://www.henkel.com
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The front circuit board 4○ is directly equipped with connectors 7○, while the
connections to the rear circuit board 5○ are made with NbTi wires soldered to the
circuit board. These wires are led in a groove below the circuit board to the front
to have all connectors 8○ combined on one side. The electrical connection from
the circuit board to the chips and from the SQUIDs to the detector chip are made
with wedge bonded 25µm aluminum wires 10○. At the usual operating temperature
around T = 30 mK the aluminum wire bonds are far below the critical temperature
of Tc ≈ 1.2 K and can establish superconducting connections.

Additionally both the detectors and the SQUIDs are thermally connected with
wedge bonded 25µm gold wires 11○ to large copper areas on the circuit boards to
enhance the thermal contact to the experimental platform.

For the measurements with an external calibration source (run 3) a collimator
6○ was added. It consists of a 2 mm wide copper bridge with a hole in the middle,
having a diameter of d = 1 mm. An additional ∼ 100µm thick gold foil, having a
hole with a diameter of d ≈ 100µm, was glued to the bridge towards the detector to
reduce the collimation hole. This tiny hole is positioned above one of the detectors
to make sure that the radiation from the external source only hits the one detector.

The whole setup is then placed in shielding 9○ to shield the setup from time
varying magnetic fields. The shield was made out of ∼ 1 mm thick welded lead, that
is also superconducting a the operating temperature. To achieve the best possible
magnetic shielding the lead shield is only open to the front side of the setup and
the detector and SQUID chips are as far inside the shield as possible. For the
measurements with the external source a d ≈ 2 mm hole was drilled into the lead
shield above the detectors. To not compromise the magnetic shielding due to the
hole a l ≈ 2.5 cm long welded lead cylinder with a diameter of d ≈ 2 mm was soldered
on top of the hole as indicated in figure 3.9 (a).

3.7 55Fe X-ray calibration source

For the detector characterization and the energy calibration of the measured spectra
an external 55Fe X-ray calibration source was used. 55Fe decays via electron capture
to 55Mn with a half-life of T1/2 = 2.73 y. About 28.4% of the decays will end up
emitting X-rays from the K-shell, which are divided into transitions to the L- and
the M -shell. 89.5% of the radiative K-transitions are to the L-shell under emission
of a Kα X-ray with an energy of EKα = 5.895 keV, while the remaining 10.5% go
to the M -shell under emission of a Kβ X-ray with an energy of EKβ = 6.490 keV.
Both the Kα- and the Kβ-lines show fine structure splitting due to the transitions
to the sub-levels of the L- and M -shells, which has been characterized with a high-
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resolution crystal spectrometer in [Höl97].

The remaining 71.6% of the decays result either in radiative transitions from
the L-shell or de-excitations via Auger electrons, which are usually absorbed in the
source housing and are of no interest for the calibration.

In case of the used 55Fe calibration source5, the source material is electroplated
to the face of a copper cylinder, that is positioned in a vacuum tight stainless steel
housing with a diameter of d ≈ 8 mm and a height of h ≈ 5 mm. The side facing the
55Fe is welded shut with a 250µm thick beryllium X-ray window. In this way the
source material is completely enclosed and no source material can exit the housing
and contaminate the surrounding. Secondly the X-ray window allows photons with
an energy of E = 6 keV to pass with a probability of p = 89.0 %, while electrons
and L-transition X-rays are stopped with p ≈ 100 %. Therefore only the highest
energetic Kα and Kβ X-rays can leave the source and can be used for calibration.

The source was delivered in late 2008 with an initial activity of A = 40 MBq and
by the time the measurements of this work took place in late 2012, the total activity
had reduced to A ≈ 9 MBq.

3.8 Room temperature electronics and data acquisition

The room temperature read-out starts with the flux locked loop circuit for the
SQUID linearization. This part is taken over by the XXF-16 SQUID electronics,
that contains the electronics for the SQUID operation, the FLL circuit and a pre-
amplifier. The output voltage signal is then separated into two signal chains, that are
individually amplified and band-pass filtered with SR5607 low-noise pre-amplifiers.

One signal chain is used as the trigger signal that is strongly high-pass filtered,
e.g. with a cut-off frequency of f0 = 100 Hz, and low-pass filtered, e.g. with a cut-off
frequency of f0 = 10 kHz. When no thermal pulses are present the resulting signal
is centered around U = 0 V. The noise level is very small, so that it is easier to
identify the rising slope corresponding to the starting of a thermal pulse. A trigger
voltage can be set very close to the noise level to acquire the pulses from very small
energies, or can be set to higher voltages, if only larger pulses are of interest.

In the second signal chain the voltage signal is recorded as undisturbed as possible.

5by QSA Global Inc., 40 North Avenue, Burlington, MA 01803, USA URL
http://www.qsa-global.com

6by Magnicon GmbH, Barkhausenweg 11, 22339 Hamburg, Germany URL
http://www.magnicon.com

7by Stanford Research Systems Inc., 1290-D Reamwood Avenue, Sunnyvale, CA 94089, USA
URL http://www.thinksrs.com

http://www.qsa-global.com
http://www.magnicon.com
http://www.thinksrs.com
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This means that it is only low-pass filtered to fulfill the Nyquist-Shannon theorem
to avoid aliasing effects.

Two different high-speed digitizers with 12 bit resolution, namely a CompuS-
cope SAC-8012A/PCI card and a CompuScope SAC-12100 card8 were used for the
digitization. Usually a time-window with ∼ 20 ms length was recorded with 16384
individual data points. The first quarter of the time-window recorded the signal
before the start of the actual event. This part contains information about the de-
tector temperature because of the sensor magnetization and can be used to correct
the signal amplitudes, as will be described in chapter 4.2.2.

Additionally one time-window, where the preset trigger level was not exceeded,
after each five triggered signals was recorded. These so-called baselines allow to
calculate the noise spectrum of the device by discrete Fourier transform. These can
be used for noise analysis.

3.9 Digital data analysis

The previously described data acquisition system allows to measure the voltage
signal, that corresponds to an energy input. The algorithm to extract the energy
information from the voltage signal can strongly influence the achieved resolution.
An established algorithm that shows very good results and can be implemented at
moderate computational cost is the optimal or matched filter algorithm. A general
introduction to this algorithm can e.g. be found in [McC05b], while a detailed
discussion with a focus on metallic magnetic calorimeters is given in [Fle03a].

The algorithm is based on the idea to find a weighting filter function, that can be
convolved with every single event in time domain, that uses the optimal signal-to-
noise ratio (SNR), as determined in frequency space. To calculate the filter function
an average of several similar single events is taken to form a pattern event, which
is then transformed into frequency space via discrete Fourier transform. The same
procedure is applied to several baselines, that are measured alongside the triggered
signals, which are first Fourier transformed and then averaged in frequency space.

The Fourier transform of the pattern event is then divided by the baseline Fourier
transform, which gives the signal-to-noise ratio in the frequency domain. By trans-
forming the SNR back into the time domain the filter function is determined.

The maximum of the curve created by convolving the filter function with an event
is a measure for the incident energy of the event.

8both systems by GaGe Applied Technologies, part of DynamicSignals LLC, 900 N. State Street,
Lockport, IL 60441, USA URL http://www.gage-applied.com

http://www.gage-applied.com


4. Experimental results

The experimental results discussed in the following were all obtained with the detec-
tor described in chapter 3.4. Mostly the one detector, that was ion-implanted at the
ISOLDE-CERN facility as described in chapter 3.5, was used. Measurements with
this detector were taken in four different experiments using different setups that are
summarized in table 4.1.

The first run in August 2010 aimed to understand the detector behavior after
the implantation took place. Only one of the four detector channels was read-out.
The detector was characterized with a weak external 55Fe with about 6 × 10−4 cps

in the detector. The second run in November 2010 used the same setup but aimed
for a characterization at different temperatures allowing for a better understanding
of the thermodynamic properties of the detector. This run also involved a longer
spectrum measurement over the course of three days.

For run 3 between September and December 2012 the experiment was entirely
redesigned as described in chapter 3.6 to allow the read-out of all four channels
on the detector chip. Only two channels were working and were measured in the
experiment. With this measurement we could precisely calibrate the spectrum with
an external 55Fe source with a rate of 5.5 × 10−3 cps collimated on one of the two
detectors. Additionally a “high statistics” spectrum with about 40 000 events in the
final 163Ho electron capture spectrum was acquired, over the course of several month
of continuous measurement.

Run 4 had the goal to lower the background level and to improve the low energy
threshold. The setup was modified as will be described in 4.2.6. And a different

Start date ∆t Ch # SQUID(s) External source
Run 1 08/2010 8 h 2 C4X1W+C5X16W 55Fe (weak)
Run 2 11/2010 40 h 2 C4X1W+C5X16W 55Fe (weak)
Run 3 09/2012 45 d 2, 4 C6X114W 55Fe
Run 4 06/2013 21 d 2, 4 C6X114W none

Table 4.1 Overview over the 4 runs of measurement with the ion-implanted detector chip. The
start date, the longest spectrum measurement ∆t, as well as the numbers of read-out channels,
the used SQUIDs and the used external calibration source are quoted. The purpose and a brief
overview of the obtained results of the different runs is given in the text.
All used SQUIDs are fabricated by the Physikalisch Technische Bundesanstalt (PTB), Berlin and
are described in [Dru07] or are similar to the devices therein.

55



56 4. Experimental results

data acquisition system was used as will also be discussed in chapter 4.2.6. This
modified setup was successfully used over the course of about 2 months, acquiring
a second “high-statistics” spectrum with about 20 000 events.

4.1 Detector characterization

As described in the appendix A.4 the thermodynamic properties of metallic magnetic
calorimeters are very well understood and can be accurately simulated. Therefore
a first test is to check if the thermodynamic properties have been influenced by
the implantation process. This was done by both a comparison to the numerical
calculations as well as to the performance of a second detector1 having the same
detector design, that did not undergo the implantation process.

The second non-implanted detector was only processed to the first absorber layer.
This difference was taken into account while comparing the properties of both de-
tectors. The characterization of this detector was done in [vS09]. Part of the data
have been reanalyzed and are reproduced in this work.

4.1.1 Coupling

To be able to correctly interpret the SQUID signal following an event in the detector
it is important to understand the coupling of the magnetization signal of the sensor
material Au:Er to the SQUID. While the amplitude of the magnetization signal is
mostly influenced by the distribution and magnitude of the applied magnetic field,
the coupling is given by the involved inductances. These are the inductances of
the double meander of the detector, the inductance of the SQUID input coil and
a stray inductance, that is mostly created by the aluminum wire bonds connecting
detector and SQUID input coil. While the inductances can be simulated e.g. by
finite element methods the experimentally determined inductances are mostly larger
by roughly a factor of 2 compared to the simulations.

The flux coupling kΦ for a gradiometric double meander to a SQUID input coil,
as shown in the inset of figure 4.1, is given by:

kΦ =
Mis

Lm + 2 (Li + Lw)
, (4.1)

with the inductance of a single meander Lm and of the SQUID input coil Li, the
mutual inductance Mis between input coil and SQUID, as well as an additional

1Called the “non-implanted detector” in the following
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stray inductance Lw dominated by the connecting aluminum bonding wires between
detector and SQUID chip.

The input and mutual inductances of both of the used SQUID chips (see table 4.1)
are specified by the manufacturer to be:

Li = 1.8 nH (4.2)

M−1
is = 5.7

µA

Φ0

, (4.3)

with the magnetic flux quantum Φ0 = h/2e ≈ 2.07× 10−15 Wb.

The total inductance connected to the SQUID can be measured while the alu-
minum wire bonds are still normal conducting (T > Tc, Al = 1.175 K) and act as
white noise sources according to the fluctuation-dissipation theorem [Joh28, Nyq28]
with the spectral density of the current fluctuations of:

SI =
〈I2〉
∆f

=
4kBT

R
(4.4)

over the bandwidth ∆f with the Boltzmann constant kB ≈ 1.38 × 10−23 J/K, the
temperature T and the normal state resistance R.

The resistance R of the wires combined with the total inductance Ltot of the
circuit forms an LR-circuit acting as a low-pass filter with the characteristic cut-off
frequency of:

f0 =
R

2π Ltot

. (4.5)

Figure 4.1 shows an exemplary flux noise spectrum measured with channel 4 prior
to run 3 in a liquid helium storage dewar at T = 4.2 K. For frequencies lower than
f < 105 Hz the noise is white with a level given by eq. (4.4). The intermediate
frequencies up to f ≈ 3 × 106 Hz are dominated by the low-pass with the cut-off
frequency f0 given by eq. (4.5). At high frequencies larger than f > 3× 106 Hz the
white noise contribution of the SQUID SΦ, SQ starts to influence the spectrum and
leads to the second cut-off, that is caused by the finite SQUID bandwidth. The total
spectrum can be described by:

SΦ(f) = M2
is SI(f) = M2

is

4kBT

R

1(
1− f

f0

) + SΦ, SQ . (4.6)

Fitting the data with least-square fit algorithm finds
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Figure 4.1 The measured spectral
flux density in the SQUID for detec-
tor channel 4 before run 3. The data
is shown in black while the fit with
the parameters quoted in the graphic
is shown by the red dashed line. The
inset shows the schematic setup of the
measurement.

Ltot = 4.4 nH and (4.7)
R = 5.0 mΩ (4.8)

and by using Kirchhoff’s circuit laws on the setup (shown schematically in the inset
of figure 4.1) one finds:

Ltot = Li + Lw +
Lm

2
. (4.9)

The stray inductance caused by the aluminum bonding wires was empirically found
to be

Lw ≈ 0.15R
nH

mΩ
= 0.75 nH , (4.10)

which lets us determine the meander inductance to be

Lm = 3.7 nH , (4.11)

compared to the simulated value of Lm = 2.0 nH this is significantly larger. The
cause of the disagreement has not been found, but possible explanations are fab-
rication imperfections and the simplified geometry used in the simulations. For
larger meander structures, as e.g. described in [Pie12a], the discrepancy becomes
negligible.
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Finally the coupling (eq. (4.1)) can be calculated to be

kΦ = 0.041 . (4.12)

This characterization measurement was performed for every experiment prior to
the cryogenic measurements and is already incorporated into the following analysis.

4.1.2 Magnetization
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Figure 4.2 Magnetization data (solid lines) for the non-implanted detector (left) and channel 2
of the ion-implanted one (right) in comparison to simulated magnetization data (dashed lines) at
different field generating currents If plotted against the inverse temperature. Deviations between
data and simulation are caused by external magnetic fields at high temperatures (low T−1), while
at low temperatures (high T−1) thermal decoupling from the thermal bath causes the smaller
signal.

The magnetization measurement of the sensor material Au:Er is the temperature
calibration for the used detectors and is therefore important for understanding the
detector signal. Throughout the following chapters the magnetization changes are
given in magnetic flux change in the front-end SQUID.

The experimental curves are compared to expected curves calculated using the
properties of Au:Er255 ppm, whose erbium ion concentration has previously been
measured on residual material from the micro-fabrication with a commercial MPMS
XL52 magnetometer. Other parameters entering the calculated curves are the ge-
ometry of the meander and sensor as well as the injected field current, which allows
the calculation of the magnetic field.

2by Quantum Design Inc., 6325 Lusk Boulevard, San Diego, CA 92121-3733, USA URL
https://www.qdusa.com

https://www.qdusa.com


60 4. Experimental results

More specific to this particular setup is the test of the magnetic influence of the
implanted 163Ho. Holmium atoms carry a magnetic moment and should show similar
behavior to the Er ions in the sensor material of metallic magnetic calorimeters. This
includes a magnetization signal in a weak magnetic field, that should show up in a
magnetization measurement. This effect is described for the case of Er in Au in the
appendix in chapter A.1. Additionally other isobaric nuclides or molecules, possibly
with much stronger magnetic moments, can have been implanted together with the
163Ho, as discussed in chapter 3.5.

The magnetization is measured by monitoring the SQUID signal and the temper-
ature of the experimental platform while the temperature is slowly changed, both
cooling and heating is possible. This allows the experiment itself to thermalize with
the experimental platform. Figure 4.2 shows the measured magnetization both of
the non-implanted detector (left) and of the ion-implanted detector (right) plot-
ted against the inverse temperature T−1, with the matching simulated data curves,
clearly showing the expected quasi-linear Curie’s law behavior (see appendix A.2).
As can be seen, the measured data matches the simulation very well, except for
small deviations at extreme temperatures.

The deviations at high temperatures (small T−1) for the non-implanted detector
(left plot) are caused by an external magnetic field from the adiabatic demagnetiza-
tion refrigerator in combination with imperfect magnetic shielding. The deviations
at low temperatures (large T−1) are caused by thermal decoupling of the experi-
ment. This is due to the power dissipation of the used front-end SQUIDs, that can
be reduced by good thermal coupling between the thermal bath to both the SQUIDs
and the detectors, but cannot be avoided entirely.

A particular case is the curve shown from run 4 in figure 4.3. In run 3 and 4
chips with both front-end SQUID and amplifier series SQUID array integrated on
the same chip are used, which causes the power dissipation close to the detector to
be strongly increased and the experiment strongly decouples from the thermal bath.

Based on the simulated magnetization data, the detector temperature in com-
parison to the bath temperature can be calculated as shown in figure 4.4 for run 4.
As can be seen for the lowest bath temperatures around T = 20 mK, the detector
temperature got as low as T = 29 mK which is still low enough and around the
optimal operation temperature for metallic magnetic calorimeters.

Ultimately no deviation, both between simulated and measured data and between
the non- and the ion-implanted detector can be found, that can not be explained.
That leads to the conclusion that the implantation process of 163Ho and other lan-
thanoids in the absorber have no impact on the magnetization signal on the available
accuracy level. This conclusion can be motivated due to large distance from the me-
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Figure 4.3 A magnetization measurement
from channel 2, run 4 with If = 30 mK. At low
temperatures the data strongly deviates from the
calculation. This is due to the power dissipation
of the nearby read-out SQUIDs, that keeps the
detector temperature elevated compared to the
thermal bath.
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Figure 4.4 Temperature correction curve for
the magnetization measurement of channel 2, run
4 of the ion-implanted detector shown in fig-
ure 4.3. The detector temperature starts decou-
pling from the thermal bath around T = 80 mK

and reaches Td = 29 mK for the lowest bath tem-
perature of Tb = 20 mK.

ander shaped pick-up coil to the implantation area, which was about d = 6.3µm,
where the coupling to the pick-up coil is down to 0.03 compared to the average cou-
pling in the Au:Er sensor volume. This is due to the fact that the meander geometry
is optimized for the Au:Er sensor thickness of hAu:Er = 1.3µm. Nonetheless it is
satisfactory to have careful design decisions verified in experimental data.

4.1.3 Pulse shape

The signal shape of a metallic magnetic calorimeter is given by the point spread
function, or the detector answer to a point-like excitation, and the signal amplitude.

In case of calorimetric detectors the signal amplitude is a rise in temperature

∆T ≈ E

Ctot

, (4.13)

depending on the incident energy E and the total heat capacity Ctot. For an MMC
this temperature rise creates a flux signal in the SQUID of:

∆ΦS = kΦ
∂M

∂T
∆T ≈ kΦ

∂M

∂T

E

Ctot

(4.14)
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with the change of magnetization with temperature ∂M/∂T , that is determined in
the magnetization measurement.

With the magnetization and the coupling already known, only the heat capacity
needs to be calculated to theoretically describe the signal amplitude. The specific
heat per volume can be divided into three contributions:

• The electronic contribution ce of sensor and absorber material,

• the phononic contribution cph of sensor and absorber material and

• the spin contribution of the paramagnetic ions in the sensor material, also
called Zeeman-system, cZ.

At temperatures much lower than the Debye temperature T � ΘD (ΘD = 164 K

for gold) this adds up to:

ctot = γT︸︷︷︸
electronic

+
12π4

5
R

(
T

ΘD

)3

︸ ︷︷ ︸
phononic

+cZ (4.15)

with the Sommerfeld coefficient γ (γ = 0.729 mJ/mol K2 for bulk gold) and the
ideal gas constant R ≈ 8.31 J/mol K. The phonon contribution is usually negligibly
small at the operating temperatures T < 100 mK, while the Zeeman contribution
cZ needs to be numerically calculated for the specific case, depending on Er ion
concentration, temperature and applied magnetic field, as described in A.4. The
properties of bulk Au:Er can be described very well by numerical calculations. The
thermodynamic properties of thin film Au and Au:Er on the other hand can differ
from bulk properties due to defects generated in the production process.

In figure 4.5 the theoretical signal amplitudes per unit energy (dashed lines) are
compared to experimental data (dots) for the non-implanted detector (left) and the
ion-implanted one (right). It can clearly be seen, that data and simulation do not
match. By adding a temperature and magnetic field independent heat capacity
the experimental data and the simulations (solid lines) can be matched for both
detectors. This discrepancy has been seen in many other detectors. An empirical
description of this effect has already been discussed in [Fle09]. The additional heat
capacity needed to reproduce the data can be attributed to sputter deposited gold
films in the detector. The microscopic origin of this heat capacity is not known, but
likely candidates are defects in the material introduced in the deposition process.

The contribution has been found to be larger in the sputtered Au:Er sensor
material with values up to cadd = 10 J/K m3, while in sputtered pure gold films the
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Figure 4.5 The measured normalized signal heights for the non-implanted detector (left) with
If = 30 mA (black) and If = 60 mA (green) and for the ion-implanted detector (right) with
If = 37 mA. Also the expectations from simulation based on the detector geometry are given
(dashed lines), but an excess heat capacity needs to be added to properly reproduce the measured
data, as discussed in the text.

contribution can be as low as cadd = 2 J/K m3. In order to reduce the additional
heat capacity in the detectors a technique to electroplate the gold absorbers was
developed. This leads to a better structural quality of the film. No technique has
been found to decrease the value of the specific heat of the Au:Er sensor to the
literature value.

The non-implanted detector shows an additional heat capacity of Cadd = 0.5 pJ/K.
This can be interpreted only as contribution in the sensor, since the absorber, which
consists of only the first 5µm gold layer is electro-deposited. The ion-implanted
detector on the other hand shows an additional Cadd = 0.8 pJ/K in total. Apart
from the Cadd = 0.5 pJ/K in the Au:Er sensor an extra Cadd = 0.3 pJ/K can be
found in the sputter deposited second absorber layer.

Therefore no significant increase of heat capacity can be observed that can be
attributed to lattice defects caused by the implantation or to magnetic moments of
the implanted ions.

The rise of the pulse shape of an MMCs is ultimately limited by the electron-spin
interaction in the sensor material Au:Er, also called the Korringa relation giving a
time constant of

τ0 = (1− β)
κ

T
, (4.16)

with the relative heat capacity of the Zeeman-system β = CZ/Ctot and the Korringa
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M1- and N1-lines of the 163Ho electron capture,
at E = 2.040 keV and E = 0.411 keV respectively,
showing the signal rise. The rise is fitted (shown
in red) with two summed exponential functions.
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Figure 4.7 Distribution of the dominating rise
time τ0 for the M1-line of the 163Ho electron cap-
ture. While about half of the events show a rise
time of τ0 = (90±12) ns, that represent the events
going down into the first electro-plated absorber
layer, the second half shows τ0 = (210 ± 20) ns,
which represent the events going up into the sec-
ond sputter-deposited absorber layer.

constant κ. For Au:Er κ was determined in ESR measurements at T = 1 K to be
κ = 7× 10−9 Ks [Sjø75]. For a usual operation temperature of T = 30 mK and with
the usual goal of β = 0.5 this gives τ0 ≈ 110 ns. In experiments rise times as low as
τ0 = 90 ns have been observed [Fle09] (see also appendix A.5).

The case of the ion-implanted detector is described in the following. For the
usual operating conditions of T = 30 mK and If = 30 mA the parameters are CZ =

1.14 pJ/K and Ce = 1.53 pJ/K, which gives β = 0.43 and τ0 ≈ 130 ns. Rise times as
low as τ0 = 80 ns have been observed and are shown in figure 4.6 for the N1- andM1-
line of the 163Ho electron capture, at E = 0.411 keV and E = 2.040 keV, respectively.
But the rise times are distributed over a wider range, as shown in figure 4.7 for the
163Ho M1-line. The distribution shows two distinct peaks, one with a faster rise
time of τ0 = (90 ± 12) ns and one with a slower and wider distributed rise time of
τ0 = (210± 20) ns. Both peaks show approximately the same number of events.

A possible explanation for the different rise times is the following: The faster
rising pulses can be attributed to events going down into the first absorber layer
from the implanted source, while the events going up into the sputter deposited
second absorber layer show the slower rise. After the ion-implantation took place
the source area was directly covered with a thin d ≈ 100 nm gold layer to enclose
the source material. The surface was not cleaned previous to the gold deposition,
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Figure 4.8 The signal shapes normalized in energy for the non-implanted detector with If =

30 mA (left) and the ion-implanted one with If = 37 mA (right) at several temperatures in the
usual operation range below T < 100 mK. Roughly comparable signals are given in the same color,
but due to the different field generating currents, different coupling and differences in fabrication
of the two detectors the comparison should be done cautiously.

in order to keep the implanted area unaffected. This might have resulted in bad
contact between the lower absorber part and the deposited gold layer. Afterwards
the second absorber layer is added with the usual cleaning steps to enable good
contact to the newly deposited layer. Therefore the heat deposited in the upper
absorber layer might need to diffuse to the border of the absorber, where the top
and bottom absorber layer meet with no additional layer in between. The lateral
diffusion in sputtered gold layers of the absorber dimensions can take times on the
order of td ≈ 100 ns, which matches the observed rise time difference.

Figure 4.8 shows the pulse shape on a milli-second time-scale for the non-implanted
detector (left) with a field generating persistent current of If = 30 mA and the
ion-implanted detector (right) with If = 37 mA at several temperatures below
T = 100 mK.

As describe in chapter 3.1, the decay of an event is given by the thermal relaxation
time through the weak thermal link Geb to the thermal bath temperature given by:

τ1 ≈
Ctot

Geb

. (4.17)

This well describes he general shape of the events shown in figure 4.8. One obvious
exception is pulse at T = 22 mK in the ion-implanted detector shown in the right
plot, that loses approximately 20 % of its signal amplitude in the first ∆t ≈ 0.5 ms

before going into a much slower relaxation with a decay constant of τ ≈ 15 ms. This
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relaxation is caused by the heat flow into an additional heat capacity caused by the
hyperfine splitting of the host gold nuclei due to the crystal field distortions in the
vicinity of the embedded Er-ions. This additional decay time can be observed in all
MMCs based on Au:Er, and shows a time constant of τ ≈ 200µs [Ens00] (see also
appendix A.5).

The decay time constants of the two detectors differ due to the heat capacity
added with the second absorber layer of the implanted detector as well as its weaker
thermal link caused by differences in the fabrication of the two detectors, adding up
to about a factor of two in the final relaxation time.

4.1.4 Noise

The energy resolution of the detector is defined by the signal-to-noise ratio. There-
fore the understanding of the noise plays an important role for optimizing the detec-
tor performance. Metallic magnetic calorimeters show a number of intrinsic noise
sources that will be summarized in the following.

The most intrinsic one is the thermodynamic energy fluctuation noise. For this
issue the detector can be modeled as a canonical ensemble with two distinct subsys-
tems, the electronic system Ce and the Zeeman system CZ, as shown in figure 4.9.
These are connected to each other through a thermal link GeZ while the electronic
system is connected to the thermal bath via the thermal link Geb. These two systems
will in turn exchange energy between them and with the thermal bath. According
to the fluctuation-dissipation theorem, the white power spectral density is given by

SPeb/eZ
= 4kBT

2Geb/eZ , (4.18)

respectively for eb and eZ.

To calculate the spectral density of the energy fluctuations in the Zeeman-system,
which is the measured variable, a set of two coupled differential equations can be

Ce CZ

Thermal bath T0

GeZ

PeZ

Peb
Geb

Figure 4.9 Thermodynamic model of a metallic
magnetic calorimeter as a canonical ensemble with two
subsystems.
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solved (for details see e.g. [Fle05]) and transformed into frequency space. Assum-
ing incoherence between the two contributing noise sources, the resulting power
spectrum is:

SEZ
(f) = kBCZT

2

(
(1− β)

4τ0

1 + (2πfτ0)2
+ β

4τ1

1 + (2πfτ1)2

)
, (4.19)

in the relevant cases of CZ ' Ce and τ0 � τ1. The integral
∫∞

0
SEZ

df = kBCZT
2

corresponds to the energy fluctuations of a canonical ensemble with heat capacity
CZ at temperature T , while the frequency evolution is determined by the two time
constants τ0/1 of the detector system (see the previous section 4.1.3).

A second noise contribution that is intrinsic to metallic magnetic calorimeters
is caused by the erbium ions present in the sensor material. It was empirically
determined to show a spectral noise density of

SEr(f) ' 0.1
µ2

B

f η
(4.20)

per Er ion, with the Bohr magneton µB and the exponent η of the frequency de-
pendence taking values between 0.8 . . . 1. Recent investigations have shown that
the noise contribution is caused by the fluctuations in the AC-susceptibility of the
sensor material Au:Er [Hof12, Wiß13] (see also appendix A.5.1).

Non-intrinsic but still not avoidable is the read-out noise in the detector system.
This is dominated by the flux noise of the front-end SQUID. SQUID noise consists
of two independent contributions. A white spectral noise contribution with a typ-
ical level for the utilized SQUIDs of SΦ ≤ (0.5)2 µΦ2

0/Hz that corresponds to the
fluctuation noise of the shunt resistors in parallel to the Josephson junctions. The
second contribution shows a frequency dependency of SΦ ∝ f−α, where α usually
takes values around and below 1 and was found for well performing devices to be
around α = 0.6 [Dru11], but is not well understood. This noise is usually charac-
terized by giving the value at 1 Hz. For the newest SQUID generation the noise
level was found to be SΦ(1 Hz) ≈ (2 . . . 4)2 µΦ2

0/Hz. The contribution of the room
temperature electronics can be suppressed e.g. in a two-stage SQUID setup with a
SQUID series array as an amplifier. This read-out scheme was used for the presented
measurements and is described in chapter 3.3.2.

Another possible noise contribution is related to random thermal motion of the
conduction electrons both in the sensor and the experimental holder. This leads
to fluctuating B-fields, which can couple into the detector pick-up coil or into the
SQUID loop. Due to the chosen geometries in SQUID and detector, which reduce
the magnetic field coupling to small volumes around the coil, these contributions
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Figure 4.10 The measured flux noise
of channel 2 in run 4 of the ion-
implanted detector at Td = 29 mK with
If = 30 mA. The different indepen-
dent contributions, that are described
in the text, are shown in dotted lines as
well as the summed predicted noise as a
dashed line. To describe the measured
spectrum an excess contribution needs
to be added, that can be explained by
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were found to be negligibly small and are not considered in the description of the
measured noise spectrum.

Figure 4.10 shows the measured
√
SΦ power density from detector channel 2 in

run 4. The contributions are calculated with the following settings:

√
SΦ, SQ, white = 0.23

µΦ0√
Hz

√
SΦ, SQ, 1/f (1 Hz) = 7

µΦ0√
Hz

η = α = 0.95 ,

while the other parameters are determined from the numerical simulations consid-
ering the adjustments, e.g. the additional heat capacity in sputtered gold films,
discussed in the previous sections.

Apart from single peaks due to external noise sources, e.g. the mains hum, the
spectrum is very well reproduced by the calculation for higher frequencies f > 300 Hz

but at lower frequencies the measurement shows excess noise with a plateau of√
SΦ ≈ 22µΦ0/

√
Hz and a cut-off frequency of f2 ≈ 8 Hz. To match the data an

additional noise contribution of

√
SΦ, extra = 19

µΦ0√
Hz
× 1

1 +
(
f
f2

)2 (4.21)
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needs to be added incoherently to the calculated spectrum. The origin of this ex-
cess noise is not precisely known, but similar effects have been observed earlier
in [Sch12, Pie12a] and additional temperature fluctuations of the detector or the
whole detector chip could cause this behavior. In the previously reported cases
the cut-off corresponded to the thermal decay time of the detector, which in this
measurement was determined to τ1 ' 4.5 ms. In contrast to this observation the
time constant to match the measured spectrum is longer with τ2 = 1/2πf2 ≈ 20 ms.
Similar decay times have been observed in substrate events, which will be discussed
in chapter 4.2.1.

This would mean that the substrate of the chip itself is not perfectly coupled to
the thermal bath but the temperature fluctuates with a cut-off time constant of τ2.
From the additional contribution also the amplitude of the temperature fluctuations
can be calculated to

√
ST, extra =

(
∂Φ

∂T

)−1√
SΦ, extra = 0.8

µK√
Hz

. (4.22)

For the origin of the temperature fluctuations two different causes come to mind.
First are the implanted sources of the detector-pixels that are not read-out dur-
ing the measurement. The frequent decays in these sources could easily cause the
substrate temperature to fluctuate. Even though the non-operational pixels have
been removed prior to run 4, the removal might not have been complete and some
residual source material is left on the chip and could cause the temperature fluc-
tuations. Against this hypothesis can be argued that higher energetic decays of
this kind should be observable as thermal crosstalk, which will also be discussed in
chapter 4.2.1.

The second possible reason is the stability of the SQUID operation. As already
discussed in chapter 4.1.2 the SQUIDs significantly heated the detector chip. While
the SQUIDs were usually operated in a way, that the detector temperature did not
exceed Td = 30 mK, temperatures of Td = 50 mK were easily reached with different
SQUID tuning. With that in mind one can picture that statistical fluctuation of the
SQUID tuning can cause temperature fluctuations on this level.

4.1.5 Detector response and energy calibration

In order to extract the detector response function and to precisely calibrate the
energy scale of the acquired spectra, an external 55Fe source has been used in the
experimental runs 1, 2 and 3.
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Detector response

The detector response is extracted from the analysis of the Kα-line of the 55Fe
electron capture. The histogram of the Kα-line is fitted with a function given by
the convolution of the natural line shape [Höl97] with the function describing the
detecor response given by a normalized Gaussian:

g(x) =
1

σ
√

2π
exp

(
−1

2

(
x− µ
σ

)2
)

, (4.23)

with the expected value µ and the variance σ = ∆E/2
√

2 ln(2). In some cases a
modification is necessary to the Gaussian detector response. This is to describe the
effect, that in the energy down-conversion process after an initial energetic particle is
stopped, high-energetic, athermal phonons are created, that have a finite probability
to travel through the whole detector into the substrate without interacting in the
detector after their creation, and are therefore lost for the energy determination.
These energy losses, visible as low energetic “tails” in the line-shape, can empiri-
cally be described by adding an exponentially modified Gaussian to the Gaussian
response:

g(x) = ag
1

σ
√

2π
exp

(
−1

2

(
x− µ
σ

)2
)

+ (4.24)

(1− ag)
λ

2
exp

(
λ

2

(
2µ+ λσ2 + 2x

))
erfc

(
µ+ λσ2 + x√

2

)
,

with the relative amplitude of the normal Gaussian ag, the exponential decay rate
λ and the complementary error function erfc(x) = 1− erf(x) = 2√

π

∫∞
x

exp(−t2)dt.

Figure 4.11 shows the Kα-line measured with the non-implanted detector (left)
as measured at T = 30 mK with If = 30 mA and the ion-implanted detector (right),
also measured at T = 30 mK with If = 30 mA. For the non-implanted detector the
exponentially modified Gaussian (equation (4.24)), with ∆EFWHM = 7.0 eV, was
used in the convolution to describe the low energetic tails, while the ion-implanted
detector with its twice as thick absorber was sufficiently described by the normal
Gaussian (equation (4.23)), with ∆EFWHM = 7.3 eV. The energy loss problem was
cured by the thicker absorbers, limiting the X-ray interaction to the top 5µm of the
absorber. In general to reduce the phonon loss, a reduction of contact area between
absorber and sensor layer through the introduction of stems can be used [Sch12].
This approach will be used in the next detector generation for the spectroscopy of
the 163Ho electron capture as described in chapter 5.3.1.
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Figure 4.11 The measured Kα-line of the 55Fe electron capture measured with the non-
implanted detector (left) and the ion-implanted detector (right). Both spectra were take at
T ≈ 30 mK with If = 30 mA. The fit (in magenta) is determined by convolving the natural
line shape after [Höl97] with eq. (4.24) (left) and with eq. (4.23) (right). In the left plot also the
convolution with eq. (4.23) is shown as a dotted line for comparison.

A second way to assess the energy resolution is to use baselines. By using the
same optimal filtering algorithm, as described in chapter 3.9, that is normally used
for triggered signals, on baselines, the algorithm will assign an amplitude value to
the baseline. The resulting distribution around zero energy is the most direct access
to the detector response in the limit of small signals, that ideally should not change
towards higher energies.

Figure 4.12 shows these baseline spectra for the two detectors acquired in parallel
to the 55Fe spectra shown in figure 4.11. Both spectra a well described with a Gaus-
sian after equation (4.23) with ∆EFWHM = 4.9 eV for the non-implanted detector
and ∆EFWHM = 6.4 eV for the ion-implanted one.

Comparing the two results for the non-implanted detector a significant differ-
ence between the baseline resolution of ∆EFWHM, base = 4.9 eV and for the Kα of
∆EFWHM, Kα = 7.0 eV can be seen. This discrepancy can be explained by insuf-
ficient temperature stability of the cryostat on the seconds to minutes range that
influences the amplitude of the energetic signals, since it slightly changes the heat
capacity and the magnetization change ∂M/∂T .

The difference for the ion-implanted detector from a baseline resolution of
∆EFWHM, base = 6.4 eV to a resolution in the spectrum of ∆EFWHM, Kα = 7.3 eV

shows that the experimental factors were under better control, but still deteriorated
the energy resolution by a small amount.

Considering the experimental conditions present during the measurements and
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Figure 4.12 The baseline spectra of the non-implanted detector (left) and the ion-implanted one
(right). The spectra are both well described by a Gaussian (magenta colored curve) with a half-
width of ∆EFWHM = 4.9 eV for the non-implanted detector, while for the ion-implanted detector
a half-width of ∆EFWHM = 6.4 eV is observed.

including the excess noise and the additional heat capacity discussed in previous
sections, the expected energy resolution can be calculated. The expected energy
resolution for the non-implanted detector is ∆EFWHM = 4.6 eV and for the ion-
implanted one ∆EFWHM = 6.0 eV, which agree well with the experimentally observed
baseline resolutions.

Non-linearity

In order to calibrate the spectrum the Kα- and the Kβ-lines as provided from the
55Fe source are used. The observed line positions are not strictly linear compared
to their literature values, that are given in [Höl97].

This small non-linear contribution to the signal amplitude is expected because of
the temperature dependence of both the heat capacity and the magnetization change
of the detector, as first described in [Lin07]. It is also shown there that the energy
dependence of the signal amplitude can be very well described by a polynomial of
second order:

δΦ ' ∂Φ

∂E
δE +

∂2Φ

∂E2
δE2 . (4.25)

The result of the non-linearity analysis is shown in figure 4.13. It shows the
literature values of the energy on the abscissa compared to the measured signal
amplitude (left), respectively the experimentally observed energy (right), on the
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Figure 4.13 The relative signal am-
plitude of the Kα- and Kβ-lines of the
55Fe electron capture plotted against
their literature energy values. A little
quadratic deviation from a linear de-
tector behavior (indicated by the black
line) can be seen and is shown in the
lower part of the plot. In the en-
ergy range of the 163Ho electron cap-
ture spectrum below E < 3 keV the
non-linearity contribution is less than
∆A < 0.5 %.

ordinate. A small deviation of the fitted red curve from a perfectly linear behavior,
shown in the black straight line, can be observed. The deviation from the linear
behavior is shown in the lower part of figure 4.13 and is roughly ∆A = 1 % around
the calibration data at E = 6 keV and in the interesting region for the 163Ho electron
capture spectroscopy below E < 3 keV even smaller than ∆A = 0.5 %. By knowing
this behavior and an analytical description, the non-linearity contribution can easily
be corrected using the inverse function of eq. (4.25).

Long time stability

The last aspect concerning the detector behavior is the stability of the performance
during the measuring time. For an experiment for neutrino mass determination it is
necessary to run continuously for months up to several years to collect the required
statistics. Therefore it is beneficial if the detector system can run for long periods
of time without changing its performance or the need of extensive maintenance.

Channel 2 in run 3 will therefore be exemplarily analyzed under this aspect. The
total acquisition time was about tacq = 850 h (≈ 35 days) over the course of 45 days.
The dead time of the experiment was mainly due to failure of the data acquisition
system and cryostat maintenance. Of the tacq = 850 h approximately tlost = 90 h of
data were discarded because of worse than average detector performance. The re-
maining t∗acq = 760 h correspond to 18 single spectra with varying durations between
tspec = 10 . . . 100 h.
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Figure 4.14 The duration of the 18 indi-
vidual spectrum measurements of channel 2 in
run 3 plotted against the baseline resolution.
The average resolution, weighted by the dura-
tion of the measurement, of ∆EFWHM, base =

(6.4 ± 0.7) eV is also quoted and agrees very
well with the combined baseline spectrum that
is shown in figure 4.12 and shows a resolution of
∆EFWHM, base = 6.4 eV.

To monitor the detector performance the baseline resolution was used. Fig-
ure 4.14 shows the baseline resolution of the 18 single spectra with their individual
acquisition time given by the width of the shown bar. The average, weighted by
acquisition time, of

∆EFWHM, base = (6.4± 0.7) eV , (4.26)

is still varying, but well within the ∆EFWHM ≤ 10 eV, a limit set by statistical
analyses of the 163Ho electron capture spectrum (see chapter 2.4.4).

The efficiency of this measurement with about 2/3 of the time used for data ac-
quisition and 1/3 of time for maintenance or acquisition of eventually discarded data
can certainly be improved upon. Possible improvements include a dry dilution cryo-
stat, a data acquisition system optimized for these long measurement campaigns and
a “cleaner” environment, allowing long measurements without external disturbances,
that can for example create excess noise.

4.2 Spectrum analysis

4.2.1 Single channel spectrum extraction

All rare event searches, like 0νββ-experiments and dark matter searches, as well
as neutrino mass experiments require a perfect understanding of the background
sources to understand their data well and to not accidentally interpret a background
signal as true signal. While this is also true for the neutrino mass searches with
163Ho, the presented measurements also suffer from additional thermal signals that
are created outside of the detectors and need to be discriminated from the “real”
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substrate (red) and the thermal crosstalk from
an event that happened in a neighboring detector
(blue).

signals.

The different events can be roughly divided into three categories with exemplary
events shown in figure 4.15. The event types are described in the following for the
usual conditions of longer spectrum acquisitions, namely a field generating persistent
current of If = 30 mA and a detector temperature of Td ≈ 30 mK.

The events that are directly absorbed in the detector have a rise time around τ0 ≈
100 ns and a thermal relaxation with τ1 ≈ 5 ms as already described in chapter 4.1.3.
In figure 4.15 these events are indicated with a black line.

The second type of events is most likely due to particles, which interact in the
solid Si substrate. These events also show a quite fast rise time with τ0 ≈ 10µs with
a second rise with τ ∼ 1 ms that creates the “bump” visible in the “substrate event”
shown in figure 4.15 in red. The fast rise can be caused by athermal phonons,
while the second rise is created by thermal phonons. The decay of the substrate
events is partly with the same decay time as for the direct signals (τ ≈ 5 ms),
but they show a major contribution of a longer relaxation time (larger than τ >

10 ms), corresponding to the relaxation time causing the cut-off of the excess noise
as described in chapter 4.1.4.

The third event type is created if an event is absorbed in a neighboring detector
and while relaxing back to equilibrium some of the energy flows through the solid
substrate to the observed detector and creates a signal there. They show an am-
plitude on the order of 1 % of the event in the original detector, a rise time in the
millisecond range and a decay time comparable to the long relaxation time of the
substrate events (τ > 10 ms).

While the difference between the event types in figure 4.15 is obvious to the
naked eye, this might get more difficult for small amplitudes that are comparable



76 4. Experimental results

0.0 0.5 1.0 1.5
Amplitude A / a.u.

10-6

10-4

.01

1

χ2
/a

.u
.

1

10

100

C
ou

nt
s

/b
in







Figure 4.16 The density plot shows the amplitude plotted against the χ2-value of the
events, while the color shows the number of events for the amplitude-χ2 combination. The
direct events can be found below χ2 < 10−4 indicated with 1○, while the substrate events 2○
and thermal crosstalk 3○ events show larger χ2-values. The substrate events show a broad
band, while the thermal crosstalk events are subdivided into three families. Only in the region
of the amplitude A < 0.1 the discrimination between the different types fails based on the
χ2-value.

to the noise level. On the other hand one would like to have an objective way to
distinguish between them to automize the process. An established way to approach
this problem for temporally discretized signals with n samples is by using the χ2-
test. The test calculates the sum over the mean square deviation from each signal
sample Oi to the discretized detector response pi stretched by the amplitude A of
the signal:

χ2 =
n∑
i=0

(Oi − Api)2

Api
. (4.27)

The detector response is normally obtained from the average over a large number
of events from one mono-energetic spectral line. For figure 4.16 the events that
are associated with the M1-line of the 163Ho electron capture were used as average.
These events can be found around A = 1 with χ2 < 10−4 in the density plot of the
obtained χ2-values plotted against the signal amplitudes.

In figure 4.16 the direct events in the detector can be found with values of
χ2 < 10−4. At larger amplitudes this simple criterion seems very reliable, while
for amplitudes below A < 0.1 the other event types are interfering and no reliable
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discrimination is possible any more. Other properties of the events, e.g. the event
area or the rise time, can be used to refine this cut, but the low amplitude threshold
is not much improved. Therefore the data below the threshold A < 0.1 ≈ 0.2 keV

is discarded and no lower energetic events can be measured by using this technique,
that relies on the data of a single detector channel.

4.2.2 Spectrum combination
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Figure 4.17 The pre-trigger offset, that is tem-
perature sensitive because of the magnetization
change of the Au:Er sensor material, plotted
against the signal amplitude value of the 55FeKα-
line of a single spectrum measurement of channel
2 in run 3. A linear fit through the data, that
is shown by the red solid line, is used to correct
the amplitude values for the temperature depen-
dence.

As already described in chapter 4.1.5 the “high statistics” spectra are combined
data from several individual measurements. The procedure to combine the spectra
will be explained in the following.

Each individual spectrum is first fitted with its own average from the events
associated with the Kα-line of the 55Fe calibration source or, if no 55Fe source was
used, the M1-line of the 163Ho electron capture. The cut described in chapter 4.2.1
is applied. The amplitude of the pulse is rescaled taking into account a possible
temperature drift using the recorded pre-trigger samples (see chapter 3.8). For the
small temperature changes occurring during a measurement, the signal amplitude
can be approximated as linearly dependent on temperature as shown in figure 4.17
and corrected to a constant level.

Afterwards each spectrum is energy calibrated as described in chapter 4.1.5. In
experiments having the external 55Fe source the Kα- and Kβ-lines are used. If no
55Fe source was used the spectrum is calibrated using the L-lines from the 144Pm
electron capture and the M -lines from the 163Ho electron capture. In this case
the energy values, which are used for the calibration are the ones obtained by the
analysis of the spectrum calibrated with the 55Fe source. These energy values are
shown in table 4.2.
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4.2.3 Data analysis for run 3
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Figure 4.18 The combined spectrum measured with channel 2 and 4 in run 3 in the energy
range 0 keV < E < 8 keV. The spectrum includes the Kα- and Kβ-lines (magenta) from the
external 55Fe calibration source, the spectrum that results from the electron capture of 144Pm
(blue) and the electron capture spectrum of 163Ho (red).

The spectrum measured in run 3 is shown in figure 4.18. Structures due to
three different nuclides can be found in the spectrum. First, fitted in magenta,
are the calibration peaks from the 55Fe source with one line at E = 5.9 keV and
one at E = 6.5 keV. Fitted in blue, are the peaks from the electron capture of
144Pm decaying to 144Nd. As already discussed in chapter 3.5.1 the 144Pm was
ion-implanted together with 163Ho in the form of 144Pm19F+. In this energy range
the 144Pm decay spectrum shows three groups with three lines each, the L-lines
(L1, L2, L3) around 7 keV, the M -lines (M1, M2, M3) around 1.5 keV and the N -
lines (N1, N2, N3) around 0.3 keV. TheN -lines are not visible in figure 4.18, because
of their small amplitudes. Additionally the K-line of the spectrum around 40 keV

was also observed. The 144Pm decay spectrum will be discussed in the following
section 4.2.4. The third nuclide contributing to the spectrum is 163Ho with its
electron capture spectrum fitted in red.

In the following the different contributions of the measured spectrum will be
referred to by the name of the mother atom, namely 55Fe, 144Pm and 163Ho.

Table 4.2 shows the experimentally observed line positions of the 144Pm and
the 163Ho decay spectra as obtained from the 55Fe calibrated spectra compared
to the electron binding energies of the associated electron levels of the daughter
nuclides. All lines are observed at slightly lower energies compared to the binding
energies. This is due to the fact that the electron shell after the electron capture
has still the same structure as the shell of the mother atom without the captured
electron and needs to relax not only to the ground state, but also to the electron
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Element Line Elit [keV] Eexp [keV]
163Ho M1 2.0469 2.040
163Ho M2 1.8446 1.836
163Ho N1 0.4204 0.411
163Ho N2 0.3406 0.329
144Pm L1 7.1302 7.125
144Pm L2 6.7271 6.721
144Pm L3 6.2139 6.208
144Pm M1 1.5815 1.576
144Pm M2 1.4068 1.402
144Pm M3 1.3017 1.297

Table 4.2 The energies of the spectral
lines observed in the spectrum as measured
in channel 2 of run 3 obtained after calibrat-
ing the energy scale with the Kα and Kβ-
lines from the 55Fe source. The observed
values are compared to the binding energies
of the captured e− in the daughter atom as
determined in [Des03].

shell configuration of the daughter atom. For the X-rays of the radiative M1O2,3

transition this interaction energy shift has been found to be ∆E = 19 eV, which is
also in agreement with theoretical expectations [Spr85].

A precise description how the shell relaxation mechanism shifts the de-excitation
energy has to be calculated. The discussed measurement provides accurate values
for the middle energy of each peak. On the other hand, the measured de-excitation
energies might also be affected by solid state effects due to the embedding of the
163Ho nucleus in gold. Both these aspects will be investigated in future within the
ECHo experiment (see chapter 5).

4.2.4 Analysis of the 144Pm electron capture spectrum

144
61 Pm decays via electron capture or β+-decay into 144

60 Nd with a half-life of T1/2 =

360 d and an end-point of QEC = 2331.7 keV [Tul89]. The emitted γ-rays with ener-
gies larger than E > 300 keV are generally too high energetic to be stopped in the
detector and the resulting signals are too large to be resolved in the measurements.
The de-excitations following an electron capture on the other hand can be stopped
with a finite probability.

The observable energies for a capture from the corresponding electron shell are
given in table 4.3. The electron capture has the highest probability to be from the
1s electron (the K-level). For the K-line, the radiative de-excitations dominate,
while electronic transitions only account for approximately 8 %. In the radiative
transitions photons of an energy around E ≈ 40 keV are emitted, which have a
probability of about p = 25 % to be stopped in the absorber. The exact energy
values and absorption probabilities are also given in table 4.3. Auger-electrons and
the de-excitations of captures from higher levels can be detected with a probability
close to p = 100 %.
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Figure 4.19 Sections of the spectrum mea-
sured in run 1 showing the spectrum contribu-
tions of 144Pm. The three M -lines (top left),
the three L-lines (top right) and the K-line
(bottom left). Fits are shown in all plots,
namely the expected line shape and amplitudes
without (dotted line) and with (solid line) en-
hancement from the K-shell transitions as ex-
plained in the text.

After an electron from a shell, e.g. the K-shell, is captured the created hole will
be filled from a lower energetic shell, e.g. the L2-shell, under emission of an X-ray
or an Auger-electron. Following this initial step the new hole is filled again from a
lower energetic shell until the atom is entirely de-excited and brought to its ground
state. The life-time of the single intermediate steps is on the order of τ ∼ 10−16 s,
therefore the whole cascade will appear as a single event in an MMC with a response
time on the order of τ0 ≈ 10−7 s.

The data discussed here was measured in run 1 because of the largest specific
activity from 144Pm with theK-line included in the measurement. Figure 4.19 shows
the sections of the measured spectrum showing the M -lines (top left), the L-lines
(top right) and the K-line (bottom left). Each line has been fitted (dashed blue
line) using the electron capture spectral shape after eq. (2.30) convolved with an
exponentially modified Gaussian (eq. (4.24)). Due to the stopping power of the
absorber only the amplitude of the K-line is reduced.
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X-ray EX−ray / keV Level Elvl / keV pt / % pa / % ntheo nexp

K 43.575 505 264
L1 7.130 202 202

Kα2 36.848 L2 6.727 26.4 29.4 302 207
Kα1 37.361 L3 6.214 48.1 28.6 557 418

M1 1.582 43 50
Kβ3 42.169 M2 1.407 4.63 22.3 59 57
Kβ1 42.274 M3 1.302 8.95 22.2 114 128

Table 4.3 The X-ray transition probabilities from a vacancy in the K-shell of Nd. The table
shows the X-ray’s name in the Siegbahn-notation, the X-ray’s energy [Des03], the transition level in
X-ray notation with the level’s energy [Des03]. Also given is the transition probability pt from the
K-shell [Chu99] and the absorption probability pa of the X-ray, as determined by a Monte-Carlo
simulation of the possible track length in the detector combined with the X-ray attenuation [Hub04].
The last two columns show the calculated and the observed number of events, normalized to the
L1-line.

Since part of the energy of the de-excitation of the K-line is not stopped in the
absorber for about 75 % of theK-captures, the detector only sees a fraction of energy
corresponding to the de-excitation of the level from which the e− filled the hole in
the K-shell. For these levels, the absorption of energy in the detector will be close to
p = 100 %. Due to angular momentum conservation, only transitions to states with
an orbital quantum number larger than l ≥ 1 (L2, L3, M2, M3 . . . ) are allowed.
Therefore the observed number of counts in these levels are enhanced by the not
complete detection of the de-excitation energy of the K-shell.

Including this enhancement effect from theK-shell transitions leads to the second
calculation shown in figure 4.19 (solid blue line). As can be seen this description
works well to reproduce the observed 144Pm spectrum at the M -lines, while the L2-
and L3-, as well as the K-line are slightly overestimated. A closer look, especially
by comparing the observed and the expected counts, which are normalized to the
L1-line and are also given in table 4.3, confirms the before mentioned deviations.

Two possible explanations for the deviations were found. First of all the simu-
lations to determine the absorption probability do not consider physical effects like
Compton scattering of the initial K X-rays. A Compton scattered photon would
deposit only a part of its energy, which is then combined with the energy of the
following de-excitation cascade. Therefore the event would show some intermediate
energy and does not contribute to one of the spectral lines. This would decrease
both the observed amplitude of the K-line, as well as the amplitude of the enhance-
ment effect. This can be cleared up by a dedicated simulation, that considers the
particle interactions in the absorber.
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Secondly, there is a technical issue with the detection of the de-excitation from
a K-capture. Since these events are about seven times larger than the events, the
detector is optimized for, the read-out electronics can not reliably trigger and record
all events in this energy range. Therefore not all events contributing to the K-line
would be identified as such, which leads to a decrease of theK-line’s amplitude. This
issue can be fixed by optimizing the detector design and the electronics performance.
This was not attempted, since the 144Pm is actually an undesired impurity in the
embedded source and the understanding of the 144Pm spectrum came as a by-product
of the presented measurements on the 163Ho electron capture.

4.2.5 Analysis of the 163Ho electron capture spectrum
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Figure 4.20 The spectra measured in run 3 with channel 2 (left) and channel 4 (right) showing
the section most interesting for the 163Ho electron capture spectrum below E < 2.2 keV. The fitted
spectral shapes for the 163Dy (red) and the 144Nd (blue) are also shown. The spectrum in channel
2 (left) is contaminated around the N1-line due to the opening to the environment or the presence
of the 55Fe source.

The analysis of the 163Ho electron capture spectrum is divided into two different
parts corresponding to the spectra measured in run 3 and run 4. The analysis of run
3 and run 4 are presented separately due to the different experimental conditions
and the different outcome. Run 3 used an 55Fe source for external calibration to
determine the properties of the spectral lines in the spectrum. The calibration has
already been described in chapter 4.1.5.

The first observation was that the activity in channel 2 was about twice as large
as the one in channel 4. This can be explained by the Gaussian profile of the ion-
beam during the implantation and the exact focus point on the detector. If the
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Parameter Value Error Expected value Varied?
m2(νe) 0 no
ϕ2

H(0) tab. 2.2 no
BH tab. 2.2 no
∆EFWHM 7.3 eV no
EM1 2039.9 eV 0.1 eV 2046.9 eV yes
EM2 1836.2 eV 0.2 eV 1844.6 eV yes
ΓM1 13.4 eV 0.1 eV 13.2 eV yes
ΓM2 4.8 eV 0.4 eV 6.0 eV yes
mg −0.0156 keV−1 0.0006 keV−1 yes
ng 0.903 0.003 yes
m1/λ 0.00173 keV−1 9× 10−5 keV−1 yes
n1/λ 0.0168 0.0003 yes

Table 4.4 The parameters going into the fit or that are extracted from the fit to the spectral
shape of the 163Ho spectrum for run 3.

beam focus was a little off center the detectors further away from the focus can
easily be implanted with less ions.

Figure 4.20 shows the 163Ho electron capture spectrum as measured in run 3 by
channel 2 (left) and channel 4 (right). For channel 2 only a part of the recorded data
is shown since the channel suffered from an inconsistent trigger efficiency with the
consequence that only about half of the recorded data showed the whole spectrum
down to low energies, including the N1- and N2-lines.

Also shown in figure 4.20 is a fit to the 163Ho spectrum after equation (2.30) that
was convolved with an exponentially modified Gaussian after equation (4.24). For
the fit the following parameters were fixed:

• The average electron neutrino mass was assumed to be zero m2(νe) = 0 eV,

• the electron wave functions at the nucleus ϕ2
H(0) and the exchange and overlap

corrections BH were used as given in table 2.2 and

• the energy resolution of ∆EFWHM = 7.3 eV was used, as determined from the
Kα-line from the external 55Fe source as shown in figure 4.11.

The following parameters were left free within the fit:

• The central line energies EH that are compared to the binding energies of the
corresponding electron of the daughter atom 163Dy [Des03],
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• the Lorentzian line widths ΓH, that are compared to the literature values [Cam01],

• the end-point energy QEC

• the relative amplitude of the pure Gaussian in the exponentially modified
Gaussian (eq. (4.24)) was assumed to be linearly dependent on the energy
ag(E) = mg E + ng as well as

• the exponential decay rate 1/λ(E) = m1/λE + n1/λ.

With this fit the measured spectrum is described very well. Only around the
N1-line two additional structures can be found. First an additional structure at
an energy of E ≈ 450 eV can be found in both channels. These additional events
can also be found in the spectrum published in [Gat97] that is reproduced in fig-
ure 2.3. Unfortunately no consistent explanation for this structure has been found
and requires further investigation.

The second inconsistency is the badly matching fit in figure 4.20 (left) around
the N1- and N2-lines, where additional events can be found, that are only present
in channel 2. The absence of these counts in channel 4 leads to the conclusion
that these counts are caused either by the 55Fe calibration source or generally by
the opening in the shielding to the environment, that allowed the X-rays from the
external source, and possibly other energetic particles, to reach the detector.

The parameters of the fit to the whole data recorded in channel 2 can be found
in table 4.4. The data of channel 4 is not used because the fixed energy resolution
∆EFWHM = 7.3 eV in the fit plays an important role in order to determine the
line width ΓH. The energy resolution is determined from the Kα-line of the 55Fe
calibration source, which channel 4 was not exposed to.

Also the parameters from the N1- and N2-lines are left out because of the addi-
tional events in the same energy range and the trigger efficiency issues mentioned
earlier. Therefore also the QEC-value is left out since the strongest tool for its
determination is the measured relative amplitude of N - to M -lines.

The energies of the lines EH and the fact that they are slightly lower energetic
than the expectation from the electron binding energies has already been discussed
at the end of chapter 4.2.3.

The widths ΓH, on the other hand, agree quite well with the literature values
within the available accuracy. Even though the presented measurements are the
ones with the best resolution on the electron capture spectrum of 163Ho up to this
point, the instrumental width (energy resolution) is only comparable to the natural
line widths. Therefore the sensitivity on the line widths is somewhat limited and
is even more reduced by the low-energetic tails. For an accurate determination, a
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detector with an energy resolution on the order of ∆EFWHM ≈ 2 eV with strongly
reduced athermal phonon loss (low-energetic tails) seems therefore necessary.

4.2.6 Improvements and further analysis
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Figure 4.21 The amplitude de-
termined in one detector chan-
nel potted against the ampli-
tude simultaneously determined in
the second channel. The anti-
coincident signals with A = 0 on
the opposing channel are the “true”
signals in the detector and show
the desired spectrum. The coin-
cident signals around to the diag-
onal background events (see chap-
ter 4.2.1) and are therefore omit-
ted.

As already briefly described in the beginning of chapter 4 the goal of run 4 was
to lower the background and lower the low energy threshold of the measurement.
By removing the two non-functional detectors, not employing a calibration source
and closing off the shielding, the potential sources for external background were
reduced. By far the largest impact was created by the simultaneous and synchronized
measurement of two detectors.

Another property of the different pulse types, that has not already been discussed
in chapter 4.2.1, is their signature in a second neighboring detector. Both substrate
events and thermal crosstalk events are transmitted through the common silicon
substrate and therefore show very similar pulse shapes and amplitudes in both de-
tectors and therefore show coincident signals in both channels. Events happening
in one detector will be seen as thermal crosstalk in the other detector with very
slow rise times, and a much lower amplitude on the order of Arel ≤ 1 %. For the
interesting energy range below E < 3 keV the thermal crosstalk events can not be
distinguished from the usual noise level. Therefore for each channel, events happen-
ing in the corresponding detector can be distinguished from background by pulse
shape and by anti-coincidence with the signal in the other channel.

To use this method for event discrimination, a new data acquisitions system was
developed. The new system, equipped with a 4-channel Razor CompuScope 14X2
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eV Figure 4.22 The low energy part of the mea-

sured spectrum after cuts (dotted black his-
togram) shows additional background. The cutoff
at E ≈ 20 eV is an artificial cutoff set in the anal-
ysis. To be able to analyze the spectrum in this
energy range a smooth background (dotted red
line) is assumed and subtracted from the data
resulting in the shown spectrum (full black his-
togram).

CSE1442 digitizer card3, allowed the synchronized recording of two detector signals
with a dedicated trigger channel for each detector. Figure 4.21 shows the amplitude
of the signal in channel 2 plotted versus the amplitude of events in channel 4. The
events showing amplitude A = 0 in one of the two channels are events occurring
in the other channel. These events can be found in two regions. One is along the
abscissa, corresponding to events in channel 2, the second on along the ordinate,
corresponding to events in channel 4. The events along the diagonal combines
substrate and crosstalk events that show very strong correlation between the two
channels and are therefore easily discriminated from the events in the detectors
down to amplitudes of A ≈ 0.02 or energies of E ≈ 40 eV. By using the previously
described cuts on χ2 and area, the efficiency is once again slightly improved.

Within run 4 a spectrum with about 20 000 events in the 163Ho electron cap-
ture spectrum was measured in about 500 h (≈ 21 days) over the course of 44 days

with two detector channels. Even though the acquisition to maintenance time was
even worse than in run 3, the detector performance was more stable and slightly
better than in run 3. The average baseline energy resolution of channel 2 was
∆EFWHM, base = 5.6± 0.5 eV and for channel 4 it was ∆EFWHM, base = 5.2± 0.4 eV.
The shielding was entirely closed off and no external calibration source was used
in this measurement, solely relying on the self-calibration capability of the 163Ho
spectrum.

Unfortunately the spectrum was not entirely background-free at very low energies.
This is most likely due to the thermal crosstalk events of the spectral lines, that
show up in this low energy region and can not be perfectly separated. A smooth
background was assumed and subtracted from the spectrum to extract the spectral

3by GaGe Applied Technologies, part of DynamicSignals LLC, 900 N. State Street, Lockport,
IL 60441, USA URL http://www.gage-applied.com

http://www.gage-applied.com
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Figure 4.23 The combined spectrum of channel 2 and 4 as measured in run 4. Only the con-
tributions from the 163Dy spectrum are shown, divided into the lower energetic part with energies
below E < 0.6 keV (left) showing the contributions from the N1- and N2-lines and for the first
time the O1-line with a mean energy of EO1

= 48 eV. The higher energetic part with energies in
the range of 1.7 keV < E < 2.2 keV shows the M1- and M2-lines. The fit to the total spectrum is
shown in red while the contributions from the single lines are shown separately in yellow.

features below E < 200 eV as shown in figure 4.22. The resulting spectrum is shown
in figure 4.23 divided into a lower and a higher energy part to allow a closer view on
the features of the Dy spectrum, including the Dy O1-line at EO1 = 48 eV that was
observed for the first time within this work. The only additional structures around
E ≈ 0.4 keV are the additional structures with a peak at E ≈ 0.45 keV, while the
ones attributed to the external 55Fe source are not present. This substantiates the
assumption of the origin of these events.

A fit as described in the previous section was performed on the data and shown
in red in figure 4.23. For the fit the following parameters were kept constant:

• The average electron neutrino mass m2(νe) = 0 eV,

• the electron wave functions at the nucleus ϕ2
H(0) and the exchange and overlap

corrections BH and

• the widths ΓH and

• the energies EH of the M1- and M2-lines as determined from run 3 (see ta-
ble 4.4).

The following parameters were left free within the fit:

• The energy resolution ∆EFWHM,
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Parameter Value Error Expected value Varied?
m2(νe) 0 no
ϕ2

H(0) tab. 2.2 no
BH tab. 2.2 no
QEC 2866 eV 5 eV 2555 eV yes
∆EFWHM 8.3 eV 0.1 eV yes
EM1 2039.9 eV 2046.9 eV no
EM2 1836.2 eV 1844.6 eV no
EN1 411.1 eV 0.1 eV 420.4 eV yes
EN2 330.3 eV 1.4 eV 340.6 eV yes
EO1 48 eV 15 eV 49.9 eV yes
ΓM1 13.4 eV 13.2 eV no
ΓM2 4.8 eV 6.0 eV no
ΓN1 4.7 eV 0.1 eV 5.4 eV yes
ΓN2 13.2 eV 1.4 eV 5.3 eV yes
ΓO1 5.9 eV 0.3 eV 3.7 eV yes
mg −0.0142 keV−1 0.0006 keV−1 yes
ng 0.905 0.003 yes
m1/λ 0.0021 keV−1 2× 10−4 keV−1 yes
n1/λ 0.0156 0.0004 yes

Table 4.5 The parameters going into the fit or are extracted from the fit to the spectral shape
of the 163Dy spectrum for run 4.

• the widths ΓH and energies EH of the N1-, N2- and O1-lines,

• the end-point energy QEC,

• the relative amplitude of the pure Gaussian ag(E) = mg E + ng as well as

• the exponential decay rate 1/λ(E) = m1/λE + n1/λ.

And the found parameters are quoted in table 4.5. The energy resolution in the
spectrum turned out to be worse than in run 3, even though the baseline resolution
was better. This can be caused by experimental influences and is not of major con-
cern. The parameters concerning the exponential modified Gaussian stayed roughly
the same, which was to be expected since the detector was operated under identical
conditions as in run 3. The width of the N1-line is comparable to its literature
value, but ΓN2 is determined to be much larger. This could be a true value, since
the recommended value of ΓN2 = 5.3 eV has only been theoretically estimated and
no direct measurement is reported in [Cam01]. It is more likely that the line is not
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fitted correctly because of its low number of events and since it is heavily overlaid by
the tail of the N1-line. Additionally the N -lines of the 144Pm electron capture can
also be found in this region. The parameters of the O1-line agree with the literature
values even though the data is very close to the low energy threshold of the detector.

The end-point energy QEC

The end-point energy presents one of the most crucial parameters of the 163Ho
electron capture spectrum, since it directly impacts the statistical sensitivity on the
electron neutrino mass m2(νe). As discussed in chapter 2.4.4, the value directly
determines the feasibility of a direct neutrino mass determination with 163Ho.

The cleanest way to determine the QEC is by a measurement of the atomic masses
of the parent 163Ho and daughter 163Dy atom as planned within the ECHo collab-
oration by penning trap mass spectrometry (see chapter 5.5.1). As discussed in
chapter 2.4.4, the QEC was determined in various experiments by analyzing X-ray
spectra and calorimetric spectra, with very differing results. Different ways to assess
the QEC from the presented data will be discussed in the following.

The first way to determine the end-point is directly from the fit of the spectral
shape to the measured data. As given in table 4.5 this gives QEC = (2.866 ±
0.005) keV. But because there are a lot of parameters going into the fit, which
might lead to a false interpretation of the data a second way to determine the QEC

will be presented.

This approach is based on the idea to determine the amplitude of the phase space
factor C(QEC − E)

√
(QEC − E)2 −m2(νe) ≈ C(QEC − E)2 (see eq. (2.30)) at the

spectral lines and use the energy dependence to determine QEC. For each spectral
line H the number of events nH corresponding to that line are determined and than
normalized by the expected line amplitudes defined by the amplitude of the electron
wave function at the nucleus ϕ2

H(0) and the exchange and overlap corrections BH.
Conveniently the square root of this value is taken since the root of the phase space
factor is linearly dependent on the energy:

ΦH =
√
C(QEC − EH) =

√
nH

ϕ2
H(0)BH

(4.28)

The number of events nH in each line is determined in the following way: a
fit to the spectral shape as described in the previous section is performed. This
time the amplitudes of the individual spectral lines are allowed to vary in addition
to the other parameters. Then, the integral of the fit to the individual line is
taken as nH. Assuming Poisson statistics, the statistical errors are defined to be
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σnH
=
√
nH (stat.). All other parameters entering this analysis are presumed to be

free of errors.

The resulting phase space factors with their statistical errors are shown in fig-
ure 4.24 with a weighted linear fit Φ(E) = mφE + nφ. The value for the N2-line
deviates from the fit, most likely due to the influence of the tail of N1. The deviation
for the O1-line can be justified by the close vicinity to the low energy threshold of
the detector. The QEC is given by the intersection of the linear fit and the energy
axis:

QEC = − nφ
mφ

= (2.877± 0.022) keV . (4.29)

To reduce the systematic effects from the lines with smaller amplitude, the same
analysis can be done by only using the events from the M1- and N1-lines, which
results in Q′EC = (2.866± 0.024) keV. Both values of QEC extracted form the phase
space factors agree very well within errors with the one from the non-linear least
square fit to the spectral shape, which substantiates the determined values.

The last factor that should be discussed in the context of the end-point energy
QEC are the additional events with energies slightly higher than the N1-line. As
already mentioned in chapter 4.2.5 these are of unknown origin and can therefore
be very well part of the 163Ho electron capture spectrum. If this is the case the
events are most likely associated with captures from the N1-shell, but are shifted
to higher energies. Then these events would need to be taken into account for the
QEC determination. By using the number of N1 events increased by number of the
additional events up to an energy of E = 0.6 keV with the M1 events in the phase
space factor analysis a best fit value for the end-point of Q∗EC = 2.815 keV can be
determined. Because of the unknown origin of these additional events their effect
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needs to be taken into account as a systematic uncertainty. As magnitude of the
uncertainty the difference Q′EC −Q∗EC = 0.051 keV is chosen.

Combining these factors leads to the final result on the end-point energy as
determined from the data of run 4:

QEC = (2.877± 0.022 (stat.) +0
−0.06 (syst.)) keV . (4.30)
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5. The Electron Capture 163Ho Experiment –
ECHo

This work is embedded in the Electron Capture 163Ho Experiment (ECHo), that
combines the research efforts in different fields around the 163Ho electron capture
and will be described in the following.

The Electron Capture 163Ho Experiment (ECHo) aims to investigate the electron
neutrino mass m(νe) with a sensitivity below m(νe) < 1 eV. The approach is to an-
alyze a high-resolution, high-statistics calorimetric spectrum of the electron capture
process of 163Ho, which offers a very good tool for neutrino mass determination as
already discussed in chapter 2.4.4. In a first stage within the coming three years, a
sensitivity on the order of m(νe) < 10 eV is envisioned, accompanied by the techno-
logical innovations and the feasibility tests for the next stage with the goal to reach
the final sensitivity below m(νe) < 1 eV.

In the following the different tasks and task-groups within the first stage that
have been defined in order to reach the envisioned goals will be described.

5.1 163Ho production and purification

A very important aspect for the ECHo project is the production of a high purity
163Ho source. With no primordial 163Ho left on earth the nuclide needs to be artifi-
cially produced. Not only the production is an issue that needs to be addressed but
also the contamination level of the source. The end-point region of the energy spec-
trum, which is most sensitive to the neutrino mass, needs to be as free of background
as possible, and especially radioactive nuclides with continuous decay spectra, e.g.
from β-decay, present a huge hazard.

In general there are three ways to artificially produce nuclides, namely nuclear
spallation, thermal neutron activation and charged particle activation [Eng13].

Nuclear spallation has already been discussed in chapter 3.5 and is no option for
the ECHo experiment because of the low cross section of σ ≈ 50µb [Luk06] and the
source contaminations discussed in chapter 3.5.1 and 4.2.4.

Neutron and charged particle activation are both based on the principle that
a nucleus of a target material captures a particle and the desired nuclide is either
directly produced or a precursor is created that quickly decays to the desired nuclide.

93
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In case of 163Ho the mostly used route is to produce the precursor 163Er, which decays
via electron capture or β+-decay with a half-life of T1/2 = 75 min to 163Ho.

The charged particle activation route offers a lot of possibilities. Starting from
the particles used for the irradiation, e.g. protons, deuterons, α-particles or even
heavier particles like 7Li are considered. Secondly the different reactions can be
used, e.g. direct ones nat.Dy(p, xn)163Ho or 163Dy(d, 2n)163Ho and indirect ones
like nat.Dy(α, xn)163Er(EC, β+)163Ho. All reactions differ in their energy dependent
cross sections and need to be evaluated under this aspect. Also the possible side
reactions, that can happen alongside the main process and unintentionally produce
radioactive contaminants need to be investigated. One very promising reaction is
e.g. 164Dy(p, 2n)163Ho with a maximum cross section of σ ≈ 1 b [Eng13, Lah13].

As a part of the ECHo project this evaluation and first experimental tests of
this 163Ho production route and the expected side reactions has been undertaken
by a group from the Saha Institute of Nuclear Physics, Kolkata, India, the Indian
Institute of Technology Roorkee, Roorkee, India and the Institute of Nuclear Re-
search of the Hungarian Academy of Sciences, Debrecen, Hungary and is collected
e.g. in [Lah13].

For neutron activation an erbium target enriched in 162Er is irradiated in re-
search reactor facilities. The 163Ho is produced in the process 162Er(n, γ)163Er(EC,
β+)163Ho. The target can be left in the reactor for extended periods of time and
the produced amount of 163Ho depends on the amount of 162Er in the target, on
the neutron flux from the reactor and on the exposure time. This method is very
efficient due to the large cross-section of σ ≈ 19 b. The neutrons can also capture on
other materials present in the target, and several other nuclides can be produced,
which are partly also radioactive and present possible sources for background. A
very harmful nuclide is e.g. the metastable state 166mHo that decays via β-decay
with a half-life of T1/2 ≈ 1200 y. The 166mHo can e.g. produced in the process
165Ho(n, γ)166mHo with a cross-section of σ = 3.1 b. Since it is an isotope of the
same element as the desired 163Ho no chemical separation is possible, and a physical
mass-separation is needed.

Generally speaking, the available production rates are higher with neutron acti-
vation, but the charged particle activation processes are more selective and can be
optimized for 163Ho production and less contaminants are created than with neutron
activation.

For all target materials used in the 163Ho production chemical separation is neces-
sary to achieve the necessary radio-purity of the produced sample. This can be done
by the established process of cation-exchange chromatography with α-hydroxyiso-
butyric acid (α-HIB) as the solvent. With speciality highly effective exchange resins
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lanthanoid separation efficiencies on the order of 90% can be reached. A purification
step before the irradiation can be used to remove the lighter lanthanoids, while a
post-irradiation separation can be used to remove the heavier lanthanoids. In this
way a chemically pure sample of Ho can be obtained.

Within the ECHo project a group of the Institute of Nuclear Chemistry of Jo-
hannes Gutenberg University, Mainz, Germany is handling the samples for neutron
activation and their chemical processing. Three samples of erbium salts enriched
in 162Er have been irradiated at research reactors for 163Ho production. A first test
sample was irradiated at the BER II research reactor for 11 days and chemically
purified only after the irradiation yielding approximately 1016 163Ho atoms. Two
additional samples were irradiated at the research reactor at the Institute Laue-
Langevin (ILL) in Grenoble. These samples were chemically separated both before
and after the irradiation with a new highly efficient exchange resin. The samples
were estimated to contain 1019 163Ho atoms and show no contaminants other than
a fraction of ∼ 2× 10−4 166mHo atoms, which is already very promising.

5.2 Detector production and internal 163Ho source

The experimental results presented in chapter 4 show that some improvements on the
single detector need to be implemented, that will improve the detector performance.
The contact area between absorber and Au:Er sensor should be reduce with stems,
which will reduce the athermal phonon loss, that causes the low energetic tails, as
discussed in chapter 4.1.5.

Additionally the process of adding the second absorber layer for the next gen-
eration of experiments will be conducted differently. The prototype detector was
ion-implanted in an online process at ISOLDE/CERN as described in chapter 3.5.
The radioactive contaminants required, that the detector was left to cool down for
about three month and that a thin 100 nm gold layer was added to close off the
implantation area. The limited facilities for the gold deposition, that were available
did not allow a suitable surface cleaning before the gold deposition. This fact might
have caused the rise time distribution shown in figure 4.7. Fortunately the next gen-
eration of experiments will use a much more radio-pure source, that will not require
to be immediately closed off after the deposition. Therefore the addition of the sec-
ond absorber layer can be executed in a better controlled clean room environment
with all facilities, that are normally used for the detector production. Additionally
the second absorber layer will be added by electroplating to avoid the excess heat
capacity observed in sputter deposited gold films as discussed in chapter 4.1.3.

Another aspect directly connected to the detector preparation is the embedded
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163Ho source. In [Gat97] the 163Ho source material was in form of an organic salt
that was sandwiched between two thin absorber layers made of tin. They observed
unexpected energy shifts in the 163Ho electron capture spectrum compared to their
calibration data. The conclusion can be drawn, that it is not only important to
contain all emitted energy from the decay to make the measurement calorimetric,
but also the chemical state of the source material can have a significant impact on
the measured spectrum.

Therefore the 163Ho source should be in atomic form when it is introduced into
the detector’s absorber. The first possible way to achieve that is the preparation
of intermetallic samples containing the source material. For this process the source
material is deposited onto a nobel metal foil in any organic salt form by molecular
plating and is subsequently reduced at elevated temperatures in a pure hydrogen
flow. After the reduction the source material will diffuse into the nobel metal and
form a chemically stable intermetallic phase.

This process has successfully been shown for several lanthanides (Gd, Nd, Eu) on
a Pd foil [Uso12] and can possibly applied to Ho as well. The reported efficiencies in
the molecular plating process are very high, close to 100 %, which is a great advan-
tage, considering the challenging 163Ho production. This reported efficiency needs
to be treated with caution, since the total efficiency after the reduction process is
not reported. Additionally there is some development necessary to make this pro-
cess compatible with metallic magnetic calorimeters. Unfortunately the necessary
temperatures of around T ≈ 1000 ◦C are not compatible with the standard micro-
fabrication of MMCs and the fabrication of Josephson junctions for the multiplexed
read-out. As a consequence the source foil or the absorber and source sandwich
would need to be produced first and then be attached to an already prepared detec-
tor.

The second aspect that will need investigation is the host material used in the
process. While Pd works very well in the reduction process because of its chemical
properties it has never been used in combination with MMCs. Therefore both the
compatibility of MMCs with Pd as well as alternative host materials should be
investigated.

The second considered process is ion-implantation in an offline process. The pre-
viously produced and purified source material in acid solution is dried on a suitable
substrate. The 163Ho is subsequently introduced into an ion-source, is accelerated,
mass separated and ion-implanted into the detectors, as already described in chap-
ter 3.5.

The ion-implantation technique has already been successfully used for the detec-
tors used in this thesis and has shown very promising results. Neither the detector
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behavior and performance nor the spectral shape have been compromised by the
process outside the expectation (see chapter 4). This has encouraged the further
application of the ion-implantation technique for the next stage of the ECHo project.
The mass separation, which comes natural with the ion-implantation, will be neces-
sary for the source produced by thermal neutron activation. The largest radioactive
contaminant after the chemical separation is in fact a fraction of 2 × 10−4 166mHo
atoms, that can be strongly suppressed to a least a fraction of 10−6 or completely
removed by mass separation. If the subsequent experiments reveal, that the amount
of 166mHo present after the mass separation is still too large, a different starting
material will be required, that is e.g. produced by charged particle activation.

A major drawback of ion-implantation, especially for a large scale experiment,
is the efficiency of the process. Depending on the ionization technique only about
10 . . . 20 % of the source atoms will contribute to the final ion beam. Secondly the
implantation area will be only a fraction of the total detector surface and a part of
the ions will be lost due to the detector geometry. This places the total efficiency of
the process around ∼ 10 %.

Within the first stage of the ECHo project, the ion-implantation will be used on
the source material produced by thermal neutron activation. The ion-implantation
will be optimized to reach an efficiency as high as possible. The optimization and
implantation tests will be conducted at the RISIKO mass separator at Johannes
Gutenberg University, Mainz, Germany, while the final implantation will take place
at ISOLDE/CERN. Meanwhile other deposition techniques, e.g. the formation of
intermetallic samples, are under investigation for future larger scale experiments.

5.3 Multiplexed read-out of metallic magnetic calorimeters

A different aspect that needs to be addressed within the ECHo project is the de-
tector read-out. Typically metallic magnetic calorimeters are read-out with dc-
SQUIDs, which have been described in chapter 3.3. A detector read-out by means
of a two-stage dc-SQUID fulfills the requirements on noise performance and avail-
able bandwidth very well. Unfortunately the two-stage SQUID detector read-out is
only usable for detector counts up to an order of 100, before the necessary read-out
infrastructure becomes too extensive and hardly manageable. The required number
of wires and the number of read-out electronics increases linearly with the detector
count. This will also increase the heat load on the experimental platform, until the
local detector temperature is too large for an optimal detector operation.

Because of the strong requirements on statistics (see chapter 2.4.4) for neutrino
mass searches, the required detector count within ECHo will be on the order of
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104 . . . 106. Therefore a multiplexing technique needs to be utilized, which will allow
multiple detectors to be read-out through a single read-out channel. Ideally this
technique should preserve the important detector properties, above all the energy
resolution and the rise time, while greatly simplifying the cryogenic setup and the
room temperature electronics.

Out of the available multiplexing techniques that can be applied to MMCs, the
microwave SQUID multiplexing technique is the most favorable one for the read-out
of large (N > 100) detector arrays. This read-out scheme has been first demon-
strated for transition-edge sensors [Mat08, Mat11] and has later been adapted for
metallic magnetic calorimeters [Kem12, Kem13, Kem14].

A schematic of this read-out scheme is shown in figure 5.1. Each detector is
inductively coupled via the mutual inductance Mis to a single junction un-shunted
non-hysteretic SQUID, that is described by the loop inductance LS and the criti-
cal current of the Josephson junction Ic. For βL := 2πLSIc/Φ0 < 1, the SQUID
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can be modelled as a flux-sensitive inductance, whose actual value depends on the
magnetic flux Φ flowing through the SQUID loop. The SQUID is coupled via the
mutual inductance MT to a load inductors LA, that terminates a superconducting
transmission line resonator with a unique resonance frequency fi. Because of the
flux sensitivity of the SQUID, the load inductor becomes flux sensitive and can be
described by the effective inductance Leff(Φ). The frequency shift corresponding to
a detector signal can then be monitored with the help of standard homodyne or
heterodyne detection techniques.

Each resonator is on the other hand capacitively coupled to a common trans-
mission line via the capacitance Cc,i , making it possible to simultaneously read-out
hundreds or thousands of individual detectors.

For this, all resonators are simultaneously driven by injecting a frequency comb
and the amplitude or phase of the transmitted signal are continuously monitored.

The number of detectors per channel that can be read-out by this technique is
limited by the required bandwidth for each detector, the bandwidth of the cryogenic
pre-amplifier, as well as the required level of crosstalk between adjacent resonators.
To be able to resolve the fast rise time τ0 ≈ 100 ns of metallic magnetic calorimeters
a bandwidth of at least B ≈ 2 MHz per detector is necessary and the bandwidth of
cryogenic low-noise high-electron-mobility transistor (HEMT) amplifiers are on the
order of B = 4 GHz. With the low crosstalk, that has been reached for microwave ki-
netic inductance detectors (MKIDs) [Day03] with closely packed resonators [Nor12],
potentially hundreds of detectors can be read-out by this multiplexing technique.

The generation of the frequency comb and the later analysis of the GHz-frequency
signals can in general be handled by digital Software-Defined-Radio (SDR) tech-
niques, that have been successfully used for read-out of cryogenic detectors [Maz06].
In SDR the frequency comb is created with digital-to-analog converters at MHz fre-
quencies with the right frequency spacing between the resonances. This signal is
then mixed up to the desired frequency band in the GHz range. The detection side
works in a similar fashion, that the signal is first mixed down to MHz frequencies
and then digitized with analog-to-digital converters.

A collaborative effort based on the idea presented in [Maz06] has lead to the devel-
opment of a commercially available open-source SDR system within the CASPER1

collaboration that can be customized to the specific use. Within this framework an
array of 1024 MKIDs, which also use a similar setup of microwave resonators, have
been read-out with a bandwidth of B = 500 kHz per channel and a time resolution
between events of ∆t = 1µs [McH12]. A similar performance will be sufficient for the

1Collaboration for Astronomy Signal Processing and Electronics Research, URL
http://casper.berkeley.edu

http://casper.berkeley.edu
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first stage of ECHo, a final experiment with a statistical sensitivity of m(νe) < 1 eV

will need to be able to resolve the full bandwidth of B ≈ 2 MHz to be able to reach
the event discrimination time of ∆t ≈ 100 ns that has been shown with metallic
magnetic calorimeters.

5.3.1 The ECHo prototype detector array

Figure 5.2 Design drawing of the ECHo#1 detector array. The 9.1 mm × 15.4 mm chip
contains 64 detector pixels with integrated rf-SQUID multiplexed read-out. The zoom shows
one of the basically identical read-out channels consisting of a detector 1○, an rf-SQUID 2○
and a coplanar superconducting transmission line resonator 3○. The different resonators on
the chip are coupled to a common transmission line 4○.

The presented results on the 163Ho electron capture decay show how well suited
metallic magnetic calorimeters are for neutrino mass determination utilizing the
163Ho electron capture. To show a significant sensitivity on the neutrino mass much
larger statistics will be necessary. This can only be achieved with a combination of
more detectors, a stronger source and more acquisition time.

The next step towards more detectors has been undertaken in [Weg13, Kem13],
where an array of 64 detector pixels with an integrated rf-SQUID multiplexer was
designed and fabricated. An overview over the chip design is shown in figure 5.2.
The detector array is fabricated on a 9.1 mm× 15.4 mm thermally oxidized Si sub-
strate and consists of basically identical 32 read-out channels. Each channel contains
an MMC with two detector pixels (fig. 5.2 1○) and the read-out infrastructure con-
sisting of an rf-SQUID (fig. 5.2 2○) and a coplanar superconducting transmission
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Figure 5.3 Design drawing and optical photos of (a) a detector with two pixels and (b) An
rf-SQUID. The elements of the detector are the meander-shaped pick-up coil 1○, the Au:Er
sensor 2○, the stems 3○, the absorber 4○ and the thermal link 5○ to the common on chip
heat bath 6○. The rf-SQUID is composed of a Josephson junction 0○, a slotted washer 7○, a
modulation coil 8○, an input coil 9○ and a load inductor 10○. The connection between meander
structure and SQUID input coil is indicated by the arrows between detector and SQUID.

line resonator (fig. 5.2 3○). The different resonators are coupled to a common trans-
mission line (fig. 5.2 4○).

A design drawing and an optical view of one of the MMCs is shown in fig-
ure 5.3 (a). The detectors are based around 170µm × 170µm × 10µm particle
absorbers (fig. 5.3 4○) with a heat capacity of Cabs = 1 pJ/K at T = 30 mK, that con-
sist of two 5µm layers, that will contain the 163Ho source material in between. The
absorbers are contacted to the Au:Er sensor (fig. 5.3 2○) via five stems (fig. 5.3 3○)
that only make up about 2% of the total absorber area, therefore reducing the
athermal phonon loss to the solid substrate. The 170µm× 170µm× 1.35µm Au:Er
sensor has an erbium concentration of cEr = 300 ppm and is positioned on top of a
meander-shaped pick-up coil (fig. 5.3 1○) with a stripe width of w = 3µm and a
pitch of p = 6µm. The broad gold stripes (fig. 5.3 5○) connect the sensors with a
common thermal bath (fig. 5.3 6○) in the middle of the chip and adjust the thermal
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relaxation time to τ1 ≈ 1 ms at the planned operating temperature of T = 30 mK.
The leads to the bottom connect the detector to the input coil of the rf-SQUID.

The meander-shaped pick-up coil is connected in parallel to the input-coil
(fig. 5.3 9○) of an rf-SQUID shown in figure 5.3 (b). The SQUID forms a second order
gradiometer, that is formed from four slotted octagonal washers (fig. 5.3 7○) con-
nected in parallel. With a nominal inductance of 200 pH of each washer, the SQUID
loop has a total inductance of LS = 50 nH. The Josephson junction (fig. 5.3 0○) is
designed with a critical current of Ic = 5µA, resulting in a hysteresis parameter of
βL = 0.76. Additionally the SQUID is equipped with a common flux modulation
coil (fig. 5.3 8○), that runs through all SQUID on the chip. This coil can be used
for simultaneous flux biasing and flux ramp modulation [Mat12].

The load inductor (fig. 5.3 10○) couples the SQUID to the coplanar transmission
line resonator (fig. 5.2 3○) with a resonance frequency fi between 4 and 6 GHz,
which is set by its geometrical length. The coupling capacitance Cc is adjusted
accordingly to reach a loaded quality factor of Ql = 5000, by varying the length,
that the resonator runs in parallel to the common transmission line (fig. 5.2 4○).

With these design parameters and the usual operating conditions for the read-out,
an energy resolution of ∆EFWHM = 5 eV can be expected for the detectors.

This detector array is currently being tested and will provide a very crucial as-
set to the ECHo experiment in the coming time. A detector based on this or an
optimized design, that takes adjustments resulting from the tests into account, will
be ion-implanted with 163Ho, which is scheduled at ISOLDE/CERN in late 2014.
One or several of these detectors will provide the grounds for the first stage of the
ECHo project and will allow to measure the 163Ho electron capture spectrum with
approximately Nev = 1010 events, allowing a statistical sensitivity of m(νe) < 10 eV

on the electron neutrino mass within one year of acquisition time.

5.4 Background studies

The statistical analysis of the 163Ho electron capture spectrum for neutrino mass
determination in the end comes down to the analysis of a narrow energy range
below the spectrum end-point QEC. Considering an end-point of QEC = 2.8 keV, a
zero neutrino mass m2(νe) = 0 eV and an energy range of 10 eV below the end-point,
a fraction of about 6×10−10 of the total number of counts is expected. For a total of
1014 events, which can be realistically acquired within 3 years of measurement, this
means that about 60 000 events will be located in the last 10 eV of the spectrum.
Only one background event in approximately 4 days over the whole acquisition time
in this energy range will create an error larger than the statistical error on the
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number of counts.

This illustrates how easily a statistical analysis can be influenced and compro-
mised by unidentified background. Therefore the reduction of background sources,
or if no further reduction is feasible, a good understanding of it is of utmost im-
portance. Over the course of the last decades a broad range of computational tools
and experimental techniques for background identification and reduction have been
developed, mainly for neutrinoless double β-decay experiments and dark matter
searches. The computational tools are mainly based Monte Carlo simulations of
background sources and their signature in the detectors. Experimental techniques
include handling and characterization of materials used in and close to the detectors,
passive shielding materials as well as active veto methods.

Unfortunately all established tools are normally used at much higher energies,
since the region of interest of most rare event searches is in the MeV range. Nonethe-
less e.g. the “Cryogenic Rare Event Search with Superconducting Thermometers”
(CRESST) experiment has observed background events below E < 10 keV [Ang12]
and in the region of interest of ECHo.

On the other hand ECHo is dealing with totally different detector and source
masses than the before mentioned rare event searches. Current 0νββ-experiments
for example are on the order of 10 . . . 100 kg source mass that is in most cases equal
to the detector mass with single detectors weighing several hundred grams. ECHo
uses single detectors with masses of md ≈ 5µg, a total detector mass for a large
scale experiment in the gram range and a source mass below ms < 1 mg.

All these different constraints need to be taken into account while estimating
background and require appropriate adjustments. On the other hand a lot can be
learned from dedicated experiments for background estimation. This mainly includes
experiments with the same detectors that will be used for the ECHo measurements,
but without 163Ho source material under different conditions. These conditions in-
clude, but are not limited to, measurements in underground laboratories to see the
influence of secondary particle showers caused by cosmic rays and the effects mainly
caused by cosmic muons and electrons. Also studied will be different shielding mate-
rials, both at cryogenic temperatures close to the detectors or at room temperature
outside the cryostat. This will most likely be a mix of high-Z materials like lead
to shield γ-rays and low-Z materials like polyethylene to stop massive particles like
neutrons, α-particles and electrons without creating a lot of bremsstrahlung. By
operating the cryogenic detectors in coincidence with active veto detectors will for
example reveal, what signature will be picked up by the cryogenic detectors if a
cosmic muon passes through the cryostat.

Another aspect that falls into the realm of background reduction is the selection
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and the screening for radioactive contaminants of high purity materials, that will be
used for the detector setup and the shielding.

As detailed studies and dedicated experiments as possible will be conducted dur-
ing the first phase of ECHo to define the measures for background reduction and
identification during that stage. From the experience of the first phase the studies
will be continued and improved to the necessary level of a large scale experiment.

5.5 163Ho electron capture spectrum parametrization

The statistical sensitivity discussed in chapter 2.4.4 considers the parameterization
given in equation (2.30), when all the parameters describing the spectrum, besides
the QEC, as precisely known. In order to refine the statistical analysis and to quan-
tify and reduce the errors on the parameters entering in the spectrum, dedicated
investigations are carried out within the ECHo experiment. This parametrization
will be performed by a range of dedicated experiments as well as theoretical calcu-
lations.

5.5.1 QEC determination by Penning-trap mass spectrometry

The end-point energy QEC of the 163Ho electron capture spectrum has the largest
influence on the sensitivity of a 163Ho experiment. An independent determination
of its value is of utmost importance, first of all to refine the statistical analysis as
well as to analyse the final spectrum.

The most sensitive way to determine the QEC-value of a decay is by a mass
measurement of the mother, in this case 163Ho, and the daughter atom, in this
case 163Dy. Presently the most precise tool for mass spectrometry are ion traps,
especially Penning-trap mass spectrometers (see e.g. [Bla06]). These use the fact
that the cyclotron frequency νc of a charged particle, with charge q, in a magnetic
field B depends on the particles mass M :

νc =
1

2π

q

M
B . (5.1)

To prolong the observation time on the cyclotron frequency and therefore the
measurements accuracy the particles are trapped. The particle’s motion can be
confined to volumes on the order of tens of cubic micrometers by superimposing
a quadrupole electric field to the magnetic field. With state of the art Penning-
trap mass spectrometers relative accuracies below the level of < 10−11 have been
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reached [Rai04], which will be necessary to measure the QEC of 163Ho with an accu-
racy on the single eV-level.

To reach this accuracy level very precise knowledge and control of all experimental
parameters is needed. This includes the magnetic and electric fields of the trap,
but comes down to the laboratory environment, including precise control over the
temperature and pressure in the room and shielding from surrounding electric and
magnetic fields.

For the ECHo project three different experimental setups are involved in the
QEC determination. At the TRIGA-TRAP [Ket08] the ion-preparation of 163Ho
and 163Dy will be developed and tested, combined with a first measurement of QEC

with an expected accuracy of a few hundred eV. This is followed by a measurement
at SHIPTRAP [Blo07] that will adapt the previously developed ion-preparation
processes and is expected to reach an accuracy on the order of 30 . . . 50 eV due to
its more elaborate detector system, as recently shown in the QEC determination of
the β-decay of 187Re to 187Os [Eli14].

The highest accuracy for the 163Ho QEC will be made by using the novel Penning-
trap mass spectrometer PENTATRAP [Rep12], that is currently being comissioned.
The expected accuracy is on the order of < 10−11 which translates into an accuracy
on the QEC of 163Ho of around ∼ 1 eV.

5.5.2 Theoretical description of the electron capture of 163Ho

In [DR82] a theoretical description of the 163Ho electron capture spectrum under
ideal conditions was described. Many effects that could influence the spectral shape,
like second order transitions and solid state effects were considered negligible until
recently. State of the art detectors, as they will be used for ECHo, would be sensitive
to these effects. Many of the small effects will have no immediate effect on the
pure analysis of the end-point region for the effect of the neutrino mass [DR13].
Other influences, especially effects, that could shift the observed end-point QEC will
directly influence the end-point region analysis. Additionally, these effects on the
whole differential spectrum, as it is measured within ECHo, will not be negligible
and a good understanding of the spectral shape will reduce systematic uncertainties.

The first factor that needs to be addressed are the partial capture rates from the
different electron shells that the capture is allowed from. These have already been
calculated with different approaches and are collected e.g. in [Bam77] or [Ban86].
Theoretical models as well as the computational power have largely improved within
the last 30 years and will lead to a major improvement in a new, dedicated evalua-
tion.
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Additionally chemical effects can influence most of the spectral parameters. Most
calculations on the spectral parameters are done on single atoms in vacuum. Within
a calorimetric measurement the atoms will be embedded in some sort of host material
and interactions between the source atoms with one another and with host material
atoms will occur. This circumstance can influence the observed QEC value, the
observed energy levels and the level widths and could lead to different intensities for
radiative and electronic de-excitations.

A precise knowledge of the spectral parameters will not only reduce the systematic
error for the investigation of m(νe), but allow to investigate other effects related to
neutrinos, as for example the possible sterile neutrino admixture.



6. Summary and outlook

The electron capture of 163Ho offers a very powerful tool for neutrino mass deter-
mination due to its low end-point energy QEC, that has been reported to be in the
range of QEC = 2.3 . . . 2.8 keV. Thermal detectors operated at cryogenic tempera-
tures below T < 1 K have shown very good performance in this energy range.

In this work a cryogenic metallic magnetic calorimeter was ion-implanted with
163Ho at the ISOLDE/CERN facility in order to perform a calorimetric measure-
ment on the 163Ho electron capture. The detector was characterized to determine
the influence of the 163Ho source on the otherwise very well understood detector.
The characterization revealed that neither the thermodynamic properties nor the
detector performance were impaired by the presence or the implantation process of
the 163Ho source. Furthermore an energy resolution of ∆EFWHM = 7.3 eV and rise
times as low as of τ0 = 80 ns were measured. This implies that the achieved detector
performance is perfectly suited for a neutrino mass experiment based on 163Ho.

The 163Ho electron capture spectrum was measured with the same detector, which
is the best resolved spectrum up to now and offers various possibilities to extract
the parameters, that describe the spectrum. For the first time the de-excitation
of an electron capture from the 163Ho O1-level at EO1 = 48 eV has been measured
calorimetrically. It was found that the central line energies are shifted towards lower
energies by about ∆E < 10 eV compared to the corresponding binding energies of
the daughter atom 163Dy. The line width agree with the literature values within the
experimental resolution. One of the most important parameters, namely the end-
point energy has been determined to QEC = (2.877± 0.022 (stat.) +0

−0.06 (syst.)) keV.

A lot of experience was gained in the event discrimination with metallic magnetic
calorimeters, the combination and analysis of measured spectra, as well as with long-
term measurements. This will be useful in future measurements, that will require
stable detector operation for several month up to years at a time.

The results also revealed that there are several aspects that can improve the
measurements. The analysis of the detector response suggests to use stems to avoid
energy losses due to athermal phonons and to improve the fabrication of the second
gold absorber layer, that currently affects the rise of the signals. In the online
implantation the source could not be purified and contaminations were seen in the
measured spectrum. The ion-implantation process should in future be used in an
offline process from a previously produced and purified target, which will also allow
a larger activity per pixel. There still remain many open questions on the 163Ho
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electron capture spectrum, which can only be answered in future research efforts.

The background was not addressed in this work because of the large impact of the
contaminations in the source, but it needs to be addressed in future. Higher order
corrections to the spectral shape will require investigations. Atomic physics, nuclear
physics and solid state physics will be considered when describing the spectrum
and these theoretical studies will be supported by dedicated experiments, e.g. by
embedding 163Ho in different suitable absorber materials. The analysis of the end-
point energy QEC presented in this work and previous studies require theoretical
input of the atomic parameters, that need to be re-evaluated, and suffer from the
same systematic uncertainties as the measurement of the spectrum itself. Therefore
also independent experimental determination of QEC will be needed.

The results presented in this work have encouraged the international scientific
community to consider the 163Ho electron capture as a viable option for future
neutrino mass experiments. Two major collaborations investigating the electron
capture of 163Ho have recently been formed, the HOLMES experiment and the ECHo
experiment. This work is part of the ECHo experiment.

The aim of the ECHo experiment is to set up large arrays of metallic magnetic
calorimeters with 104 . . . 106 individual detectors, that will be read-out by the mi-
crowave SQUID multiplexing technique. These arrays will be used to acquire a
high-statistics spectrum of the 163Ho electron capture to allow a sub-eV sensitivity
on the electron neutrino mass.

The 163Ho production and purification is an important task to provide the source
material for the experiments. The production processes need to be optimized and
the capabilities of nuclear chemistry need to be fully utilized to provide a as radio-
pure source as possible for the subsequent measurements.

The detectors need to be optimized to reach the best possible performance in
reliability, energy resolution and rise time not to impair the statistical sensitivity.
Highly efficient multiplexing techniques need to be employed to allow the read-out
of the large detector arrays, that are necessary to reach the required statistics.

The background reduction and prediction of the experiment will require work in
an uninvestigated low energy range, which will put the experience and the models
applied to higher energies to the test.

Also the parametrization of the 163Ho electron capture spectrum is not finalized at
this point. Dedicated experiments as well as theoretical calculations will be required
to correctly understand the measured spectrum and avoid systematic uncertainties.

While there is still a long way to go from here, the foundation for the neutrino
mass determination utilizing the 163Ho electron capture is laid.



A. Physical properties of the sensor material
Au:Er

This summarization of the physical properties of the sensor material Au:Er is primar-
ily based upon and partly reproduced from the explanations in [Sch00, Fle03b, Fle05]
and is added for the convenience of the reader. Other sources are cited throughout
the text.

A.1 Properties of Erbium in Gold

Erbium in low concentrations forms a solid solution with gold [Rid65]. Erbium
in the 3+ state substitutes for Au at regular fcc lattice sites giving three of its
electrons to the conduction band. The Er3+ ion has the electron configuration
[Kr]4d104f 115s25p6. The paramagnetic behavior results from the partially filled 4f

shell, having a radius of only about 0.3Å and located deep inside the outer 5s and
5p shells. For comparison, the ionic radius of Er3+ is about 1Å, as is depicted
in figure A.1. Because of this the influence of the crystal field is greatly reduced
and the magnetic moment can be calculated from the orbital angular momentum
L the spin angular momentum S and the total angular momentum J , which are
derived according to Hund’s rules. To a good approximation the admixture of exited
electronic states can be neglected and the magnetic moment µ can be written as

µ = gJJ (A.1)

with the Landé factor

gJ = 1 +
J(J + 1) + S(S + 1)− L(L+ 1)

2J(J + 1)
. (A.2)

For Er3+, L = 6, S = 3/2, J = 15/2 and gJ = 6/5. In dilute Au:Er samples the
magnetization can indeed be characterized by (A.1) at temperatures above about
100K [Wil69]. At lower temperatures it is necessary to include crystal field effects in
the description. The crystal field with fcc symmetry lifts the sixteen-fold degeneracy
of the Er3+ ground state, splitting it into a series of multiplets (one Γ6 and one Γ7

doublet and three Γ8 quartets). The lowest lying multiplet is a Γ7 Kramers doublet.
At sufficiently low temperatures and low magnetic fields the behavior of erbium in
gold can be approximated as a two level system with effective spin S̃ = 1/2 with an
isotropic g factor of g̃ = 34/5. This theoretical value has been confirmed by several
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Figure A.1 Schematic of a lattice section of
the Au:Er-alloy. The Er3+-ions take regular sites
within the Au-lattice. The only partially filled Er
4f -shell lies deep within the ion.

ESR experiments (see, for example [Tao71]). The magnitude of energy splitting
between the ground state doublet and the first excited multiplet (Γ8 quartet) has
been reported in different experiments [Sjø75, Dav73, Wil69, Hah92] to be between
11K and 19K.

Figure A.2 shows the magnetic susceptibility of Au doped with 600 ppm Er in
the temperature range between 100µK and 300K. The data have been obtained in
three different experiments [Her00, Fle03b]. While the data at high temperatures
(T > 100K) are in good agreement with the Curie law for J = 15/2 and gJ = 6/5

there is an increasing deviation from the high temperature approximation below
100K. This is a result of the depopulation of the multiplets with higher energies.
At temperatures below about 1.5K the data follow a Curie law once again, but
with a reduced Curie constant in agreement with the effective spin S̃ = 1/2 and
g factor g̃ = 6.8 for the ground state doublet. At temperatures below 50mK and
in low magnetic fields such that saturation is unimportant (g̃µBB < kBT ), the
susceptibility becomes much less temperature dependent. This is a result of the
influence of the exchange interaction between the magnetic moments. Finally, at
a temperature of about 0.9mK a maximum in the magnetic susceptibility of the
600 ppm sample is observed, which is the result of a transition to a spin glass state.

A.2 Thermodynamic characterization of non-interacting mag-
netic moments

The magnetization of the Au:Er alloy, due to the properties of the Er3+-ions, can be
used as a temperature information. And since the magnetization is a thermodynamic
equilibrium property it can be accurately described theoretically. Starting from a
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Figure A.2 Paramagnetic contribution to the magnetic susceptibility of Au containing 600 ppm
Er as a function of temperature. The two straight lines represent the Curie susceptibility assuming
Er+3 ions in the Γ7-groundstate doublet and Er+3 ions without crystal field splitting. After [Fle03b]

suitable thermodynamic potential, like the free energy with its’s full differential

dF = −S dT − VMdB − p dV︸︷︷︸
=0

, (A.3)

with the volume change dV being negligibly small. The free energy F in statistical
physics can be found to be

F = −NkBT ln z , (A.4)

being a function of the number of magnetic moments N , the Boltzmann constant
kB = 1.381 · 10−23 J/K and the canonical partition function:

z =
∑
i

e
− Ei
kBT , (A.5)

with Ei being the energy eigenstates available to one magnetic moment. This
preparatory work (eq. A.3-A.5) can now be used to calculate the properties nec-
essary to estimate the performance as a thermometer from our system, namely the
heat capacity C, the magnetization M and it’s change with temperature ∂M/∂T :
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C =
N

kBT 2

{〈
E2
〉
−
〈
E
〉2
}
, (A.6)

M = −N
V

〈
∂E

∂B

〉
, (A.7)

∂M

∂T
=

N

V kBT 2

{〈
E
∂E

∂B

〉
−
〈
E
〉〈∂E

∂B

〉}
. (A.8)

This general theory on magnetic moments will now be applied to the case of 3+Er

ions in gold. In the previous section A.1 it was shown that at low temperatures only
two alignments are possible for the magnetic moments of the ions in an external
magnetic field B. The matching energy eigenvalues are

EmS̃
= mS̃g̃µBB , (A.9)

with mS̃ = ± 1/2 being the z-component of the quasi spin, g̃ = 6.8 the effective
isotropic Landé factor of the Γ7 Kramers doublet, µB = 9.274 · 10−24 Am2 the Bohr
magneton and B the absolute value of the magnetic field. Now the properties from
eq. A.6–A.8 can be calculated, leading to the well established Schottky anomaly

CZ = NkB

(
E

kBT

)2
eE/kBT

(eE/kBT + 1)2
(A.10)

for the heat capacity that is depicted in fig. A.3 and shows a characteristic maximum
if the thermal energy kBT is about half the energy splitting ∆E = gS̃µBB.

Calculating the magnetization of the Au:Er alloy in a similar fashion results in

M =
N

V
S̃g̃µBBS̃(h) (A.11)

with the Billouin function

BS̃ =
2S̃ + 1

2S̃
coth

[
(2S̃ + 1)h

2S̃

]
− 1

2S̃
coth

[
h

2S̃

]
(A.12)

and it’s argument

h =
S̃g̃µBB

kBT
. (A.13)
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a S̃ = 1/2 system in the approximation of non-
interacting magnetic moments.

Fig. A.4 depicts the Billouin function in the appropriate case of S̃ = 1/2 that
shows the qualitative shape of the magnetization. The maximum value is defined by
the density of magnetic ions N/V and the maximum z component of the magnetic
moment S̃g̃µB. The field and temperature dependence enters through the argument
of the Brillouin function in the ratio B/T . At low temperatures respectively high fields
(h� 1) the magnetization saturates because all magnetic moments are aligned with
the external field, while in the opposite case (h � 1) the magnetization enters a
quasi linear regime known as Curie’s law.
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A.3 Thermodynamic characterization of interacting magnetic
moments

While the assumption of non-interacting spins is sufficient for a qualitative descrip-
tion of the magnetic behavior of Au:Er, it is inadequate for a quantitative analysis.
To calculate the magnetic response of Au:Er both the magnetic dipole-dipole inter-
action and the indirect exchange interacting between the spins must be taken into
account.

A.3.1 Dipole-dipole interaction

The interaction of two paramagnetic ions at the positions ri and rj through their
respective magnetic moment µi/j enters the system’s Hamiltonian through the fol-
lowing additional term:

Hdipole
ij =

µ0

4π

1

r3
ij

{
µi · µj − 3(µi · r̂ij)(µj · r̂ij)

}
. (A.14)

The quantity r̂ij represents the unit vector in the direction ri − rj and rij the
distance between the magnetic moments.

Because of the isotropy of the Γ7 ground state doublet, the dipole-dipole inter-
action can be expressed in terms of the effective spins S̃i and S̃j

Hdipole
ij = Γdipole

1

(2kFrij)3

{
S̃i · S̃j − 3

(
S̃i · r̂ij

)(
S̃j · r̂ij

)}
(A.15)

with prefactor Γdipole = (µ0/4π) (g̃µB)2 (2kF)3 and kF = 1.2 ·1010 m−1 being the Fermi
wave vector of the gold conduction electrons.1

A.3.2 RKKY interaction

The exchange interaction of the localized 4f electrons of the erbium ions with the
gold conduction electrons gives rise to an additional interaction between the erbium
ions, the indirect exchange or Ruderman-Kittel-Kasuya-Yosida (RKKY) interaction.
Expressed in terms of the effective spin, the RKKY interaction between two erbium

1The Fermi wave vector has been introduced artificially here to simplify the quantitative com-
parison with the indirect exchange interaction discussed later.



A.3. Thermodynamic characterization of interacting magnetic moments 115

spins can be written as

HRKKY
ij = ΓRKKY (S̃i · S̃j)F (2kFrij) (A.16)

with the function F (2kFrij) being

F (2kFrij) =
1

(2kFrij)3

[
cos(2kFrij)−

1

2kFrij
sin(2kFrij)

]
(A.17)

and prefactor ΓRKKY given by

ΓRKKY = J 2 4V 2
0 m

∗
ek

4
F

~2(2π)3

g̃2(gJ − 1)2

g2
J

. (A.18)

Here J denotes the coupling energy between the localized spins and the conduction
electrons, V0 is the volume of the elementary cell and m∗e is the effective mass of
the conduction electrons. The expression for the RKKY interaction given above is
derived under the assumption that the mean free path of the electrons is larger than
the mean distance between the localized erbium ions. In principle, it is possible
that the RKKY interaction is reduced due to a finite coherence length λ of the
spin polarization of the conduction electrons. In this case an additional factor e−r/λ

would appear in (A.16). However, for Au:Er with suitable erbium concentrations
for its main application in low temperature metallic magnetic calorimeters (MMCs),
the mean free path of the conduction electrons is always much larger than the mean
separation of the erbium ions.2

The fact that both the dipole-dipole interaction and the RKKY interaction are
proportional to 1/r3ij allows us to compare their relative strength by a dimensionless
parameter which is defined as the ratio of the two pre-factors

α =
ΓRKKY

Γdipole

. (A.19)

Using this parameter α the coupling energy J can be expressed as3

J '
√
α 0.145 eV . (A.20)

2In measurements of the residual resistivity of dilute Au1−xErx alloys % = x 6.7× 10−6 Ω m was
found [Ara66, Edw68], and one can conclude that the mean free path of the conduction electrons
is about 4000Å for an erbium concentration of x = 300 ppm.

3The value of J given by (A.20) refers to the definition of the exchange energy between a
localized spin S and a free electron s being H = J s ·S. The definition H = 2J s ·S is often found
in literature, leading to values of the parameter J being smaller by a factor of two.
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A.4 Numerical calculation of the thermodynamical proper-
ties

A determination of the heat capacity and magnetization of a system of randomly
distributed, interacting erbium spins requires a numerical calculation. There is a
number of ways to perform this kind of calculation in the framework of a mean-field
approximation. The method that requires the least amount of CPU time assumes
the specific form of the mean field distribution that has been derived by Walker and
Walstedt [Wal77, Wal80] for magnetic moments randomly distributed in a contin-
uous medium. These authors showed that this analytic representation of the mean
field distribution agrees well with numerically calculated mean field distributions.

An alternative approach is to write down the Hamiltonian for a cluster of interact-
ing, randomly distributed spins on the Au lattice and obtain the eigenvalues of the
cluster. This process is repeated for a large number of configurations of randomly
positioned spins with the heat capacity and magnetization obtained by averaging.
Since this process delivers the more accurate results and is currently used to de-
termine the Au:Er behavior theoretically it will be explained in more detail in the
following.

The basis for this approach is a cubic lattice segment of the gold fcc-lattice,
typically with an edge length of ten to twenty lattice constants, depending on the
simulated spin concentration. Additionally quasi-periodic boundary conditions are
assumed, repeating the cube four times in every direction in space. On this lat-
tice segment n = const. spins are randomly distributed. For each configuration the
Hamiltonian matrix is constructed. It includes the interaction of the magnetic mo-
ments with the external magnetic field (Zeeman interaction) and the dipole-dipole
and RKKY interaction in between spin pairs.

In the basis | S1, S2, . . . , Snmax

〉
with the spin eigenvalues Si ∈ {|↑

〉
, |↓
〉
} and

B = (0, 0, Bz) the Hamiltonian of two spins S1 und S2 at positions r1 und r2 takes
the following form:
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H = HZeeman +Hdipole +HRKKY, with (A.21)

HZeeman = −g̃µB(Sz 1 + Sz 2)Bz , (A.22)

Hdipole =
µ0

4π

(g̃µB)2

r3

(
−(3 cos2 θ − 1) ( Sz 1Sz 2 )
+1/4 (3 cos2 θ − 1) ( S+ 1S− 2 + S− 1S+ 2 )
−3/2 sin θ cos θ ( Sz 1S+ 2 + Sz 2S+ 1 )
−3/2 sin θ cos θ ( Sz 1S− 2 + Sz 2S− 1 )
−3/4 sin2 θ ( S+ 1S+ 2 )
−3/4 sin2 θ ( S− 1S− 2 )

)
,

(A.23)

HRKKY = α
µ0

4π
(g̃µB)2 (2kF )3

(
Sz 1Sz 2 +

1

2
(S+ 1S− 2 + S− 1S+ 2)

)
F (ρ) (A.24)

and
F (ρ) = ρ−3

(
cos(ρ)− sin(ρ)

ρ

)
, ρ = 2kFr . (A.25)

In this context θ is the angle between B and r̂ = r2−r1
|r2−r1| . S+ and S− are the

usual raising and lowering operators. The Hamiltonian matrix has the rank 2n

and therefore 22n elements. For reasons of clarity and comprehension the shown
Hamiltonian is limited to two interacting magnetic moments:

H =


|↑↑
〉

|↑↓
〉

|↓↑
〉

|↓↓
〉

−D2 + 1
4
R + 2Z −D1 −D1 −D3

−D1 +D2 − 1
4
R +D2 + 1

2
R +D1

−D1 +D2 + 1
2
R +D2 − 1

4
R +D1

−D3 +D1 +D1 −D2 + 1
4
R− 2Z

, (A.26)

with the variables Z = −1

2
g̃µBBz︸ ︷︷ ︸

Zeeman

, R = α
µ0

4π
(g̃µB)2(2kF)3 F(ρ)︸ ︷︷ ︸
RKKY

and

D1 =
3

4

µ0

4π

g̃µB

r3
cos θ sin θ , D2 =

1

4

µ0

4π

g̃µB

r3
(3 cos2 θ − 1) , D3 =

3

4

µ0

4π

g̃µB

r3
sin2 θ︸ ︷︷ ︸

dipole− dipole

.

The parameters of the Monte-Carlo style simulation are chosen in the following
way: n = 6 was chosen based on the minor improvement in accuracy for n > 6 and
the available computation time. The lattice size was adjusted between 10 and 40
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Figure A.5 Specific heat of Au:Er with
300 ppm enriched 166Er as a function of temper-
ature at different applied magnetic fields. The
solid lines are calculated numerically with a in-
teraction parameter α = 5 [Ens00]

lattice constants to cover the usually used concentrations below 5000 ppm. These
n spins are then randomly distributed across the lattice. Since the sensor material
is normally available in a polycrystalline form also the orientation of the magnetic
field is not previously defined and is chosen randomly and the angle θ is calculated
accordingly for each pair of spins.

Based on this randomly chosen configuration the Hamiltonian matrix is con-
structed for different values of the external magnetic field and the energy eigenvalues
are calculated by numerically diagonalizing the matrix. With the energy eigenval-
ues the thermodynamic properties C, M , and ∂M/∂T can be calculated at any given
temperature according to eq. A.6–A.8.

These calculation is repeated a large number of times and the results then aver-
aged to get the final predictions for the thermodynamic properties. For the extreme
cases, namely temperatures below 20 mK and concentrations above 1000 ppm the
number of repetitions needs to be at least 104 to get stable results.

As an example we show in Fig. A.5 the specific heat of an Au:Er sample having a
concentration of 300 ppm of 97.8% enriched 166Er. The temperature of the maximum
in the specific heat depends on the magnitude of the external magnetic field as
expected for a Schottky anomaly. However, the maximum is about twice as wide
as for a non-interacting spin system. Calculations based on averaging over spin
clusters provide a quantitative agreement assuming an interaction parameter α of 5.
Although the calculated curves depend rather strongly on the choice of α, the value
of α = 5 should be viewed as an upper bound for the following two reasons. Firstly,
the presence of 167Er in the enriched sample leads to a slight additional broadening of
the curve because of the hyperfine contribution of this isotope. Secondly, additional
broadening results from a variation of the applied magnetic field, of about 10 to
15%, over the sample due to the geometry of the field coil.
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The magnetization is plotted as a function of 1/T in Fig. A.6 at several different
magnetic fields for the 300 ppm sample. As in the case of the specific heat, the
magnetization deviates for the behavior of isolated spins. The deviation is primarily
due to the interaction between the magnetic moments, but a small contribution is
also present due to the two reasons discussed above for the heat capacity. Again the
data can be described satisfactorily by assuming an interaction parameter of α = 5.

The magnetic properties of a weakly interacting spin system is perhaps most
easily characterized in terms of the temperature dependence of the susceptibility
given by the Curie-Weiss law, χ = λ/(T+θ). The Curie constant λ is proportional
to the concentration of the spins, as is the Weiss constant θ, which is a measure of
strength of the interactions. For the Au:Er system, λ = x 5.3K and θ = αx 1.1K,
where x is the concentration of erbium ions.

A.5 Response Time

Au:Er can be used as temperature sensor in several ways, one of which is the use in
low temperature detectors as proposed by Bandler et al. [Ban93]. For this applica-
tion not only the resolving power in temperature is important, but also the response
time since it directly influences the count rate of the detector.

The rise time is influenced by two factors. Firstly the heat needs to get to the
temperature sensor and secondly the heat needs to influence the spins and create
the magnetic signal.

In a usual setup for soft X-ray detection the temperature sensor is connected to
a particle absorber made of electroplated pure gold with dimensions of 250µm ×
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Figure A.7 Detector signals in units of mag-
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Korringa relation described in the text.

250µm×5µm with a residual resistivity ratio of R300K/R4K
≈ 15. In such an absorber

the thermalization process is governed by the thermal diffusion within the absorber
since the down conversion to thermal energies is completed on the order of ∼ 0.5 ns

within a volume of a few cubic micrometers [Ens00, Koz12]. The time scale for
the diffusion process is mainly determined by the geometry of the absorber and the
presence of defects such as grain boundaries and dislocations. If we assume the
before mentioned geometry, the thermalization time, using the Wiedemann–Franz
law, can be estimated to be on the order of 10 ns.

The time for the heat to flow from the absorber into the sensor is more difficult
to estimate since this depends very much on the nature of the thermal connection
between the two components. For sputter deposited or electroplated gold absorbers,
as used in micro-fabricated detectors, the thermal contact is sufficiently strong that
no degradation of the response time of the magnetic calorimeters due to the presence
of the interface is observable.

Finally, the energy is shared with the magnetic moments in the sensor mate-
rial giving rise of the signal. The response time of the spins is determined by the
electron-spin relaxation time τ , which is described by the Korringa relation τ = κ/T ,
where κ denotes the Korringa constant. For Au:Er the Korringa constant has been
determined in ESR measurements at 1K to be κ = 7×10−9 Ks [Sjø75]. This value of
κ yields a spin-electron relaxation time of the order of 100 ns at the usual operation
temperatures below 100 mK.

Therefore the electron-spin relaxation is the dominating factor in the response
time of metallic magnetic calorimeters based on the sensor material Au:Er. This has
successfully been shown in [Fle09] where rise times as low as τ = 90 ns have been
observed and is shown in fig. A.7 reproduced from the same source.
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While this balance between heat diffusion and electron-spin relaxation works out
well for small detectors for soft X-ray spectroscopy this balance is off in case of
larger detectors for hard X-ray or γ-ray spectroscopy. For detectors like maXs-
200, described in [Pie12b, Pie12a], with absorber dimensions of 2000µm×500µm×
200µm the heat diffusion within the absorber is the governing factor in the response
time. Depending on the interaction site in the absorber the heat can reach the
sensor with different time patterns and create different detector responses [Pie12a].
These different pulse shapes will complicate the analysis and degrade the detector
resolution. Therefore it is helpful to weaken the link between absorber and Au:Er
sensor to allow the absorber to thermalize internally before allowing the heat to
flow to the sensor creating consistent pulse shapes independent of the interaction
site within the absorber.

Influence of Nuclear Spins

In the design of a magnetic calorimeter the possible influence of nuclear spins has to
be considered. In the case of Au:Er there are two ways in which nuclei can affect the
performance of the calorimeter. Firstly, the isotope 167Er with nuclear spin I = 7/2

influences the magnetization and the heat capacity due to its hyperfine interaction
with the 4f electrons. Secondly, and more subtle, the 100% abundant 198Au nuclei
with small magnetic moment but large quadrupole moment may contribute to the
specific heat if the nuclei reside at positions where the electric field gradient is of
non-cubic symmetry.

The hyperfine contribution of the erbium isotope 167Er, if used in its natural
abundance of 23%, significantly reduces the magnetization signal and increases
the specific heat of the sensor material. But since presently all metallic magnetic
calorimeters use Au:Er that is depleted in 167Er, it has no visible effect on the ther-
modynamic properties of the sensor material. The influence of 167Er has nonetheless
been investigated in [Sjø75] and its effect on metallic magnetic calorimeters has been
summarized in e.g. [Fle05].

Nuclei of the host metal can also influence the performance of an MMC. The
198Au nuclei have spin I = 3/2, a quadrupole moment of 0.547 barn and a magnetic
moment sufficiently small to be neglected. In pure gold no contribution of the nuclear
spins to the specific heat is expected at low fields, since the electric field of cubic
symmetry does not lift the degeneracy of the nuclear levels. However, for Au nuclei in
the vicinity of an Er3+ ion the electric field gradient can be substantial and can split
the nuclear levels. This results in an additional heat capacity. Fig. A.8 shows the
measured heat capacity of the Au nuclei as a function of temperatures for samples
with different erbium concentrations. The data below 10mK for the sample with
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600 ppm is the total specific heat since at such low temperatures the contribution
of the Au nuclei is substantially larger than that of all other degrees of freedom.
The figure also shows a theoretical curve calculated assuming a quadrupole splitting
of 70MHz for Au nuclei in the immediate vicinity of erbium ions, the splitting
decreasing for nuclei at larger distances in a manner similar to that measured in
other dilute alloys such as Cu:Pt [Kon96], Cu:Pd [Min80], and Gd:Au [Per76].
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Figure A.8 Contribution of the Au nuclei to the specific heat of Au:Er samples with different
concentrations. The solid line represents a theoretical curve assuming a quadrupole splitting of
70MHz for Au nuclei, which are nearest neighbors of Er. Here ctot denotes the total specific heat
and cn the contribution of just the Au nuclei to the specific heat. After [Ens00]

This unwanted contribution to the specific heat can only be eliminated by using a
host material which has a nuclear spin I ≤ 1/2. At first glance it would appear desir-
able to use silver as a host material rather than gold since the two isotopes of silver
(107Ag and 109Ag) both have nuclear spin I = 1/2. However, the exchange energy
J is 1.6 larger in silver than in gold as determined by ESR measurements[Tao71].
Since the interaction parameter α is quadratic in the exchange energy α ∝ J 2, as
shown in [Bur08] where α = 15 was found, silver is not as attractive as a host ma-
terial for a magnetic sensor. Just recently the interest in Ag:Er as sensor material
has increased regardless, since MMCs have been used at even lower temperatures on
the order of T = 10 mK where the additional specific heat in Au:Er might outweigh
the stronger RKKY-interaction in Ag:Er.
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A.5.1 Excess 1/f -noise and AC-susceptibility

While investigating the noise behavior of metallic magnetic calorimeters with Au:Er
as sensor material an excess noise contribution has been observed. The contribution
was empirically found to be independent of temperature between 4.2 K and 20 mK

and its noise power is proportional to the concentration of erbium ions in the sensor.
It can be described by attributing a fluctuating magnetic moment with a spectral
noise density of Sm ' 0.1 µ2B/fη to each erbium ion, where µB is the Bohr magneton,
f is the frequency and the exponent η takes values between 0.8 and 1 [Dan05,
Fle09]. The same behavior was also found in detectors based on the sensor material
Ag:Er [Bur08].

Similar behavior was found in several spin glasses (e.g. [Rei86, Sve89]) and
agreed with the fluctuation-dissipation theorem [Joh28, Nyq28] by comparing ac-
susceptibility measurements with equilibrium magnetic noise of the same sample.
But the amplitude of the 1/f -noise decreased quickly for T > Tc, where Tc is the
transition temperature to the spin glass state, until not distinguishable from the
background noise.

Au:Er also undergoes a transition to a spin glass but up to two orders of mag-
nitude below the temperatures metallic magnetic calorimeters are usually operated
at (see sec. A.1). Therefore the 1/f -noise should not be observable if explained
by the same underlying cause. Recent investigations [Hof12, Wiß13] nonetheless
found that the 1/f -noise found in metallic magnetic calorimeters is in fact caused
by the fluctuation-dissipation theorem, also by comparing the ac-susceptibility with
equilibrium magnetic noise in a temperature range between 20 mK and 1 K for two
Au:Er255 ppm and Au:Er845 ppm samples.
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