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Zusammenfassung

Effektive Neutrinowechselwirkungen: Ursprünge und Phänomenologie

Diese Arbeit beschäftigt sich mit Neutrinowechselwirkungen jenseits des Standard-
modells der Teilchenphysik im modellunabhängigen Formalismus der effektiven Feld-
theorien. Hierbei werden allgemeine eich- und Lorentz-invariante Operatoren ver-
wendet, die aus den Fundamentalteilchen des Standardmodells und hypothetischen
sterilen Neutrinos zusammengesetzt werden können, wobei der Schwerpunkt auf Neu-
trinowechselwirkungen gelegt wird. Die Operatoren werden hierbei abhängig von der
Energieskala konstruiert, entweder oberhalb oder unterhalb der elektroschwachen
Skala. Weiterhin werden mögliche theoretische Ursprünge dieser Wechselwirkungen
identifiziert, wobei Erweiterungen der Eichgruppe, Leptoquarks, sowie geladene und
ungeladene Skalare betrachtet werden. Diese können anhand ihrer Auswirkungen in
Neutrinoexperimenten und durch die Erzeugung der Teilchen, die die neue Wech-
selwirkung vermitteln, am Teilchenbeschleuniger getestet und eingeschränkt werden.
In der Folge wird untersucht, wie verschiedene Experimente bei Energien unterhalb
der elektroschwachen Skala die effektiven Neutrinowechselwirkungen einschränken.
Hierbei werden insbesondere die Sensitivitäten der Experimente DUNE und KA-
TRIN auf neue Wechselwirkungen, die die Neutrino-Elektron-Streuung beziehungs-
weise den Betazerfall von Tritium beeinflussen, evaluiert. Es wird aufgezeigt, wie
die derzeitigen Schranken der Wechselwirkungsstärke davon abhängen, ob die neuen
Wechselwirkungen von hohen Energieskalen ausgehen und in der Form von eichinva-
rianten Operatoren oberhalb der elektroschwachen Skala dargestellt werden können.
Als eine zusätzliche Anwendung der vorgestellten effektiven Feldtheorie werden sterile
Neutrinos mit einer Masse im Bereich von zehn bis einigen tausend Gigaelektronen-
volt als mögliche Form der dunklen Materie diskutiert, wobei diese mittels effektiver
Operatoren an die Standardmodell-Fermionen der dritten Generation gekoppelt sind.
Es wird gezeigt, dass dieses Szenario konsistent mit der beobachteten Menge dunkler
Materie im Universum und den Ergebnissen der Experimente zu ihrem direkten und
indirekten Nachweis sind. Drei verschiedene Modelle, die die betrachteten Operatoren
erzeugen können, werden vorgestellt. Ein wirkungsvoller Weg, diese zu unterschei-
den, ist ihre Wechselwirkungsträger am Large Hadron Collider zu erzeugen und zu
identifizieren.





Abstract

Effective neutrino interactions: Origins and phenomenology

We investigate neutrino interactions beyond the Standard Model of particle physics in
a model-independent framework. Considering general gauge- and Lorentz-invariant
operators composed of the known fundamental particles and hypothetical sterile neu-
trinos, we review the effective field theory descriptions of interactions above and be-
low the weak scale with particular emphasis on neutrino interactions. Furthermore,
we identify gauge extensions, leptoquarks, as well as charged and neutral scalars as
potential origins of such new interactions which are consistent with our current obser-
vations and can be tested through their traces in neutrino experiments or the direct
production of mediators at particle colliders. We survey experimental constraints on
effective neutrino interactions at energies below the weak scale, including an analysis
of the sensitivity of the DUNE and KATRIN experiments towards new interactions
in neutrino-electron scattering and tritium beta decay, respectively. We find that
if the new interactions are generated by gauge-invariant operators above the weak
scale, which would be expected if they originate from new physics at high energies,
neutrino interactions are more strongly constrained. The reason is that in this case
they are accompanied by additional interactions involving charged leptons which are
tested to greater precision. As an additional application of the framework, we show
that sterile neutrinos are phenomenologically viable candidates for dark matter when
identified as weakly interacting massive particles interacting through effective oper-
ators with Standard Model fermions of the third generation. As we show for three
examples, explicit models generating these effective interactions can be distinguished
by producing the mediator particles at the Large Hadron Collider.
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1. Introduction

1.1. Neutrino interactions as a pathway to new physics

Neutrinos are elusive. This statement is perhaps more vividly illustrated if one contrasts
the history of these “little neutrons” with the spectacle of immensely energetic colli-
sions and showers of strongly and electromagnetically interacting particles that makes
up much of the story of the Standard Model of particle physics (SM). Indeed, the first
sign of neutrinos was merely the absence of something else. They were hypothesized
by W. Pauli in 1930 to explain what carried away the missing energy in nuclear beta
decays. It was not until 1956 that the electron antineutrino was actually detected in
the first reactor neutrino experiment [7]. In the meantime, neutron, positron, muon, and
antiproton had been discovered, E. Fermi had set forth his theory of weak interactions, H.
Yukawa had presented his theory of nuclear interactions postulating the pion, which was
subsequently experimentally verified, C.N. Yang and R. Mills had introduced non-abelian
gauge theories—and of course the nuclear chain reaction had been made usable and abus-
able [8–13]. Fast forwarding to 1995, the discovery of the top quark demonstrated the
remarkable capabilities of accelerator and detector technology [14]. The procedure of
colliding strongly accelerated particles and identifying the numerous remnants of such
collisions was evidently advanced enough to deduce the masses and interactions of inter-
mediate particles as heavy as 173 GeV produced for only split seconds. Yet, neutrinos
created in such collisions were still only tractable in the form of missing energy. Nonethe-
less, one could conclude that there had to be neutrinos and antineutrinos of three flavors
to provide a consistent picture of lepton number and lepton flavor conservation. However,
the masses of neutrinos could or could not be zero while there were hints for actual non-
conservation of neutrino flavor such as the missing electron neutrinos from the sun and
missing atmospheric muon neutrinos. What followed was the success story of neutrino
oscillations starting with Super-Kamiokande confirming the oscillation of atmospheric
muon neutrinos in 1998 and the Sudbury Neutrino Observatory confirming that flavor
transitions were responsible for the electron neutrino deficit from the sun [15,16]. Thanks
to the work of these and numerous other experimental groups by now we have a solid
understanding of the mixing of neutrinos of which at least two have to be massive in
order to explain observations.

The detection of the Higgs boson by the CMS and ATLAS collaborations in 2012 was
a spectacular confirmation of the SM and its mechanism for the generation of charged
fermion masses. On the other hand, the SM cannot explain neutrino masses without
extending the particle content, because the Higgs mechanism does not apply in the ab-
sence of right-handed neutrinos, and a Majorana mass cannot be generated through
gauge-invariant and renormalizable interactions with SM particles either. For this reason
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neutrino oscillations, which require neutrino masses, are arguably our most compelling ev-
idence for physics beyond the Standard Model (BSM) to date. It is quite conceivable that
the new particles needed to explain the neutrino masses involve neutral fermions which
are uncharged under the SM gauge group and are therefore called sterile neutrinos, in
contrast to the active neutrinos of the SM. Their masses could be anywhere between as
light as the active neutrinos and much larger than all other SM particles [17]. These
theoretical open questions about the neutrino sector are an excellent motivation to push
neutrino physics even further in terms of precision on the experimental side and search
for additional hints of new physics. The community has recognized this, as evidenced by
the decisions to construct massive new experiments such as Hyper-Kamiokande [18] and
the Deep Underground Neutrino Experiment (DUNE) [19]. Besides the immediate im-
portance of these and other projects for fundamental physics, direction-sensitive neutrino
detectors are a crucial component of the new era of multi-messenger astronomy—with
neutrinos and gravitational waves complementing the traditional messengers, photons
and cosmic rays. All of this calls for theorists to identify possible signals of new physics
in the neutrino sector that can be tested in the present and upcoming experiments, which
is the focus of this thesis.

Our approach is to study new interactions in a very general manner which means that
we do not start from specific models and particular new particles. Rather, we use the
framework of effective interactions in which we presuppose only our known elementary
particles and symmetries such as spacetime and gauge symmetries. The only amendment
to this is that we account for hypothetical sterile neutrinos. The theoretical framework
of effective field theories (EFTs) [20] has become an important component of the ex-
perimental search for particle physics beyond the SM. The main reason for the ascent
of EFTs compared to explicit ultraviolet (UV) complete models such as theoretically
motivated extensions of the SM like the Minimal Supersymmetric Standard Model is
that no compelling signs of any such theory have been observed so far. With powerful
experimental machines like the Large Hadron Collider (LHC) in place, the question “if
we do not observe these popular models, what else could we look for?” has called for
an extensive investigation of possible observables relying on fewer theoretical assump-
tions. A model-independent framework of strong interest in the collider community is
the Standard Model Effective Field Theory (SMEFT) [21], even though the assumptions
of SMEFT can also lead to blind spots in potential signals and additionally so-called
simplified models are being tested [22]. Another interesting possibility is the extension
of SMEFT by right-handed SM-singlet neutrinos (SMNEFT or νSMNEFT) [3, 23] that
would be expected to interact with the SM particles only through some new heavy me-
diator particles or through very weak mixing with the active neutrinos. This description
is most suitable for collider scale energies. In the context of neutrino experiments which
usually feature physics at significantly lower energies, effective interactions have been
studied in a different EFT framework which reflects that the SM gauge symmetry is par-
tially broken at these scales. A substantial amount of research has been pursued on the
topic of such Non-Standard Interactions (NSI) [24, 25]. Dealing with massive neutrinos
but applying the same EFT philosophy, these types of interactions can be extended to
the General Neutrino Interactions (GNI). However, if new physics appears at a very high
energy scale (particles with masses beyond the current reach of the LHC), then the same
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new physics will induce both SMNEFT and GNI operators which are related by matching
relations of the two EFT frameworks.

A strong advantage of the EFT treatment of new physics is that the results of experi-
mental searches can be expressed as constraints on a finite number of Wilson coefficients
at a given order in the expansion instead of constraints on various models. This allows
us to easily compare bounds from different experiments in a model-independent way.
Moreover, there may be some effective interactions discovered for which there does not
yet exist a model and we could unnecessarily overlook these in the search for new physics
if we neglect them. On the other hand, ultimately a consistent theory to explain the
interactions is required to give meaning to the set of coefficients and to properly expand
the SM. Therefore, in this thesis we consider both experimental constraints on the generic
EFTs and concrete models which could realize various different interactions appearing
therein.

The fact that we include sterile neutrinos in our EFT opens up an intriguing possible
excursion. While we described neutrinos as elusive, we must admit that they have a
worthy companion in this regard. Overwhelming astronomical and cosmological evidence
implies the existence of dark matter. In fact, the majority of matter in the universe is
found to be made up of this type of matter which is most likely not part of the SM. Like
the neutrino, it was first postulated to explain something that was missing. In this case
it was enormous amounts of mass to warrant the gravitational attraction observed from
visible parts of galaxies and clusters [26–28]. Thanks to our understanding of the cosmic
microwave background and the formation of structure in the universe, it is now evident
that this dark matter must have been present for some time before photons decoupled
from the primordial particle sea. It makes up about 85% of all matter, the other 15%
consisting of SM particles which we call ordinary matter [29]. Observations so far show
no signs of dark matter interacting through a force other than gravity. However, to
explain its abundance in relation to ordinary matter it is often postulated that there is
another coupling to the SM. For instance, a neutral weakly interacting massive particle
(WIMP) of mass around 1-1000 GeV interacting about as weakly with the SM as the
neutrinos could have been produced in the observed abundance. Such postulated non-
gravitational interactions would make it possible to detect dark matter on Earth, since one
would expect a large flux as the solar system moves in the galactic plane and therefore
through the dark matter halo of the Milky Way. The obstacles to this detection are,
depending on the precise assumptions, similar to neutrino detection: One expects a
very small interaction cross section which requires a large detector volume and a low
background in order to observe a decent number of events. Now since we are including
sterile neutrinos of unknown mass in our EFTs, it is a an interesting possibility to identify
such a sterile neutrino with the WIMP. This identification actually goes back to the initial
proposals of WIMP dark matter [30–34]. Clearly, the mixing with active neutrinos must
be extremely suppressed or absent in order for the dark matter to not quickly decay into
active neutrinos, but this can be postulated to interpret the SMNEFT framework as a
dark matter EFT.

This thesis is structured as follows. We complete the introduction in Section 1.2 by
reviewing how neutrino masses can be introduced to the SM and what the current status
of masses and mixing in the neutrino sector is. In Chapter 2 we introduce the EFT frame-
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work for neutrino interactions above and below the weak scale. This is the conceptual
toolbox from which we draw in the remaining chapters. These can be understood to a
large extent independently of each other. Three types of explicit models extending the
SM, which can be mapped to different types of neutrino interactions in the EFT, are
presented in Chapter 3. This serves mainly to illustrate how the various types of inter-
actions can realistically be generated from consistent models. In Chapter 4 we discuss a
number of experiments and which constraints they pose on new neutrino interactions. As
an excursion, we apply the EFT framework to dark matter in Chapter 5 and demonstrate
that one can consistently explain observations with several scenarios of sterile neutrino
dark matter coupling to the third generation SM fermions via four-fermion operators. We
conclude the thesis in Chapter 6. It should be noted that some familiarity with quantum
field theory (QFT) and the SM is presupposed.

In this work we draw to a significant extent from the contents of Reference [1–4].
Specifically, Section 3.3 is based on Reference [1] with a new discussion of the embedding
into SMNEFT and experimental constraints. Section 4.4 is based on Reference [2] with
an additional discussion of the scattering of electron neutrinos off electrons and current
bounds on this process. Chapter 2, Section 4.2, and Section 4.3 are mostly based on Ref-
erence [3]. Finally, Section 3.1.2 and Chapter 5 feature the contents of Reference [4]. We
will restate these connections at the beginning of the corresponding chapters. Additional
publications completed by the author in collaboration with others during the doctoral
studies, which were not included in this thesis, are References [5, 6].

1.2. Neutrinos beyond the Standard Model

To introduce our notation and approach our entry point to neutrino physics, we briefly
sketch some basics of the SM. Our notational conventions follow Reference [35]. We
will rely on the distinction of Weyl, Majorana and Dirac fermions and therefore briefly
summarize these concepts in Appendix A.1. The SM is a gauge theory of the group
SU(3)C×SU(2)L×U(1)Y made up by the elementary particles summarized in Table 1.1
in terms of their representation of the Lorentz group (spin) and gauge group. The fields
Yµ, Wµ, and Gµ are the gauge fields of the U(1)Y , SU(2)L, and SU(3)C subgroups,
respectively, where µ (and later also ν) is a spacetime index. The generators of SU(2)L,
the Pauli matrices, are denoted by τ I , while the generators of SU(3)C, the Gell-Mann
matrices, are denoted by TA. Additionally, there are five types of fermions with three
generations each, and one complex scalar field, the Higgs doublet. For generation indices
we use the letters α, β, γ, δ, while components of SU(2)L doublets are indicated by a, b.
The fermions are Weyl spinors which means that they have only one chiral component,
but also that they are massless. Since this is in obvious conflict with our observation of
massive fermions there has to be some explanation on how the masses of fermions are
generated. This is of course the celebrated Higgs mechanism. To introduce our discussion
of neutrino physics, we now first compare the origin of charged fermion masses to the
possible mechanisms responsible for neutrino masses.
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Table 1.1. Representations of the fields in the SM. In the last row, we show hypothetical
sterile neutrinos which are not part of the SM and whose number is not fixed by theoretical
requirements.

Field Spin SU(3)C×SU(2)L×U(1)Y
representation

Lepton doublets lα =

(
νeL
eL

)
,

(
νµL
µL

)
,

(
ντL
τL

)
1/2 (1,2,−1)

Lepton singlets eα = eR, µR, τR 1/2 (1,1,−2)

Quark doublets qα =

(
uL
dL

)
,

(
cL
sL

)
,

(
tL
bL

)
1/2 (3,2, 1/3)

Quark singlets uα = uR, cR, tR 1/2 (3,1, 4/3)
Quark singlets dα = dR, sR, bR 1/2 (3,1,−2/3)
Higgs doublet H 0 (1,2, 1)
Hypercharge
boson

Yµ 1 (1,1, 0)

Weak gauge
boson

Wµ 1 (1,3, 0)

Gluon Gµ 1 (8,1, 0)

Neutrino singlets Nα 1/2 (1,1, 0)

1.2.1. Origin of neutrino masses

For our purposes it suffices to note that the Higgs mechanism generates Dirac masses for
pairs of Weyl fermions through the Yukawa interaction terms,

LYukawa = −yeαβ lαH eβR − ydαβ qαH dβR − yuαβ qα H̃ uβR + H.c. (1.1)

where yfαβ are 3-by-3 dimensionless Yukawa matrices for f = e, d, u. The Dirac mass

terms are obtained when the Higgs field and its dual H̃ = iτ2H
∗, where τ2 is the second

Pauli matrix, are evaluated after spontaneous symmetry breaking (SSB) at the vacuum
expectation value (vev), such that

〈H〉 =
1√
2

(
0
v

)
, 〈H̃〉 =

1√
2

(
v
0

)
, (1.2)

where v ≈ 246 GeV [36]. They read

Lmass = − v√
2
yeαβ eαLeβR −

v√
2
ydαβ dαLdβR −

v√
2
yuαβ uαLuβR + H.c. (1.3)

Obviously the two independent Weyl fields of left-handed and right-handed leptons and
quarks with the symbols e, d, u have been combined to Dirac fermions with masses pro-
portional to the Higgs vev. In this original Glashow-Weinberg-Salam model of electroweak
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interactions, the neutrinos are considered to be massless. Indeed, with the particle con-
tent of Table 1.1, there are no renormalizable terms which could generate a neutrino
mass through the Higgs mechanism due to the absence of right-handed neutrino singlets.
Therefore, the electrically neutral upper components of the lepton doublets remain to be
interpreted as Weyl fermions: There is a left-handed neutrino and a right-handed anti
neutrino for each of the three generations. The discovery of neutrino oscillations which
require at least two neutrino masses thus reveals a tension which can only be resolved
by extending the SM. Unfortunately, the question how the SM needs to be extended to
accommodate neutrino masses has no unique answer, not even in terms of a “minimal”
extension. The two main avenues are tied to the immediate question that arises whenever
a neutral Weyl fermion is promoted to a massive fermion: Is it a Dirac or a Majorana
field? We now discuss the two options and try to answer what minimal changes to the
SM can be made in order to realize them.

The simplest minimal way of providing the neutrinos with a Dirac mass term is by
adding hypercharge-neutral right-handed neutrino singlets νR which generically leads to
the “missing” Yukawa coupling term

LYukawa,ν = −yναβ lα H̃ νβR + H.c.
SSB−→ − v√

2
yναβ ναLνβR + H.c. (1.4)

This way of mass generation is theoretically consistent while it poses a new theoretical
question: Why would the eigenvalues of the Yukawa matrix yν be so small with respect
to the other Yukawa couplings in the SM? In other words, why should neutrino masses be
below at least 1 eV, while the charged fermions cover the range from 106 to 1011eV? This
relative smallness of the neutrino masses is perhaps the main reason why other explana-
tions of the neutrino mass, which tie the smallness of the masses to the suppression by a
high-energy scale, are very popular among theorists. These so-called seesaw mechanisms
most often lead to Majorana neutrinos which we discuss next.

A Majorana mass term for the neutrinos would read

Lmass = −1

2
mαβν

c
LανLβ + H.c. , (1.5)

where

νcL = CνLT (1.6)

denotes the particle-antiparticle conjugate of the chiral spinor νL, which is right-handed.1

The properties of the matrix C are given in Appendix A.1. A mass term for the neutrinos
as in Equation (1.5) cannot be generated from renormalizable gauge-invariant operators
composed of the fields in Table 1.1. Indeed, it is obviously required for such an operator
to be composed of one copy of each lc and l which makes up for a total mass dimension
three and hypercharge of −2. Then there is no single field of mass dimension one of
opposite hypercharge to complete the operator at dimension four. If one assumes that
there are some new particles which are too heavy to be detected so far, it could be that

1This operation on spinors is commonly identified with charge conjugation. However, as pointed out in
Reference [37], charge conjugation only flips the charge-like quantum numbers, but not the chirality,
whereas PR(ψL)c = (ψL)c for PR = (1 + γ5)/2.
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the masses generation can be accounted for by a non-renormalizable effective operator
which encompasses the effect of heavier fields. The non-renormalizability would then not
be a problem, since we would expect that the operator is replaced by renormalizable
interactions at some higher scale. This framework is known as effective field theory
and we introduce it in more detail in Chapter 2. The simplest such operator arises at
mass dimension five and relies on two copies of the Higgs field to contribute the missing
hypercharge +2. This is the Weinberg operator [38] defined as

L(5) =
Cαβνν
Λ

(lcαiτ2H)(H̃†lβ) , (1.7)

where Λ is an unknown mass scale, and Cαβνν is a dimensionless Wilson coefficient. Note
that there is no distinction of upper and lower flavor indices–we will place them usually
in the upper position for Wilson coefficients and lower position for fermion fields and
imply sums over repeated indices. If the new-physics scale Λ is far above the weak scale,
the neutrino masses are suppressed by v2/Λ, which would give a compelling reason for
their smallness.2 The Weinberg operator is the only operator with mass dimension below
seven that can generate Majorana masses for the neutrinos. However, there are numerous
extensions of the SM which can lead to the Weinberg operator. Particularly attractive
among those extensions are variations of the seesaw mechanism. They all have in common
that they introduce heavy new particles and the smallness of neutrino masses is then tied
to the inverse mass of these particles. Let us briefly comment on two of them.

It is straightforward to arrive at the Type-I seesaw scenario [39] following our discussion
of Dirac masses. If SM-singlet (sterile) neutrinos are added to the SM, as we need to
generate usual Dirac mass terms via the Higgs-Yukawa, they are generically allowed a
Majorana mass term as well, since they are neutral under the SM gauge group. If we
introduce these right-handed sterile neutrinos NRα to the SM, the total addition to the
Lagrangian, reads

L4,N = iNRαγ
µ∂µNRα −

(
1

2
N c
RαMαβNRβ + H.c.

)
−
(
yναβ lαNRβH̃ + H.c.

)
, (1.8)

where the three terms are kinetic term, Majorana mass term and Yukawa term respec-
tively. Here we describe the sterile neutrinos as a 4-component spinors

N =

(
ncR
nR

)
= N c

R +NR , (1.9)

where NR and N c
R are 4-component chirality eigenstates. Since sterile neutrinos do not

contribute to any gauge anomalies, their number is not restricted by theoretical necessi-
ties. In the limit of vanishing Mαβ and for three sterile neutrinos, NαR simply become
the right-handed components of active Dirac neutrinos. This reflects the fact that two
mass-degenerate Majorana neutrinos are equivalent to a Dirac neutrino [37]. If Mαβ 6= 0
on the other hand, all the mass eigenstates are Majorana neutrinos. Moreover, when the

2Identifying Λ with the scale of typical Grand Unification models 1015, one finds the plausible mass scale
v2/Λ ∼ 10−2 eV [35].
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typical Majorana mass scale |M | is very large this leads to a scenario where the three
mass eigenstates which are mostly composed of active neutrinos have masses propor-
tional to (yν)2v2/|M | while the mostly sterile neutrinos have masses proportional to |M |.
The mixing between active and sterile sector is also suppressed by (yν)v/M which would
explain the near-unitarity of the active-neutrino mixing matrix.

Another simple extension of the SM to accommodate neutrino masses is the type-
II seesaw scenario [40]. In this case one adds a heavy scalar SU(2)L-triplet ∆ with
hypercharge 2, which allows for the Yukawa and scalar interactions

Ltype-II = −yναβlcα(iτ2)∆lβ − λ∆HH̃
†∆†H + H.c. (1.10)

The Yukawa interaction ties the neutrino bilinear νcLνL to the neutral component ∆0 of
the triplet which in turn is coupled to the Higgs field. This leads, upon integrating out
the heavy ∆0, to a neutrino mass [41]

mαβ
ν =

2yναβλ∆Hv
2

m2
∆

. (1.11)

Again, neutrino masses are suppressed by the heavy scale m2
∆.

There are numerous details and further possibilities to the seesaw models which we
do not elaborate on here. This short excursion was mainly designed to motivate the
position on neutrino masses taken in this thesis. Our goal is to investigate new neutrino
interactions with as few limiting assumptions in terms of extended particle content as
possible. Therefore, we do not usually specify particular neutrino mass models. This
has the consequence that we leave open both the number of sterile neutrinos and the
Majorana or Dirac nature of any neutrinos. It is at the point when we start discussing
experimental constraints that we have to make some explicit assumptions. Besides the
active neutrinos, we then allow at most one sterile neutrino to play a role in the process
at hand, all of which could be Dirac or Majorana. For the sterile neutrino this means
that we have to assume that its mass is small enough to be kinematically accessible.

1.2.2. Flavor basis and mass basis

In order to consistently discuss interactions beyond the SM, we need to specify some
details about flavor and mass bases, since some special properties of the SM interactions
cannot generally be transferred to the new interactions. In the SM, the difference between
flavor and mass basis manifests itself only through the charged-current interactions of
fermions with the W boson. We briefly review the reasoning behind this to apply it to
the more general case. The fermions appear in two kinds of interactions, the covariant
derivative coupling to gauge bosons and the Yukawa coupling to the Higgs doublet leading
to the mass term as discussed in Section 1.2.1. Therefore, one can diagonalize in flavor
space only one of them at a time. We call the basis in which the interactions with the
W boson are diagonal the flavor basis and the other one the mass basis. Starting in the
mass basis (unprimed), for all the fields there is a unitary transformation to the flavor
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basis (primed),

u′Lα = (V u†
L )αβ uLβ ,

u′Rα = (V u†
R )αβuRβ ,

d′Lα = (V d†
L )αβdLβ ,

d′Rα = (V d†
R )αβdRβ ,

e′Lα = (V e†
L )αβeLβ ,

e′Rα = (V e†
R )αβeRβ ,

ν ′Lα = (V ν†
L )αβνLβ ,

(1.12)

where in the SM the last equality is meaningless since for massless fields all bases are
mass eigenbases, but with some mass term, e.g. induced by the Weinberg operator, the
distinction becomes relevant. Now we consider the gauge boson interactions derived
from the covariant derivatives after electroweak symmetry breaking (EWSB) which are
diagonal in the flavor basis. For the quark charged-current interaction, the switch to the
mass basis leads to a matrix factor,

LqCC = − g√
8

(u′αγ
µ(1− γ5)d′α)Wµ + H.c.

= − g√
8

[
(V u
L )(V d†

L )
]
βγ︸ ︷︷ ︸

≡Vβγ

(uβγ
µ(1− γ5)dγ)Wµ + H.c. (1.13)

where V denotes the Cabibbo-Kobayashi-Maskawa-Matrix (CKM matrix). The same
happens in the lepton CC interaction if we consider massive neutrinos,

LlCC = − g√
8

(ν ′αγ
µ(1− γ5)e′α)Wµ + H.c.

= − g√
8

[
(V ν
L )(V e†

L )
]
jγ︸ ︷︷ ︸

≡(U†)jγ

(νjγ
µ(1− γ5)eγ)Wµ + H.c. (1.14)

with the Pontecorvo-Maki-Nakagawa-Sakata-Matrix (PMNS matrix) U whose known
properties we summarize at the end of this section. In most cases the neutrino masses
can be neglected and it is possible deal with neutrino flavor states here instead, such
that one simply defines flavor states ν ′Lα = UαjνLj as the asymptotic in and out states,
where we follow the usual convention to label neutrino mass eigenstates by Latin letters.
For this reason we will in most cases consider new interactions in the neutrino flavor
basis while charged leptons are in the mass basis. Note that the labeling of the three
masses m1, m2 and m3 is arbitrary. Conventionally, one defines ν1, ν2, ν3 as the mass
eigenstates with the largest, second largest and smallest admixture of νe. Turning to
the neutral-current interactions it is important to appreciate the non-trivial particularity
of the SM that basis changes of the right-handed matrices MR are unphysical in the
sense that they disappear from any interactions. The reason is the Glashow-Iliopoulos-
Maiani (GIM) mechanism [42], which works when the interactions are neutral-current
and flavor-universal due to the unitarity of the basis changes,

LfNC = − g

cW

[
gfL(fL

′
αγ

µf ′Lα) + gfR(fR
′
αγ

µf ′Rα)
]
Zµ

= − g

cW

[
gfL

(
(Mf

L)(Mf
L)†
)
βγ︸ ︷︷ ︸

=δβγ

(fLβγ
µfLγ) + gfR

(
(Mf

R)(Mf
R)†
)
βγ︸ ︷︷ ︸

=δβγ

(fRβγ
µfRγ)

]
Zµ ,

(1.15)
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where the usual SM Z-charges for f = ν, e, u, d are given by

guL =
1

2
− 2

3
s2
W ,

guR = −2

3
s2
W ,

gdL = −1

2
+

1

3
s2
W ,

gdR =
1

3
s2
W ,

geL = −1

2
+ s2

W ,

geR = s2
W ,

gνL =
1

2
,

(1.16)

with cW = cos(θW ) and sW = sin(θW ) denoting the cosine and the sine of the Weinberg
angle. Since all the interactions of right-handed fermions in the SM, i.e. with Z boson
and photon, obey this condition, the right-handed basis transformations are unphysical.

If we move beyond the SM, flavor universality in neutral-current interactions could
be violated and also there may be new flavor-violating charged-current interactions. In
this case it becomes necessary to define an explicit convention for the flavor basis. Note
that previously, our flavor basis (1.12) was not unique: Firstly, any U(3) flavor rotations
simultaneous for uL and dL or for eL and νL leave Equation (1.13) and Equation (1.14) as
well as the CKM matrix V and the PMNS matrix U invariant. Secondly, due to the GIM
mechanism any of the MR can be rotated away. We may use these facts to conventionally
fix

u′Lα = (V †)αβ uLβ ,

u′Rα = uRα ,

d′Lα = dLα ,

d′Rα = dRα ,

e′Lα = eLα ,

e′Rα = eRα .

ν ′Lα = UαjνLj ,
(1.17)

For any interaction operators defined in the flavor basis, we then have to follow this
prescription to switch to the mass basis. This means that for each uL appearing in new
interaction terms, a factor of V has to be inserted when changing to the mass basis. In
particular, now the CKM matrix generically appears also in neutral current operators.
For instance, for a left-handed up-type quark neutral current, we obtain

C ′αβ (u′αγ
µPLu

′
β) = (VγαC

′
αβV

†
βδ) (uγγ

µPLuδ) . (1.18)

Here we can see the GIM mechanism working only in the case that the interaction matrix
C is flavor-universal, Cαβ ∝ δαβ.

We close the summary of our excursion in masses and flavor mixing by comparing the
quark and lepton mixing matrices and discussing why only mass-squared differences of
neutrinos are known at present. Both mixing matrices have to be unitary and 3-by-3 in
the case that there are precisely three generations of quarks and leptons. This makes
the check for unitarity a test of the SM and the minimality of neutrino mass scenarios
in the lepton case. Currently, both CKM matrix and PMNS matrix are consistent with
three generations. Accounting for free phases of the fermion fields and unitarity, these
3-by-3 matrices can be reduced to four independent parameters, namely three angles and
one phase. The usual parametrization with three Euler angles θ12, θ13, θ23 and a Dirac
charge-parity phase δ13 is given by

U(D) =




c12c13 s12c13 s13e
−iδ13

−s12c23 − c12s23s13e
iδ13 c12c23 − s12s23s13e

iδ13 s23c13

s12s23 − c12c23s13e
iδ13 −c12s23 − s12c23s13e

iδ13 c23c13


 , (1.19)

where cij = cos θij and sij = sin θij . The charge-parity phase is named as such, because
the interactions are invariant under charge-parity transformations precisely when δ13 =



1.2. Neutrinos beyond the Standard Model 11

0, π. In the case of Majorana neutrinos, fewer phases can be absorbed in field redefinitions
and therefore there are two more charge-parity-violating phases λ2 and λ3. The full
mixing matrix is then given by U(D) times a second matrix,

U = U(D)U(M) = U(D)diag(1, eiλ2 , eiλ3) . (1.20)

Besides the potential two additional phases, a striking difference between quark and
lepton sector lies in the fact that the CKM matrix is hierarchical in the sense that the
mixing among different generations is small, while the PMNS matrix encompasses large
mixing. In numbers, the magnitudes of CKM matrix elements are currently measured to
be [36]

|V | =




0.973 70± 0.000 14 0.2245± 0.0008 0.003 82± 0.000 24
0.221± 0.004 0.987± 0.011 0.0410± 0.0014

0.0080± 0.0003 0.0388± 0.0011 1.013± 0.030


 , (1.21)

and are mostly derived from decays of nuclei or heavy flavored mesons. In comparison,
the current allowed ranges on the PMNS matrix entries at 3σ are according to the global
fit of Reference [43]

|U | =




0.801→ 0.845 0.513→ 0.579 0.143→ 0.155
0.234→ 0.500 0.471→ 0.689 0.637→ 0.776
0.271→ 0.525 0.477→ 0.694 0.613→ 0.756


 . (1.22)

Here it is only possible to give parameter ranges, since the measurements of the matrix
entries are not independent.

Neutrinos are so light that we can so far only state upper bounds on their masses. The
strongest bound on the effective electron neutrino mass which we define in Section 4.5
is mνe ≤ 1.1 eV at 90% confidence level (CL), inferred from the endpoint of the electron
spectrum in tritium beta decay [44]. Cosmological bounds on the sum of neutrino masses
of around 0.1 eV exist, but their exact numbers are dependent on the cosmological model
and the use of approximations [45]. Unfortunately, without a measurable effect of masses,
there is also no access to mixing angles. Therefore, our only knowledge of the mixing
is derived from neutrino oscillations which are sensitive to mass-squared differences of
neutrinos. In these processes, the effect of non-degenerate masses and mixing can be
made visible because the neutrino flavor eigenstate produced at a source is a superposi-
tion of coherent mass eigenstates. Due to the almost degenerate and very low masses, the
coherence length of this neutrino state is long. During the propagation of the coherent
state, the flavor composition oscillates because the Hamiltonian of free neutrino states
is non-diagonal in the flavor basis. Therefore, if we can understand a sufficiently homo-
geneous source of neutrinos, such as the sun, cosmic ray scattering in the atmosphere,
colliders and nuclear reactors, and can measure the statistical distribution of neutrino
flavor eigenstates at some distance from the source, we can draw conclusions about the
mixing angles and mass-squared differences ∆m2

ij = m2
i −m2

j . The measured values for
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the latter are, also according to Reference [43],

∆m2
21 = 7.420.21

−0.20 × 10−5 eV2 ,

∆m2
3` =

{
∆m2

31 = 2.517+0.026
−0.028 × 10−3 eV2 Normal ordering (m1 < m3) ,

∆m2
32 = −2.498+0.028

−0.028 × 10−3 eV2 Inverted ordering (m3 < m1) .

(1.23)

Why it is these parameters that are determining the flavor composition during the prop-
agation is sketched in Section 4.1 and thoroughly derived in Reference [35].



2. Effective field theory of
neutrino interactions

The contents of this chapter have been published to a large extent in Reference [3] and
partially Reference [4].

2.1. Effective Field Theories

A well-defined QFT needs to be UV complete or in other words renormalizable. Therefore
the ultimate goal of the search for new physics is to formulate a renormalizable extension
of the SM that explains observations consistently. However, from the history of particle
physics, in particular the weak interactions, we know that with limited energy ranges
and limited accuracy to test our predictions, a non-renormalizable effective theory of
interactions used at a certain energy scale may be an instrumental intermediate step in
the development of the UV theory. In this section, we discuss the formalism of such an
EFT. Let us first illustrate the concept with the classic example of Fermi’s interaction and
then generalize it. Electromagnetic interactions can be well-described by the U(1)-gauge
theory of photons coupled to electrons and positrons. Its renormalizable Lagrangian reads

Lem = −1

4
FµνF

µν +
∑

ψ=e,p,n

ψ (iγµ(∂µ + iqψAµ)−mψ)ψ , (2.1)

where qψ = −1, 1, 0 for ψ = e, p, n denotes the electric charge of the spinor field ψ, Aµ
the photon field, and Fµν the field strength tensor. This theory works well to describe
electromagnetic interactions, but does not account for nuclear beta decays (and clearly
says nothing about why nuclei should exist in the first place). If one, however, adds
a neutral Weyl spinor νeL, the electron neutrino, and considers a non-renormalizable
addition LFermi to Lem which conserves the U(1) gauge symmetry,

L = Lem +LFermi ≡ Lem−
(
GF√

2
Vud

(
e γµ(1− γ5)νeL

) (
p γµ(gV − gAγ5)n

)
+ H.c.

)
, (2.2)

where gV and gA are nucleon form factors, this interaction can describe neutron decay.
Note that this is the only term up to (mass) dimension six which would satisfy charge
conservation and Lorentz invariance while at the same time allowing kinematically the
decay of a neutron or nuclei. Without the neutrino this would not be possible. The
theoretical cost is that we have had to introduce the non-renormalizable dimension-six
term LFermi along with an ad-hoc scale GF of dimension inverse mass squared. This is
not a problem as long as we do not consider the theory as fundamental. It turns out
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νe e

W

n p

Figure 2.1. Virtual W boson exchange leading to the effective four-fermion interaction
described by LFermi in Equation (2.2).

that the more fundamental theory of electroweak interactions ties the origin of the Fermi
constant GF to the mass scale of a mediator particle W which in turn is related to the
scale of EWSB. Namely, the Fermi interaction LFermi can be understood as the exchange
of a virtual W boson, as illustrated in Figure 2.1.1

This short history inspires the following general idea of model independent new physics
search. Starting from a set of known particles Φ and symmetries observed at an energy
µ, we write down an expansion in mass scale of all possible operators constructed from
the fields Φ respecting the symmetries

Leff = Lren(Φ) +
∑

n≥5

∑

i

1

Λn−4
C

(n)
i O

(n)
i (Φ) , (2.3)

where Lren describes the renormalizable part and the unknown mass scale Λ takes the

role of G
−1/2
F , while C

(n)
i are the dimensionless Wilson coefficients of the operators O(n)

i .
The idea is that Λ � µ is the scale at which new particles can be generated on-shell.
Similarly to the suppression with the W boson mass in the Fermi interaction, one expects
that higher-order operators are suppressed by a larger inverse power of Λ, which suggests
that cutting off the expansion at a fixed order n should give a reasonable approximation
assuming the dimensionless coefficients are not extremely large. In this work, we are
mainly concerned with four-fermion interactions like the Fermi interaction, since they
naturally arise in many models where new heavy mediators are introduced and they are
well-testable due to the abundance of machinery developed by the community to produce
and detect the SM fermions. For these reasons we consider here the truncation of Eq. (2.3)
after n = 6, i.e. at order Λ−2. Since Λ is unknown we will usually parametrize the Wilson
coefficients with respect to the Fermi constant such that they can be directly compared
to the strength of the weak interactions, i.e. we assume Λ−2 =

√
8GF . In Chapter 3 we

discuss particular renormalizable models for which we can explicitly identify Λ, in which
case we distinguish it from the weak scale.

Turning to the SM, we note that the answer to the question what the fields Φ and
symmetries are depends on the mass scale µ. Lorentz invariance is always required while
the relevant gauge symmetry reduces from the full SU(3)C×SU(2)L×U(1)Y for µ & mW

to SU(3)C×U(1)em for µ . mW . This implies that the fermions are defined in different
representations above and below the weak scale and their interactions are described by

1All Feynman diagrams shown in this thesis have been produced using TikZ-Feynman [46].
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different EFTs. In the remainder of this chapter, we discuss both regimes and how they
are connected. In Section 2.2, we introduce SMNEFT as the high-energy (µ > mW )
EFT of the SM extended with right-handed neutrinos. Subsequently, we discuss GNI as
a low-energy (µ < mW ) EFT in Section 2.3. Finally, we discuss the important case that
occurs when we consider new physics beyond the weak scale which manifests itself in the
form of SMNEFT operators. Namely, in this case we can match the low-energy EFT to
the high-energy EFT at the weak scale which results in the interaction coefficients of the
GNI not being completely independent from each other. The details and implications of
this matching are discussed in Section 2.4.

2.2. Neutrino-extended Standard Model Effective Field
Theory

The Standard Model EFT is, as the name suggests, precisely the EFT which arises if
one takes the SM fields and gauge symmetry SU(3)C×SU(2)L×U(1)Y along with Lorentz
invariance and constructs all symmetry-compatible operators in addition to the SM La-
grangian, i.e.

LSMEFT(ΦSM) = LSM(ΦSM) +
∑

n≥5

∑

i

1

Λn−4
C

(n)
i O

(n)
i (ΦSM) . (2.4)

The SM fields ΦSM and their representations under Lorentz group (spin) and gauge group
were summarized in Table 1.1.

2.2.1. Operators at dimension five and six

The only operator in SMEFT at dimension five is the Weinberg operator (1.7). At
dimension six, there are 59 independent (inequivalent on-shell) baryon number conserving
operators [47]. These operators can be classified by their field content. The largest class
is constituted by the four-fermion operators which we already discussed in the context
of Fermi’s interaction in Section 2.1. We reproduce all of them in Table 2.1. The other
operator types involving fermions are reproduced in Table 2.2 and are composed of two
fermions contracted with either Higgs fields or gauge field-strength tensors. We leave out
operators which do not involve any fermions, since we are focusing on neutrino interactions
in this work.

Since the SMEFT expansion up to dimension six involves the Weinberg operator, it
can accommodate Majorana masses for the three active neutrinos. However, in our
investigation of new neutrino interactions we would like to be more general with the
possible neutrino mass scenarios. In particular, we want to allow Dirac neutrinos, which
means that the field content of our theory needs to be extended by right-handed sterile
neutrinos. Sometimes we also consider the option of sterile Majorana neutrinos which
could have a completely different mass than the mostly active neutrinos. In all cases, the
number of possible operators increases and we use NR as introduced in Section 1.2.1 as
the symbol for right-handed neutrinos. At dimension five, the full Lagrangian including
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Table 2.1. Four-fermion dimension-six operators in SMEFT (upper) and after adding
right-handed neutrino singlets (lower) to generate SMNEFT, excluding baryon or lep-
ton number violating operators. Regarding the operator Off ′ , the index ff ′ runs over
ee, uu, dd, eu, ed, and ud of all 3 generations. Flavor indices of the operator symbols are
omitted to avoid cluttering.

(LL)(LL) and (RR)(RR) (LL)(RR) (LR)(RL) and (LR)(LR)

Oll (lαγµlβ)(lγγ
µlδ) Ole (lαγµlβ)(eγγ

µeδ) Oelqd (eαl
j
β)(qjγdδ)

O(1)
lq (lαγµlβ)(qγγ

µqδ) Olu (lαγµlβ)(uγγ
µuδ) Oeluq (eαl

j
β)εjk(uγq

k
δ )

O(3)
lq (lαγµτ

I lβ)(qγγ
µτ Iqδ) Old (lαγµlβ)(dγγ

µdδ) O′
eluq (eασµν l

j
β)εjk×

O(1)
qq (qαγµqβ)(qγγ

µqδ) Oqe (qαγµqβ)(eγγ
µeδ) (uγσ

µνqkδ )

O(3)
qq (qαγµτ

Iqβ)(qγγ
µτ Iqδ) Oqu (qαγµqβ)(uγγ

µuδ) O(1)
quqd (qjαuβ)εjk(qkγdδ)

Off ′ (fαγµfβ)(f ′γγ
µf ′δ) Oqd (qαγµqβ)(dγγ

µdδ) O(8)
quqd (qjαT

Auβ)εjk×
O(8)
ud (uαγµT

Auβ)× O(8)
qu (qαγµT

Aqβ)× (qkγT
Adδ)

(dγγ
µTAdδ) (uγγ

µTAuδ)

O(8)
qd (qαγµT

Aqβ)×
(dγγ

µTAdδ)

ONe (NαγµNβ)(eγγ
µeδ) ONl (NαγµNβ)(lγγ

µlδ) ONlel (Nαl
j
β)εjk(eγ l

k
δ )

ONu (NαγµNβ)(uγγ
µuδ) ONq (NαγµNβ)(qγγ

µqδ) OlNqd (l
j

αNβ)εjk(qkγdδ)

ONd (NαγµNβ)(dγγ
µdδ) O′

lNqd (l
j

ασµνNβ)εjk×
ONN (NαγµNβ)(Nγγ

µNδ) (qkγσ
µνdδ)

OeNud (eαγµNβ)(uγγ
µdδ) OlNuq (l

j

αNβ)(uγq
j
δ)

the Weinberg operator (1.7) reads [48],

L(5)
N =

Cαβνν
Λ

(lcαiσ2H)(H̃†lβ) +
C

(5)αβ
NH

Λ
N c
RαNRβ H

†H

+
C

(5)αβ
NB

Λ
N c
RασµνNRβ B

µν + H.c. ,

(2.5)

where Bµν denotes the U(1)Y field strength tensor. The second operator is very interest-
ing in terms of the detection of the sterile neutrino, since besides generating a weak-scale
contribution to the Majorana mass it induces a Higgs portal coupling at dimension 5. As
we will see in detail in Chapter 5, when N takes the role of WIMP dark matter, such
a coupling can induce a strong direct detection signal. Moreover, it is hard to avoid,
since whenever a theory can generate a dimension-six coupling like N cNff , the operator
O5
NH is usually generated through a fermion loop. The magnetic-dipole-like operator

O(5)
NB can only exist with α 6= β due to the antisymmetry of the tensor bilinear (see

Appendix A.1 and Equation (A.35) in particular). Concerning the new dimension-six
operators, we reproduce the non-redundant basis of Reference [23] in the lower sections
of Tables 2.1 and 2.2 in a slightly rearranged fashion to be more suitable with respect to
neutrino interactions.

To obtain a real Lagrangian we imply the addition of the Hermitian conjugate of each
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Table 2.2. Mixed fermion-boson dimension-six operators giving rise to neutrino interac-
tions, including only SM fields (upper) and including SM fields and right-handed sterile
neutrino singlets (lower).

ψ2H3 ψ2XH ψ2H2

OeH (H†H)(lαeβH) OeW (lασ
µνeβ)τ IHW I

µν O(1)
Hl i

(
H†D~

~

µH
) (
lαγ

µlβ
)

OuH (H†H)(qαuβH̃) OeB (lασ
µνeβ)HBµν O(3)

Hl i
(
H†τ ID~

~

µH
) (
lατ

Iγµlβ
)

OdH (H†H)(qαdβH) OuW (qασ
µνuβ)τ IH̃W I

µν O(1)
Hq i

(
H†D~

~

µH
)

(qαγ
µqβ)

OuB (qασ
µνuβ)H̃Bµν O(3)

Hq i
(
H†τ ID~

~

µH
) (
qατ

Iγµqβ
)

OdW (qασ
µνdβ)τ IHW I

µν OHe i
(
H†D~

~

µH
)

(eαγ
µeβ)

OdB (qασ
µνdβ)HBµν OHu i

(
H†D~

~

µH
)

(uαγ
µuβ)

OuG (qασ
µνTAuβ)H̃GAµν OHd i

(
H†D~

~

µH
) (
dαγ

µdβ
)

OdG (qασ
µνTAdβ)HGAµν OHud i

(
H̃†DµH

)
(uαγ

µdβ)

ONlH (H†H)(lαNβH̃) ONW (lασ
µνNβ)τ IH̃ W I

µν OHN i
(
H†D~

~

µH
) (
Nαγ

µNβ
)

ONB (lασ
µνNβ)H̃Bµν OHNe i

(
H̃†DµH

) (
Nαγ

µeβ
)

operator in Tables 2.1 and 2.2. The only exception are those operators for which taking
the Hermitian conjugate simply results in a rearrangement of the Wilson coefficient’s
flavor indices, e.g.

[
(lαγµlβ)(qγγ

µqδ)
]†

= (lβγµlα)(qδγ
µqγ) . (2.6)

In those cases, which are the four-fermion operators in the categories (LL)(LL),(RR)(RR),
and (LL)(RR) as well as ψ2H2 we omit adding the Hermitian conjugate and instead im-
pose

CαβγδX = (CβαδγX )∗ , or CαβY = (CβαY )∗ . (2.7)

To see why we can do this we write the Lagrangian with explicit Hermitian conjugate for
one such operator,

L(1)
lq =

1

Λ2

∑

α,β,γ,δ

[
C

(1)αβγδ
lq (lαγµlβ)(qγγ

µqδ) + (C
(1)αβγδ
lq )∗(lβγµlα)(qδγ

µqγ)
]

=
1

Λ2

∑

α,β,γ,δ

[(
C

(1)αβγδ
lq + (C

(1)βαδγ
lq )∗

)
(lαγµlβ)(qγγ

µqδ)
]
,

(2.8)

where we made the sum over flavor indices explicit. So upon redefining the Wilson
coefficients to C ′αβγδ = Cαβγδ + (Cβαδγ)∗ we can simply omit the Hermitian conjugate.
Note that this also works for the ψ2H2 operators for which we introduced hermitian
Higgs-derivative terms (following Reference [49])

i(H†D~

~

µH) ≡ i
(
H†DµH − (DµH)†H

)
,

i(H†D~

~

I
µH) ≡ i

(
H†τ IDµH − (DµH)†τ IH

)
.

(2.9)
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As a final remark we note that some flavor combinations of the operators Oll, O(1)
qq , O(3)

qq

and all Off with f = e, u, d, are redundant in the sense that

Oαβγδ = Oγδαβ . (2.10)

While this can lead to some confusion, in this work we always consider only one of the
two redundant forms and ignore the other. Another solution would be to use both and
divide each by two.

2.3. General Neutrino Interactions

The EFT of the SM well below the weak scale, after decoupling the heavy particles t, the
Higgs boson h, W , and Z, is usually referred to in the literature as low-energy effective
field theory (LEFT) [50]. This EFT can be considered independently from SMEFT, or it
can be connected to the latter via matching of Wilson coefficients at the weak scale and
renormalization group (RG) evolution. This connection depends on whether there are
some light (at most weak scale) new particles that induce new physics operators in LEFT
which do not originate from SMEFT. In this case the new particles need to be added to
the field content above the weak scale since SMEFT is incomplete. On the other hand, if
new physics is heavy and can be described in SMEFT, it can be evolved down to LEFT.
In this section we treat GNI, as a subset of LEFT, on its own right, but in Section 2.4
we will discuss the implications of the matching in case that the new physics is heavy.

The unbroken gauge group below the weak scale is SU(3)C×U(1)em. Excitable fields
are all the light fermions (the top quark being too heavy), photons and gluons in the
representations as shown in Table 2.3. Since we consider different neutrino mass scenarios,
sterile neutrinos Nα are included as well, as long as mN < mW . We will not list all the
operators up to dimension six that can be constructed from the fields in Table 2.3 here.
They can be found in Reference [50]. Instead, we consider only the subset of LEFT
which is associated with neutrinos. The four-fermion interactions can be categorized into
neutral-current and charged-current interactions which we write in terms of 10 operators

LNC
GNI = −GF√

2

10∑

j=1

(
(∼)
εj,f

)αβγδ
(ναOjνβ)

(
fγO′jfδ

)
, (2.11)

LCC
GNI = −GFVγδ√

2

10∑

j=1

(
(∼)
εj,ud

)αβγδ
(eαOjνβ)

(
uγO′jdδ

)
+ H.c. , (2.12)

where f = e, u, d, Greek indices run over flavor, V denotes the CKM matrix, and εj ,
ε̃j , Oj , and O′j are given in Table 2.4. The entries of the flavor-space tensors εj , ε̃j are
dimensionless and encode the strength of an interaction type j with respect to the SM
Fermi interaction. We take the second fermionic bilinear of each line, (2.11) and (2.12),
in the mass basis and therefore included the conventional mixing matrix factor Vγδ in the
charged-current Lagrangian. However, this tells us nothing about the flavor structure of
the epsilon parameters which could deviate from the SM interactions.
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Table 2.3. Representations of the fields defining the LEFT. Depending on the neutrino
mass scenario, there could be any number of sterile Majorana or Dirac neutrinos Nα.

Field Spin SU(3)C×U(1)em

representation

Charged leptons e, µ, τ 1/2 (1,−1)
Neutrinos ν1, ν2, ν3 1/2 (1, 0)
Up-type quarks u, c 1/2 (3, 2/3)
Down-type quarks d, s, b 1/2 (3,−1/3)
Photon Aµ 1 (1, 0)
Gluon Gµ 1 (8, 0)

Sterile neutrinos N1, N2, . . . 1/2 (1, 0)

Table 2.4. Coupling constants and operators appearing in generic neutral-current (2.11)
and charged-current Lagrangians (2.12).

j
(∼)
εj Oj O′j

1 εL γµ(1− γ5) γµ(1− γ5)
2 ε̃L γµ(1+ γ5) γµ(1− γ5)
3 εR γµ(1− γ5) γµ(1+ γ5)
4 ε̃R γµ(1+ γ5) γµ(1+ γ5)
5 εS (1− γ5) 1

6 ε̃S (1+ γ5) 1

7 −εP (1− γ5) γ5

8 −ε̃P (1+ γ5) γ5

9 εT σµν(1− γ5) σµν(1− γ5)
10 ε̃T σµν(1+ γ5) σµν(1+ γ5)

Instead of adding the Hermitian conjugate in (2.11) we impose relations like those in
Equation (2.7),

εαβγδL =
(
εβαδγL

)∗
, ε̃αβγδL =

(
ε̃βαδγL

)∗
, εαβγδR =

(
εβαδγR

)∗
, ε̃αβγδR =

(
ε̃βαδγR

)∗
,

εαβγδS =
(
ε̃βαδγS

)∗
, εαβγδP = −

(
ε̃βαδγP

)∗
, εαβγδT =

(
ε̃βαδγT

)∗
.

(2.13)

We remark that there exists a different parametrization for such general four-fermion
interactions introduced in Reference [51] which is sometimes used in GNI literature, e.g.
References [52–54], and consists of coefficients named C and D instead of ε and ε̃. The
mapping between the two different parametrizations can be found in Appendix A.4.

The interaction Lagrangians (2.11) and (2.12) encompass precisely what we earlier
referred to as GNI.2 The name General Neutrino Interactions is fitting, because they

2Besides GNI [2, 3, 55] they are sometimes called neutrino generalized interactions [54,56].
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include all possible Lorentz invariant operators which can be constructed out of four
fermions (see Appendix A.2 for details) involving one or two neutrinos. As can be seen
from the chiral structure in Table 2.4, the operators with even index j, i.e. those with
an ε̃ coefficient involve a right-handed projection operator on the neutrino field. In the
SM with only left-handed Weyl neutrinos (and right-handed Weyl antineutrinos) these
operators vanish identically. The same is true for the neutral-current interactions εS ,
εP , and εT , since these require left-handed antineutrinos. This is due to the nature
of the operators with j ≥ 5 which require opposite-chirality fields, as demonstrated in
Appendix A.2. The subset of GNI which is compatible with massless active neutrinos, the
NSI, have accordingly been extensively investigated, as testified e.g. by the reviews [24,25]
and numerous references therein. Within the last few years, there has been some stronger
interest in the general interactions including right-handed neutrinos [2, 3, 52–57] which
reflects the general broadening of the search for new physics to as many previously less
considered channels as possible.

It is important to realize that the right-handed neutrinos in Equation (2.11) and Equa-
tion (2.12) could be any of the examples discussed in Section 1.2.1. Firstly, they could
be right-handed Dirac partners of active neutrinos, which would mean that pairs of left-
handed and right-handed neutrinos share a mass term. In this case, all of the operators
could be present. Secondly, it could be that the active neutrinos are Majorana fermions
and gain their mass through some BSM physics. In this case, the chirality-flipping neutral-
current (pseudo)scalar and tensor operators are lepton number violating, as well as the
right-handed (ε̃) charged-current operators. Furthermore, not all of the operators are
allowed, since the right-handed neutrinos are the particle-antiparticle conjugates of the
left-handed neutrinos NR = νcL = CνL

T , as discussed in Section 1.2. This identification
leads to the restrictions

εαβγδL,f = εβαδγ∗L,f = −ε̃βαγδL,f = −ε̃αβδγ∗L,f ,

εαβγδR,f = εβαδγ∗R,f = −ε̃βαγδR,f = −ε̃αβδγ∗R,f ,

εαβγδS,f = εβαγδS,f = ε̃αβδγ∗S,f = ε̃βαδγ∗S,f ,

εαβγδP,f = εβαγδP,f = −ε̃αβδγ∗P,f = −ε̃βαδγ∗P,f ,

εαβγδT,f = −εβαγδT,f = −ε̃αβδγ∗T,f = ε̃βαδγ∗T,f .

(Majorana neutrinos) (2.14)

We discuss the origin of these identities in Appendix A.5. This means, in particular, that
all ε̃ can be reduced to their ε counterpart. Moreover, the left-handed and right-handed
vector interactions are Hermitian, scalar and pseudoscalar interactions are symmetric,
and tensor interactions are antisymmetric in flavor indices. Thirdly, the right-handed
neutrinos in the interaction could be right-handed components of independent Majorana
or Dirac sterile neutrinos in which case they could in principle have any mass different
from the active neutrino mass. In the course of this thesis, we will encounter all three
scenarios.

Similar restrictions to those in Equation (2.14) for Majorana neutrinos can be derived
for assumptions like charge-parity or flavor conservation, which we also derive in Ap-
pendix A.5. Here we only show the result in terms of the number of free interaction
parameters in Table 2.5. The detection of certain types of interactions which are only
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Table 2.5. Number of free parameters in the general neutral-current Lagrangian (2.11)
under different assumptions, for fixed charged fermion type f , either electron-type lepton,
up-type quark or down-type quark. CP denotes charge-parity. By γ = δ = fixed, we mean
that we take γ = δ and assign a definite generation number to it. By flavor-diagonal we
mean that εαβγδ ∝ δαβ. Details are found in Appendix A.5. Strictly speaking, in the case
of up-type quarks the top quark is too heavy to be part of the EFT below the weak scale
and therefore the number of degrees of freedom would be smaller for f = u.

Dirac Majorana CP-invariant Majorana +
CP-invariant

All indices
free

810 432 423 225

γ = δ = fixed 90 48 51 27

flavor-
diagonal and
γ = δ = fixed

30 18 21 12

compatible with Dirac neutrinos, e.g. flavor-conserving tensor interactions, can therefore
rule out the Majorana neutrino scenario, while the Dirac scenario cannot be ruled out
in this way [52, 58, 59]. Note that in the charged-current case (2.12), since only one neu-
trino field is involved, relations such as (2.14) in general do not hold. While we do not
discuss this in detail, we remark that a particularly interesting property of the scalar and
tensor interactions is that they induce a large contribution to the magnetic moment of
the neutrino [60]. It could be orders of magnitude larger than predicted by the SM and
even within detector reach. This is again a consequence of the chirality flipping nature
of the interaction. In the SM, the leading diagram couples two neutrino external lines to
a photon line via a charged fermion loop. This requires a chirality flip in a neutrino line
which implies a neutrino mass insertion. If the new interaction flips neutrino chirality,
instead a charged fermion mass insertion is required. Therefore, compared to the SM
amplitude the new contribution is enhanced by a large factor mf/mν , where f is the
charged fermion.

2.4. Matching relations

As already mentioned, LEFT or GNI and SMEFT can be treated independently. In the
case that we want to describe new physics above the weak scale, however, it can be useful
to connect the two. In this section, we discuss the matching of the Wilson coefficients
at the weak scale which illuminates which GNI can be produced in a way that respects
the electroweak symmetry. The matching is straightforward. One simply expands the
SMNEFT operators in terms of their weak isospin components and identifies all the terms
which contribute to a certain GNI operator. To perform the matching, it is necessary to
specify in which bases with respect to flavor and mass the effective operators described
in Section 2.2 and Section 2.3 are defined. Following the discussion in Section 1.2.2, we
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specify the basis changes in Equation (1.17). This means that wherever a factor of uL
appears, a factor of V has to be inserted when changing to the mass basis. One needs to
keep in mind that the matching relations given in this section and the bounds derived or
cited in Chapter 4 depend on this choice of basis.

2.4.1. Four-fermion interactions

The complete matching relations between SMEFT and LEFT have been presented in
Reference [50]. Adding the four-fermion matching relations of operators including right-
handed neutrinos, the results expressed in terms of GNI coefficients are shown in Ta-
bles 2.6 and 2.7, where we assume Λ−2 =

√
8GF to obtain simple expressions. For

generic Λ we have to divide the coefficients by (
√

8GFΛ2). Recall that we defined GNI
in the mass basis of quarks and charged leptons, while neutrinos are in the flavor basis
such that their transformation into the mass basis can be performed depending on the
specific assumptions that we make in Chapter 3 and Chapter 4. It is not surprising that
many SMNEFT operators (which were defined in Table 2.1) containing lepton doublets
l lead not only to GNI but also to new interactions among charged leptons and quarks.
A simple example is Oll, for which we have

Cαβγδll (lαγ
µlβ)(lγγµlδ) = Cαβγδll [ναγ

µPLνβ νγγµPLνδ + eαγ
µPLeβ eγγµPLeδ

+ναγ
µPLνβ eγγµPLeδ + eαγ

µPLeβ νγγµPLνδ] ,
(2.15)

where PL = (1 − γ5)/2 (and for later use PR = (1 + γ5)/2). We see that one SMEFT
operator implies a four-neutrino interaction, a type of interaction sometimes called secret
neutrino interaction, a four-electron interaction and two contributions to the GNI oper-
ator parametrized by εL,e. In total, all the four-charged-fermion interactions which are
generated by SMNEFT operators in Table 2.1 which include lepton doublets and some
other fields read (in the mass basis)

L =
1

Λ2

{(
Cαβγδll + Cαδγβll

)
(eαγµPLeβ)(eγγ

µPLeδ) + Cαβγδle (eαγµPLeβ)(eγγ
µPReδ)

+ VγρV
†
σδ(C

αβρσ
lq(1) − C

αβρσ
lq(3) )(eαγµPLeβ)(uγγ

µPLuδ) + Cαβγδlu (eαγµPLeβ)(uγγ
µPRuδ)

+ (Cαβγδlq(1) + Cαβγδlq(3) )(eαγµPLeβ)(dγγ
µPLdδ) + Cαβγδld (eαγµPLeβ)(dγγ

µPRdδ)

− V †σδC
αβγσ
eluq (eαPLeβ)(uγPLuδ)− V †σδC

′αβγσ
eluq (eασµνPLeβ)(uγσ

µνPLuδ)

+Cαβγδelqd (eαPLeβ)(dγPRdδ)
}
.

(2.16)

The constraints on these charged fermion interactions are typically much stronger than
constraints on GNI. Therefore, this operator matching can be used to place strong indirect
bounds on neutrino interactions from SMNEFT operators in the case that they have a
common high-energy origin, as we will practice in Chapter 4, in particular in our study
of charged lepton flavor violation in Section 4.2. For this reason we have printed all
coefficients which are accompanied by strongly-constrained charged fermion interactions



2.4. Matching relations 23

Table 2.6. Neutral-current GNI coefficients appearing in Equation (2.11) and their
contributions from dimensionless Wilson coefficients of SMNEFT four-fermion operators
in Table 2.1 assuming Λ−2 =

√
8GF . For general Λ, the GNI coefficients are given by the

entries of the table divided by
√

8GFΛ2. The columns relate to f = e, u, d, respectively.
The indices α, β = e, µ, τ, and γ, δ, µ, ν = 1, 2, 3 denote the generation numbers of leptons
and quarks. Those SMNEFT coefficients which also lead to new interactions among four
charged fermions described by Equation (2.16) are printed in red.

e u d

−εαβγδL,f Cαβγδll VγµV
†
νδ

(
Cαβµνlq(1) + Cαβµνlq(3)

)
Cαβγδlq(1) − C

αβγδ
lq(3)

−ε̃αβγδL,f CαβγδNl VγµV
†
νδC

αβµν
Nq CαβγδNq

−εαβγδR,f Cαβγδle Cαβγδlu Cαβγδld

−ε̃αβγδR,f CαβγδNe CαβγδNu CαβγδNd

−εαβγδS,f
1
2C

αβγδ
Nlel + 1

4C
γβαδ
Nlel Vγν(CβαδνlNuq )∗ (CβαδγlNqd )∗

−εαβγδP,f
1
2C

αβγδ
Nlel + 1

4C
γβαδ
Nlel −Vγν(CβαδνlNuq )∗ (CβαδγlNqd )∗

−εαβγδT,f
1
8C

γβαδ
Nlel 0 (C

′βαδγ
lNqd )∗

in red in Tables 2.6 and 2.7. In total, the secret neutrino interactions induced by the
operators in Table 2.1, still in the flavor basis, read

Lsecret =
1

Λ2

{(
Cαβγδll + Cαδγβll

)
(ναγµPLνβ)(νγγ

µPLνδ)

+CαβγδNl (NαγµPRNβ)(νγγ
µPLνδ) + CαβγδNN (NαγµPRNβ)(Nγγ

µPRNδ)
}
.

(2.17)

These are naturally even harder to detect than GNI and we will only consider them
in Section 3.3 where they give rise to NSI at loop-level through a modified coupling
to the Z boson. However, they have been considered in the context of cosmology and
astrophysics [61–66].

We conclude several points from the analysis of four-fermion matching. Firstly, some
GNI coefficients, namely εT,u, εR,ud and ε̃L,ud cannot be generated at all from operators up
to dimension six in SMNEFT. If these GNI are detected, it poses a hint towards low-scale
new physics, or towards higher order in the EFT expansion. Secondly, some operators
(those printed in red in Tables 2.6 and 2.7) can be generated, but only at the cost of
introducing equally strong charged fermion interactions, which should make them very
constrained. The only remedy could be precise cancellations between Wilson coefficients.
For instance, when we have in Equation (2.16)

Cαβγδll + Cαδγβll = 0 (2.18)

we can still have sizable εαβγδL,e 6= 0 in Table 2.6. However, since the Wilson coefficients run
with the interaction energy scale µ, a precise cancellation at one scale does not need to
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Table 2.7. Charged-current GNI coefficients appearing in Equation (2.12) and their
contributions from dimensionless Wilson coefficients of SMNEFT four-fermion operators
in Table 2.1 assuming Λ−2 =

√
8GF . For general Λ, the GNI coefficients are given by

the entries of the table divided by
√

8GFΛ2. Indices and color coding are analogous to
Table 2.6.

−εαβγδL,ud
Vγν
Vγδ

2Cαβνδlq(3) −ε̃αβγδL,ud 0

−εαβγδR,ud 0 −ε̃αβγδR,ud
1
Vγδ

CαβγδeNud

−εαβγδS,ud
1
Vγδ

(
VγνC

αβνδ
elqd + Cαβγδeluq

)
−ε̃αβγδS,ud

1
Vγδ

(
CαβγδlNuq − VγνC

αβνδ
lNqd

)

−εαβγδP,ud
1
Vγδ

(
−VγνCαβνδelqd + Cαβγδeluq

)
−ε̃αβγδP,ud

1
Vγδ

(
CαβγδlNuq + VγνC

αβνδ
lNqd

)

−εαβγδT,ud
1
Vγδ

C
′αβγδ
eluq −ε̃αβγδT,ud −Vγν

Vγδ
C
′αβνδ
lNqd

persist at another scale. Nonetheless, this kind of scenario is not too unrealistic to expect,
as we will see in Section 3.3, where we present a model with new physics generating Oll
and the Wilson coefficients satisfy the relation (2.18) at tree-level. Thirdly, we observe
that from the high-energy perspective, the assumption that up and down quark NSI are
equal is unjustified, since they are generated by different operators. Fourthly, some single
SMNEFT operators induce two different GNI coefficients. In particular, OlNuq, OlNqd
and O′lNqd induce simultaneously scalar or tensor charged-current and neutral-current
interactions. So it would be an attractive scenario to detect one of these interactions, say,
in the neutral-current channel and then predict the corresponding interaction strength
in the charge-current channel. Consistency of the two would give a strong hint towards
the underlying SMNEFT operator. We discuss ways to test these connected operators
through coherent elastic neutrino nucleus scattering and beta decays in Section 4.3.

As a final remark, we note that while we can map these operators according to Ta-
bles 2.6 and 2.7 at the weak scale, the RG running down to lower scales in general may
mix those contributions. Throughout this work, we neglect the mixing as subleading, but
there are some interesting insights from other publications. In Reference [67] it was found
that the left-handed charged-current (pseudo)scalar and tensor NSI mix as one runs from
2 GeV to the weak scale, while the left and right vectors do not mix.

2.4.2. Boson-fermion mixed operators

Even though we will not consider the boson-fermion mixed operators of Table 2.2 in our
phenomenological studies in Chapter 3 and Chapter 4, for completeness we comment here
on the type of LEFT operators they generate below the weak scale. The leading effect
of operators of the form ψ2H3 is a correction to fermion masses and Yukawa couplings
of h, since they are just the Yukawa terms of the Higgs doublet multiplied by a Higgs
bilinear. This will lead to Yukawa couplings to h not being proportional to the fermion
mass, unlike in the SM [68]. In the second column of Table 2.2 are the operators of type
ψ2XH which lead to dipole-like modified couplings of quarks and leptons to the W and



2.4. Matching relations 25

Z bosons, as well as the photon and gluon. We expect that these operators are strongly
constrained by the electromagnetic properties of the fermions but do not consider them
further here. Finally, the operators of type ψ2H2 lead to modified couplings of fermion
bilinears to W and Z. In the following, we calculate only those involving neutrinos, which
are(
O(1)
Hl

)
αβ

= i
(
H†D~

~

µH
) (
lαγ

µlβ
)
,

(
O(3)
Hl

)
αβ

= i
(
H†τ ID~

~

µH
) (
lατ

Iγµlβ
)
,

(OHN )αβ = i
(
H†D~

~

µH
) (
Nαγ

µNβ

)
,

(OHNe)αβ = i
(
H̃†DµH

) (
Nαγ

µeβ
)
.

(2.19)

Evaluating the operators at the Higgs vacuum expectation value, one finds the usual
structure of the weak interaction Lagrangians,

LW = − g

2
√

2
Wµj

µ
W + H.c. ,

LZ = − g

2cW
Zµj

µ
Z .

(2.20)

However, the leptonic fermion currents are modified and read,

jµW,lepton = (2δαβ + 4CαβHl(3))ναγ
µPLeβ + 2CαβHNeNαγ

µPReβ ,

jµZ,lepton = 2(g̃νL)αβ(ναγ
µPLνβ) + 2(g̃eL)αβ(eαγ

µPLeβ) + 2geR(eαγ
µPReβ)

+ 2(g̃NR )αβ(Nαγ
µPRNβ) .

(2.21)

The SM leptonic charged current gets a contribution form O(3)
Hl . Moreover, there is a

new right-handed leptonic charged current mediated by OHNe. Concerning the neutral
currents, the modified couplings read

(g̃νL)αβ = gνLδ
αβ − CαβHl(1) + CαβHl(3) ,

(g̃eL)αβ = geLδ
αβ − CαβHl(1) − C

αβ
Hl(3) ,

(g̃NR )αβ = −CαβHN ,

(2.22)

with the SM contributions being the terms proportional to δαβ and where gfX are given
in Equation (1.16). Besides the corrections to neutral-current SM couplings, there is a
new right-handed neutrino coupling to the Z boson.

If we integrate out W and Z, which requires to compute the contractions jµZjZ,µ and
jµW jW,µ, we arrive the following GNI coefficients to leading order in Wilson coefficients.
First, we have

εαβγδL,e = 2δαδCγβHl(3) + 2CαδHl(3)δ
γβ

− δαβ
(
CγδHl(1) + CγδHl(3)

)
− 2geLδ

γδ
(
CαβHl(1) − C

αβ
Hl(3)

)
,

(2.23)

From the contraction of the modified left-handed neutrino neutral-current with the stan-
dard neutral currents of uL, uR, dL, dR, e we find

εαβγδL,q = 2gqLδ
γδ
(
CαβHl(3) − C

αβ
Hl(1)

)
,

εαβγδR,f = 2gfRδ
γδ
(
CαβHl(3) − C

αβ
Hl(1)

)
,

(2.24)
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where q = u, d and f = u, d, e. The contraction of the right-handed neutrino neutral
current with the charged fermion neutral currents yields

ε̃αβγδL,f = −2gfLδ
γδCαβHN ,

ε̃αβγδR,f = −2gfRδ
γδCαβHN .

(2.25)

The right-handed W coupling induced by OHNe implies

εαβγδS,e = εαβγδP,e = 2δβγCαδHNe ,

ε̃αβγδL,ud = (CβαHNe)
∗δγδ ,

(2.26)

and finally one finds,
εαβγδL,ud = 2δγδ(CβαHl(3))

∗ . (2.27)

These GNI are accompanied by a modified electron-Z coupling

LZe = − g

2cW
Zµj

µ
Ze = − g

2cW
Zµ

(
2geLδ

αβ − 2CαβHl(1) − 2CαβHl(3)

)
eαγ

µPLeβ . (2.28)

This coupling is of course again strongly constrained, such that relatively precise can-
cellations between CHl(1) and CHl(3) would be required to make these operators consis-
tent with observations. Again all expressions of GNI coefficients are derived assuming
Λ−2 =

√
8GF . General expressions are found by the replacement rule

εgeneral =
ε√

8GFΛ2
. (2.29)



3. Theoretical origins of new
neutrino interactions

In this chapter, we discuss several examples of UV complete models which at low energies
leave traces in the form of GNI. The purpose of this discussion is mainly to demonstrate
the versatility of different theoretical approaches, including gauge extensions, colored
and uncolored scalar and vector bosons that all can give rise to different kinds of GNI.
While this may inform us for which interactions we would have relatively straightforward
theoretical explanations, we can only stress that experiments have to determine which,
and if any at all, are realized. If anything, the versatility of these different models calls
us to search for all possible traces of new physics including those considered exotic.
This philosophy is reflected by our choice to analyze the most general Lorentz-invariant
neutrino interactions in terms of their experimental probes in Chapter 4. Of course,
detecting such new interactions is only the first step. After their detection, we may apply
complete models that explain the observed interactions to make predictions about signals
of new physics in other processes. Consistency or inconsistency of these results can then
be used to distinguish which models are accurate and which ones fail.

The models we consider in this chapter are divided into three classes. In Section 3.1, we
discuss U(1) gauge extensions of the SM and, in particular, a model with a gauged third-
generation baryon number minus lepton number symmetry. This symmetry is broken
at a high energy scale such that the massive gauge boson becomes a heavy mediator of
new physics. Next, in Section 3.2, we discuss new scalars and vectors which carry both
color and electroweak charges, the so-called leptoquarks. Both of these introduce GNI
already at tree-level by integrating out heavy mediators. In Section 3.3 we investigate
how new scalars, not necessarily very heavy, can introduce non-standard interactions at
one-loop level. In this case, the loop suppression can be a reason for the smallness of new
interactions.

This chapter partially relies on the content of References [1, 3, 4]. We comment on
which parts specifically have been published at the appropriate places throughout the
chapter.

3.1. Gauge extensions

The landscape of possible gauge extensions of the SM is of course far too vast to cover
here. We choose to comment on selected phenomenologically inspired approaches with
particular interest to neutrino interactions. A class of relatively economical gauge exten-
sions can be denoted by U(1)X models [69]. These are models in which the SM gauge
group is extended by another U(1) gauge symmetry, i.e SU(3)C×SU(2)L×U(1)Y×U(1)X .
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Now, broadly speaking, the U(1)X gauge boson can be light or massless, in which case it
is usually referred to as a hidden photon. Or it can have a mass comparable to or larger
than the Z boson, in which case it is usually referred to as a Z ′. Due to loop diagrams,
the dark photon will usually share a kinetic term with the regular photon and the Z ′ will
mix with the Z boson through a mixed U(1)Y -U(1)X kinetic term [70]. Therefore, these
models are subject to strong constraints on this mixing, unless the mass of Z ′ is well
above the weak scale. This is a remarkably generic fact, given that the charges of the
SM fields or additional particles under the new U(1) do not need to be specified for these
conclusions as long as there are particles carrying both U(1)X and SM charge. In this
section, we first review the general dynamics of Z ′ models without specifying the charges
of SM fields. Then we give a particularly attractive example, the gauged third-generation
baryon number minus lepton number symmetry, in short (B − L)3.

3.1.1. Z ′-mixing and mass diagonalization

We will assume here a generic U(1)X extension of the standard model, where the U(1)X
is already broken and the gauge boson X has acquired a mass M̂X . In the explicit
model considered in Section 3.1.2, this mass is generated from the vev of a new scalar
field. Without mention of the origin of M̂X , the SU(2)L×U(1)Y×U(1)X gauge-fermionic
component of the Lagrangian between the scale of U(1)X breaking and EWSB reads

Lg.f. = −1

4
W I,µνW I

µν −
1

4
B̂µνB̂µν −

1

4
X̂µνX̂µν −

ε

2
X̂µνB̂µν

+
1

2
M̂2
XX̂

µX̂µ − g jI,µW W I
µ − g′jµY B̂µ − gXj

µ
XX̂µ ,

(3.1)

where the term proportional to ε is the kinetic mixing term which is always generated by
loop processes, and a runs over SU(2)L-adjoint indices. Explicitly,

jI,µW =
∑

ψ

ψ
τ I

2
γµψ , ψ = l, q , (3.2)

jµB =
∑

ψ

qψY
2
ψγµψ , ψ = l, q, e, u, d , (3.3)

jµX =
∑

ψ

qψXψγ
µψ , ψ = l, q, e,N, u, d , (3.4)

where qψY denotes the hypercharge of the representation ψ, while qψX denotes the X-charge
of the representation ψ. The hats are meant to indicate that the fields are not canonically
normalized. To change this, one may perform the transformation

(
B̂µ
X̂µ

)
=

(
1 − ε√

1−ε2
0 1√

1−ε2

)(
Bµ
Xµ

)
, (3.5)

which eliminates the kinetic mixing term, while establishing

m2
X =

1

1− ε2 M̂
2
X . (3.6)
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How Xµ mixes with the other gauge fields now depends on whether the electroweak
symmetry is broken or unbroken. Let us consider the two cases from high to low scale.

In the symmetric phase of SU(2)L×U(1)Y , i.e. above the weak scale, there is no mass
mixing between B and X, since B and W are strictly massless. The covariant derivative
in terms of the canonically normalized fields then reads

Dµ = ∂µ + igW I
µ

τ I

2
+ ig′Bµ

Y

2
+ iXµ

1√
1− ε2

(
gXYX − ε g′

Y

2

)
, (3.7)

where Y denotes the hypercharge operator and YX the U(1)X charge operator. Apart
from the usual SM interactions, this leads to the fermionic neutral-current interactions
with X,

LX,NC =
1√

1− ε2
(
−gXjµX + ε g′jµY

)
Xµ . (3.8)

Considering a Higgs doublet H and its coupling to the gauge fields, we can derive the
interaction with mass eigenfields,

(DµH)†(DµH) = (DµH)†
(
∂µ + igW I

µ

τ I

2
+ i

g′

2
Bµ − i

g′

2

ε√
1− ε2

Xµ

)
H . (3.9)

We conclude that the kinetic mixing introduces a small coupling toX for all fields carrying
a hypercharge qY , even if they carry no U(1)X charge.

Below the electroweak scale explicit masses for B̂ and W are generated, giving rise to
a combined mass matrix for the neutral component W 3 of W , B and X,

M2 =
v2

4




g2 −gg′ gg′ ε√
1−ε2

−gg′ g′2 −g′2 ε√
1−ε2

gg′ ε√
1−ε2 −g′2 ε√

1−ε2
4
v2
M̂2
X(1− ε2)−1 + g′2 ε2

1−ε2


 . (3.10)

Defining the Weinberg angle as usual, tan θW = g′/g, with the rotation matrix

Rθ =



sW cW 0
cW −sW 0
0 0 1


 (3.11)

one obtains the partial diagonalization

RθM
2RTθ =




0 0 0
0 m2

Z,SM m2
Z,SMsW

ε√
1−ε2

0 m2
Z,SMsW

ε√
1−ε2 µ2

X


 , (3.12)

where we used the SM tree-level relation mZ,SM = gv/2cW and the definition

µ2
X = M̂2

X(1− ε2)−1 +m2
Z,SMs

2
W

ε2

1− ε2 . (3.13)
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This can be diagonalized by another rotation to the mass eigenvalues m2
Z and m2

Z′ with

m2
Z =

mZ,SM2

2
+
µ2
X

2
+
m2
Z,SM − µ2

X

2

√
1 + tan2(2ξ) , (3.14)

m2
Z′ =

mZ,SM2

2
+
µ2
X

2
−
m2
Z,SM − µ2

X

2

√
1 + tan2(2ξ) , (3.15)

where the second mixing angle is defined by

tan(2ξ) =
2m2

Z,SMsW

m2
Z,SM − µ2

X

ε√
1− ε2

= −
m2
Z,SM

µ2
X

2sW

1− m2
Z,SM

µ2X

ε√
1− ε2

.

(3.16)

This angle essentially depends on the kinetic mixing factor ε and the original mass param-
eter M̂X set by the scale of U(1)X breaking. To summarize, the diagonalization proceeds
by

diag(m2
γ ,m

2
Z ,m

2
Z′) = RξRθM

2RTθ R
T
ξ , (3.17)

where

Rξ =




1 0 0
0 cos ξ sin ξ
0 − sin ξ cos ξ


 . (3.18)

There are several phenomenologically relevant limits. If M̂2
X � m2

Z,SM, then we may
expand to first order in their ratio

tan(2ξ) = −
m2
Z,SM

M̂2
X

2sW ε
√

1− ε2 +O
(
m4
Z,SM

M̂4
X

)
. (3.19)

Accordingly, the masses are given by

m2
Z = m2

Z,SM

(
1−

m2
Z,SM

M̂2
X

ε2s2
W

)
+O

(
m4
Z,SM

M̂4
X

)
,

m2
Z′ =

M̂2
X

1− ε2

(
1 +

m2
Z,SM

M̂2
X

ε2s2
W

)
+O

(
m4
Z,SM

M̂4
X

)

= M̂2
X

(
1 + ε2

[
1 +

m2
Z,SM

M̂2
X

s2
W

])
+O(ε4) .

(3.20)

Another approximation valid for all masses M̂2
X , but only for small ε reads

tan(2ξ) =
2sW ε

1− M̂2
X

m2
Z,SM

+O(ε2) . (3.21)
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This limit is most appropriate for dark photon theories with a light and weakly mixed
Z ′. We will not consider it further here.

Turning to the interactions with fermions, we note that the unnormalized states in
Equation (3.1) are given in terms of mass eigenstates by



W 3

B̂

X̂


 = GRTθ R

T
ξ



A
Z
Z ′


 , (3.22)

where

G =




1 0 0
0 1 − ε√

1−ε2
0 0 1√

1−ε2


 . (3.23)

Applying this, one may transform the vector-fermion interaction terms to the standard
form

LNC =
∑

f

−e qffγµfAµ −
g

cW

(
gfLfγ

µPLf + gfRfγ
µPRf

)
Zµ

− gX
(
gfL′fγ

µPLf + gfR′fγ
µPRf

)
Z ′µ ,

(3.24)

for f = e, ν,N, u, d. Here qf denotes the SM electric charge. For simplicity, we show the
other couplings only up to linear order in ε. In general, one has

gfL = gfL,SM +
gXcW
g

qfX ξ ,

gfL′ = qfX − I
f
3

g

gX
ε− g

gXcW
gL,SM ξ ,

gfR = gfR,SM +
gXcW
g

qfX ξ ,

gfR′ = qfX −
g

gXcW
gR,SM ξ ,

(3.25)

where If3 denotes the weak isospin quantum number of f . Note that since ξ ∼ ε+O(ε2),
we simplified cos ξ ≈ 1, sin ξ ≈ ξ.

3.1.2. Flavored baryon minus lepton number symmetry

When considering U(1) gauge extensions, it is advantageous for the simplicity of the
particle content to gauge symmetries which are automatically free from gauge anomalies.
In other cases, one frequently has to assume the existence of further new fermions which
cancel such anomalies. Particular examples of anomaly free gauge extensions are lepton-
flavor symmetries such as Lµ − Lτ , or baryon number minus lepton number symmetries
B − L which are anomaly free if one adds for each fermion generation a SM singlet
neutrino with B − L charge −1 [71, 72]. This cancellation, however, holds separately for
each fermion generation. Therefore, it is possible to gauge only the third generation B−L
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which relaxes experimental constraints. Moreover, the single sterile neutrino, which then
carries L3 charge −1, can serve as a dark matter candidate if it is sufficiently stable [73].
The model we present here has been proposed in Reference [73] to explain dark matter.
We will first summarize it and then discuss the mapping to SMNEFT and subsequently
GNI. The content of this section has been published in Reference [4].

The particle content of the model is a sterile Weyl neutrino NR with (B − L)3-charge
−1, a SM singlet scalar Φ with (B − L)3-charge +2 in addition to the SM particles of
which the doublet lτ and the singlet τR carry charge −1 while the doublet q3 and singlets
tR and bR carry charge 1/3. The role of the scalar is to break the new U(1) symmetry at
a scale w � v, thereby giving the Z ′ its mass mZ′ � mZ . To see this, consider first the
sterile neutrino part of the most general Lagrangian of this model

LN = iNRγ
µDµNR +

(
yναlτNRH̃ + H.c.

)
−
(y

2
N c
RNRΦ + H.c.

)
. (3.26)

These are, in succession, the kinetic part including the covariant derivative

Dµ = ∂µ + ig
τ I

2
W I
µ + ig′

Y

2
Bµ + igXY(B−L)3X̂µ , (3.27)

the neutrino Higgs Yukawa term discussed in Section 1.2.1, and a new Yukawa coupling
to Φ. The final term will induce a large Majorana mass for N once Φ acquires a vev. The
Higgs Yukawa, leading to a Dirac mass term and thereby to a mixing of ντ with N is not
problematic by itself, since, as discussed in Section 1.2.1, the mass of the active neutrinos
can still be small by virtue of the seesaw mechanism. However, this mixing leads to the
possible decay of N into light neutrinos, which does pose a problem in the case that N
is considered as a dark matter candidate. Since we investigate this option in Chapter 5,
we assume a stabilizing Z2 symmetry under which only N is charged. This forbids the
Higgs Yukawa term in Equation (3.26). We then find the complete Lagrangian

L = LSM + iNRγ
µ∂µNR + gXX̂µNRγ

µNR − gX
∑

f

qfXX̂µfγ
µf

−
(y

2
N c
RNRΦ + H.c.

)
− 1

4
X̂µνX̂µν −

ε

2
X̂µνB̂µν

+ (DµΦ)† (DµΦ) + µ2
ΦΦ†Φ− λΦ

(
Φ†Φ

)2 − λHΦ

(
H†H

) (
Φ†Φ

)
,

(3.28)

where µ2
H and µ2

Φ are chosen positive, and f = lτ , τR, q3, tR, bR. Again, ‘hatted’ fields
denote non-canonically normalized gauge fields as in Equation (3.1).

We assume that Φ acquires a large vev w � v. Then in between the two energy scales,
U(1)(B−L)3 is spontaneously broken and in unitary gauge we can define

Φ =
1√
2

(w + φ) , (3.29)

from which we derive

M̂2
X = 4g2

Xw
2 , m2

φ = 2µ2
Φ , mN =

y√
2
w . (3.30)
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The interactions of φ read

L ⊃
(
− y

2
√

2
N c
RNRφ+ H.c.

)
+ 2g2

XX
µXµφ(φ+ 2w)− λHΦ

2
H†Hφ(φ+ 2w) . (3.31)

The SM gauge symmetry remains intact and thus the Higgs remains massless and there
is no scalar mass mixing. Now we concentrate on a certain parameter region of the model
where we have w,mφ � mN . In other words w ∼ µΦ and y � gX < 1. In this region,
the fields Xµ and φ appear only as virtual particles and the correct EFT in between
the scale w and either v or mN (depending which one is larger) is SMNEFT. Note that
the situation is now analogous to the setup in Section 3.1.1. Hence, we know that the
kinetic mixing leads to a coupling of all fermions to the canonically normalized massive
vector field Xµ which is proportional to the mixing parameter ε, see Equation (3.8).
The parameter ε itself has a calculable contribution at the one-loop level. However,
this contribution is divergent and requires a renormalization to absorb the divergence.
Therefore, ε cannot be predicted, but its physical value must be determined by experiment
instead. The parameter ε can be constrained from electroweak precision data [74] which
typically requires it to be below 0.03 for mZ′ < mZ and between approximately 0.05 and
0.3 for mZ′ between 200 GeV and 1 TeV.

We now discuss the identification of Wilson coefficients from the fundamental theory.
Any lepton-number violation is transmitted via Φ and thus requires an insertion of w.
Considering first the dimension-five operators in Equation (2.5), this implies that the
Weinberg operator cannot be generated since the lepton doublet does not couple to Φ
and does not mix with N due to the Z2 symmetry. The third operator ONB vanishes

exactly for a single Majorana neutrino. What remains is O(5)
NH , which is generated by the

tree-level exchange of a φ as shown in Figure 3.1a. We find

C
(5)
NH

Λ
= − y

2
√

2

1

m2
φ

λHΦw = −mNλHΦ

2m2
φ

. (3.32)

The four-fermion operators Off ′ with f, f ′ = l, e,N, q, u, d are generated by the tree-level
exchange of an X boson as shown in Figure 3.1b. We find

Cααββff ′

Λ2
=

g2
X

m2
X

[
qf,αX qf

′,β
X − g′

gX

1

2

(
qf,αX qf

′

Y + qfY q
f ′,β
X

)
ε+

(
qf,αX qf

′,β
X +

g′2

g2
X

1

4
qfY q

f ′

Y

)
ε2
]
.

(3.33)

This can be understood from Equation (3.8). Notice the following hierarchy of coefficients.
When α = β = 3, qX 6= 0 and the leading contribution is of order ε0/m2

X . When either
α or β is 3 and the other is 1 or 2, the leading contribution is of order ε/m2

X . When
neither α nor β is 3, the leading contribution is of order ε2/m2

X . The lepton number
violating operator ON4 is generated by the exchange of a scalar φ but we will not be
concerned with this sterile neutrino self-interaction. These are the only four-fermion
operators which receive tree-level contributions of new physics. The operators OeNud,
ONlel, OlNqd, O′lNqd, and OlNuq strictly vanish at any order, since they are forbidden by
the Z2 symmetry.
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Figure 3.1. Diagrams contributing to different SMNEFT operators and the effective
quartic Higgs coupling at tree-level.

Now we turn to the operators of Table 2.2. The operators of type ψ2H3 are generated
in the SM via the quartic Higgs coupling. A new physics contribution is derived from the
tree-level exchange of a φ shown in Figure 3.1c. This exchange amounts effectively to a
modified quartic Higgs coupling

λH = λSM
H + λ2

Hφ

w2

m2
φ

= λSM
H +

λ2
Hφ

2

1

λΦ
, (3.34)

which we expect to be the experimentally accessible SM Higgs coupling. Next we have
the operators of type ψ2H2 which are generated by the tree-level diagram shown in
Figure 3.1d. The vector V can be B or X in the singlet operator case and is W in the
case of triplet fermionic and Higgs bilinears which are signified by a superscript (3). The
suppression of the X-exchange diagrams for these operators is always at least ε/m2

X , since
the Higgs coupling appears only through B-X-mixing.

If we assume both mixing parameters ε and λHΦ to be small, we can summarize the
leading order (ε0λ0

HΦ) Wilson coefficients as these three types of four-fermion operators

CLL = g2
X ≡ c , C

(1)
lq = CLQ = −g

2
X

3
≡ − c

3
, C(1)

qq = CQQ =
g2
X

9
≡ c

9
, (3.35)

where LL = ll, NN, ee,Nl, le,Ne, LQ = lu, ld,Nq,Nu,Nd, qe, eu, ed, and QQ = uu, dd,
qu, qd, ud, and flavor indices 3 are implicit. Consequently, it is a natural choice to define
Λ = mZ′ . For matching these operators to LEFT we can use Table 2.6, Table 2.7 and
the remaining SMEFT-LEFT-relations from Reference [50]. The neutrino interactions
are accompanied by equally large charged fermion interactions. We hence expect the
strongest constraints from the latter. Experimental constraints on the model will be
discussed in Chapter 5, where besides the four-fermion operators we will also consider

O(5)
NH despite its strong suppression. The reason is that dark matter direct detection

experiments are highly sensitive to this interaction when N constitutes dark matter.
As a final remark, we note that by itself this model cannot explain the flavor structure

of the SM. The problem is that the (B − L)3 symmetry separates the Higgs Yukawa
interactions of the first and second generation from those of the third generation. This
problem can be alleviated by introducing further particles. One example is to add scalars
and vector-like fermions [75]. A second example is to add a scalar with mixed SM and
(B − L)3 charges [76].
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3.2. Leptoquarks

Scalar extensions of the SM are not restricted by considerations of anomaly cancellation.
Moreover, charged scalars are excellent candidates to search for at the LHC. The non-
observation so far puts strong constraints on their coupling to the SM and their mass.
Neutral scalars are typically less constrained, but consistency of the Higgs sector with
the SM requires small mixing between the Higgs and the new scalar. An interesting
class of scalar particles consists of the leptoquarks which carry both lepton and baryon
number [77]. Traditionally discussed in the context of Grand Unified Theories [78, 79]
and later R-parity violating Supersymmetry [80], there has recently been a renewed surge
of interest in leptoquarks partially sparked by precision flavor observables like B meson
decays that show some tension with SM expectations [81–85]. They are also interesting
from the point of view of radiative neutrino mass generation [86–90]. In this thesis, our
main interest is the generation of new neutrino interactions, in particular those with
sterile neutrinos. Leptoquarks more generally also include vector bosons. In this case it
is more intricate to generate the masses since it is required to make some assumptions
about the embedding of leptoquarks in a larger new-physics sector. In this section we will
first introduce leptoquarks rather generally in Section 3.2.1. Then, we will discuss some
particular sets of leptoquarks in slightly more detail. Namely, a particular combination
of leptoquarks can on the one hand generate radiative neutrino masses and on the other
hand induce some interesting GNI phenomenology, which we discuss in Section 3.2.2.
Finally, we discuss the phenomenology of two leptoquarks which can act as mediators
between the SM and sterile neutrino dark matter in Section 3.2.3. This section is based
mainly on Reference [3]. Whenever we go beyond these previously published results, we
point this out in the text.

3.2.1. Heavy leptoquarks and their tree-level EFT matching

All the possible renormalizable couplings of a quark field and a lepton field to a scalar or
vector have been labeled in Reference [91]. The list has been extended to include sterile
neutrinos in Reference [3], from which we draw in this section. Keeping the distinction
between leptoquarks with fermion number F = 3B + L = 0 and F = 2, the complete
interaction Lagrangians read

LF=2 =
(
s1L qciτ2l + s1e ucReR + s1N dcRN

)
S1

+ s′1 d
c
Re S

′
1 + s′′1 u

c
RN S′′1 + s3qciτ2~τl ~S3

+
(
v2R qc

a
γµeR + v2L dcRγµl

a
)

(iτ2)abV µ,b
2

+
(
v′2R qc

a
γµN + v′2L u

c
Rγµl

a
)

(iτ2)abV µ,b
2

′
+ H.c. ,

(3.36)

LF=0 =
(
r2R q

beR + r2L uR l
a(iτ2)ab

)
Rb2

+
(
r′2L dR l

a(iτ2)ab + r′2R q
bN
)
Rb2
′

+
(
u1L qγµl + u1e dRγµeR + u1N uRγµN

)
Uµ1

+ u′1 uRγµeR U
µ
1
′
+ u′′1 dRγµN Uµ1

′′
+ u3 q ~τγµ l ~U

µ
3 + H.c.

(3.37)
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Table 3.1. Leptoquarks that can couple to SM particles and right-handed neutrino
singlets, together with the operators from Table 2.1 they can generate. Our convention
is Q = I3 + Y/2. Exact Wilson coefficients are found in Table 3.2. Operators which do
not lead to neutrino interactions are printed in gray.

F Spin SU(3)C SU(2)L U(1)Y Operators

S1 −2 0 3 1 2/3 O(1)
lq ,ONd,OlNqd,O′lNqd,
Oeluq,O′eluq,OeNud,Oeu

S′1 −2 0 3 1 8/3 Oed
S′′1 −2 0 3 1 −4/3 ONu
S3 −2 0 3 3 2/3 O(3)

lq

V2 −2 1 3 2 5/3 Old,Oelqd,Oqe
V ′2 −2 1 3 2 −1/3 ONq,Olu,OlNuq
R2 0 0 3 2 7/3 Olu,Oeluq,O′eluq,Oqe
R′2 0 0 3 2 1/3 Old,ONq,OlNqd,O′lNqd
U1 0 1 3 1 4/3 O(1)

lq ,ONu,Oelqd,OlNuq,OeNud,Oed
U ′1 0 1 3 1 10/3 Oeu
U ′′1 0 1 3 1 −2/3 ONd
U3 0 1 3 3 4/3 O(3)

lq

The terminology is the same as in Reference [91], except that we replaced ‘tilde’ symbols
with ‘prime’ symbols. This is because in addition to S1 and S′1 the inclusion of sterile
neutrinos allows for a third SU(2)L-singlet leptoquark with fermion number F = 2 which
we call S′′1 . Likewise, in addition to the SU(2)L-singlet vector leptoquarks U1 and U ′1, we
introduce U ′′1 . The list of all scalar and vector leptoquarks and their quantum numbers
is shown in Table 3.1. There are some further interactions possible for these leptoquarks,
namely

L∆B
F=2 = s1B lqiτ2q

cS1 + s′1B uu
cS′1 + s′′1B dd

cS′′1

+ s3B q~τiτ2q
c~S3 + s2B qγµu

cV µ
2 + s′2B qγµd

cV µ
2
′
.

(3.38)

If these and the interactions in Equations (3.36) and (3.37) are present at the same
time, baryon number is violated. In particular, a mixture of these interactions can lead
to proton decay. Here we assume that baryon number is conserved, which rules out
the operators of Equation (3.38) and avoids strong constraints from proton stability.
Generically, the potential of the leptoquarks will include a coupling to the Higgs, i.e. the
non-fermionic part of the leptoquark Lagrangian reads

LX = −m2
XX

†X + (DµX)†DµX − λXHX†XH†H , (3.39)

LY = m2
Y Y
†
µY

µ − 1

2
(Yµν)†(Y µν)− λY HY †µY µH†H , (3.40)

where X is a scalar leptoquark and Yµ is a vector leptoquark with the definition

Yµν = DµYν −DνYµ . (3.41)
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N uRα

S′′
1

N uRβ

(a) Leptoquark exchange leading to an effective
four-fermion interaction ONu.

ν bL bR ν

S1 R′
2

v

(b) Radiative neutrino mass through S1 andR′
2.

Figure 3.2. Leptoquark diagrams

We will neglect the portal couplings λXH , λY H for simplicity. If we assume that the lep-
toquarks are heavy, typically with masses around or above 1 TeV, they can be integrated
out giving rise to effective four-fermion SMNEFT operators (or operators of LEFT ex-
tended by right-handed neutrinos below the weak scale). As an example consider the
tree-level exchange of an S′′1 in Figure 3.2a. This allows us to identify the mass of the
leptoquark with Λ and to relate the Wilson coefficients of the SMNEFT operators with
the couplings in Equations (3.36) and (3.37). Going beyond our previously published re-
sults of Reference [3], we show the resulting Wilson coefficients in Table 3.2, while details
of the calculation are delegated to Appendix B.1.

From the point of view of neutrino theory, some of these leptoquarks are particularly
interesting. One criterion of interest is to select those leptoquarks which can generate
the neutrino mass radiatively, i.e. by means of a loop diagram. These are the topic of
Section 3.2.2. A second criterion is to focus on those leptoquarks whose quantum numbers
dictate that they couple only to bilinears involving sterile neutrinos, namely S′′1 and U ′′1 .
This opens the interesting possibility that they could be the mediators between thermal
relic dark matter and the SM. The two candidates are discussed in Section 3.2.3 and later
in the context of dark matter phenomenology in Chapter 5.

3.2.2. Radiative neutrino mass and chirality flipping GNI

Radiative neutrino masses at one loop can only be generated by two particular com-
binations of two leptoquarks, the scalar combination S1 (or S3) and R′2 or the vec-
tor combination U1 (or U3) and V ′2 [90]. This holds for SU(3)C-triplet leptoquarks.
Higher-dimensional representations open new possibilities, e.g. S1 and a leptoquark in
the (6,1,4/6) representation [88]. It is also possible to avoid this selection by considering
double copies of some of the SU(3)C-triplet leptoquarks and introducing 3-leptoquark
interactions [90]. We focus here on the simplest minimal scenario S1 and R′2. This
combination works, because the quantum numbers allow for a scalar coupling of the form

L = λSHR S1H
†R′2 . (3.42)

Therefore, one can connect the Higgs vev v to a neutrino propagator by a leptoquark
loop, as shown in Figure 3.2b. This diagram results in a neutrino mass approximately
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Table 3.2. Wilson coefficients of SMNEFT operators defined in Table 2.1 induced at
tree-level by integrating out the leptoquarks in Equations (3.36) and (3.37) and assuming
all leptoquark masses are equal to the EFT scale Λ.

Wilson Coefficient Leptoquark contributions

(C
(1)
lq )αβγδ −1

2(s1L)∗γα(s1L)δβ + (u1L)∗δα(u1L)γβ

(C
(3)
lq )αβγδ −1

2(s3)∗γα(s3)δβ + (u3)∗δα(u3)γβ
(Ceu)αβγδ −1

2(s1e)
∗
γα(s1e)δβ + (u′1)∗δα(u′1)γβ

(Ced)
αβγδ −1

2(s′1)∗γα(s′1)δβ + (u1e)
∗
δα(u1e)γβ

(CNd)
αβγδ −1

2(s1N )∗γα(s1N )δβ + (u′′1)∗δα(u′′1)γβ
(CNu)αβγδ −1

2(s′′1)∗γα(s′′1)δβ + (u1N )∗δα(u1N )γβ
(Cqe)

αβγδ 1
2(r2R)αδ(r2R)∗βγ − (v2R)∗αγ(v2R)βδ

(CNq)
αβγδ 1

2(r′2R)γβ(r′2R)∗δα − (v′2R)∗γα(v′2R)δβ
(Clu)αβγδ 1

2(r2L)∗δα(r2L)γβ − (v′2L)γα(v′2L)∗δβ
(Cld)

αβγδ 1
2(r′2L)∗δα(r′2L)γβ − (v2L)γα(v2L)∗δβ

(CeNud)
αβγδ −1

2(s1e)
∗
γα(s1N )δβ + (u1e)

∗
δα(u1N )γβ

(Celqd)
αβγδ −2(v2L)δβ(v2R)∗γα − 2(u1L)γβ(u1e)

∗
δα

(Celuq)
αβγδ 1

2(s1L)δβ(s1e)
∗
γα + 1

2(r2R)∗δα(r2L)γβ
(C
′
eluq)

αβγδ −1
8(s1L)δβ(s1e)

∗
γα + 1

8(r2R)∗δα(r2L)γβ
(ClNqd)

αβγδ 1
2(s1L)∗γα(s1N )δβ + 1

2(r′2R)γβ(r′2L)∗δα
(C
′
lNqd)

αβγδ −1
8(s1L)∗γα(s1N )δβ + 1

8(r′2R)γβ(r′2L)∗δα
(ClNuq)

αβγδ −2(v′2R)δβ(v′2L)∗γα − 2(u1L)∗δα(u1N )γβ

given by [86,92]

mαβ
ν ∼

3√
2

rα3
2Ls

3β
1L

16π2
mb

λSHRv

m2
, (3.43)

where we assume the bottom quark to run in the loop and that mS1 ≈ mR′2
≈ m. To

explain the neutrino masses of order mν ∼ 0.1 eV for λSHR ∼ v and m ∼ 1 TeV one needs
couplings r′2L, s1L . 10−2-10−3.

On the other hand, these two leptoquarks can also generate the phenomenologically
very interesting operators OlNqd and O′lNqd which induce simultaneously charged-current
and neutral-current (pseudo)scalar and tensor GNI. In Section 4.3, we discuss how both of
these can be detected by different experiments. Besides generating neutrino masses, these
leptoquarks could be responsible for B physics anomalies at the same time [92], which
we do not discuss further here. The vector combination for radiative neutrino masses
U1 and V ′2 is discussed in detail in Reference [87]. We note here only that these two
leptoquarks can generate another very interesting operator OlNuq which induces charged-
current and neutral-current GNI at the same time. We summarize that it is precisely the
leptoquarks generating radiative neutrino masses which generate the SMNEFT operators

OeNud, OlNuq, O(′)
lNqd which in turn induce the charged-current sterile neutrino GNI on

the right-hand side of Table 2.7.
Let us slightly extend the discussion in Reference [3] on these operators. In Section 4.3.3
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we show that current bounds from beta decay, pion decay and coherent elastic neutrino-
nucleus scattering demand that if only one of the three operators is present at a time, we
have

|Cee11
lNqd| ≤ 4.0× 10−4 ·

√
8GFΛ2 ,

|C ′ee11
lNqd | ≤ 2.4× 10−2 ·

√
8GFΛ2 .

(3.44)

With the identification in Table 3.2 we thus have for S1 and R2

1

2
(s1L)∗1e(s1N )1e +

1

2
(r′2R)1e(r

′
2L)∗1e ≤ 1.3× 10−2 ,

−1

8
(s1L)∗1e(s1N )1e +

1

8
(r′2R)1e(r

′
2L)∗1e ≤ 7.9× 10−1 ,

(3.45)

where we assumed for simplicity Λ = mS1 = mR2 = 1 TeV which as we mentioned fits the
radiative neutrino mass scenario in Reference [92] when s1L, r

′
2L ∼ 10−2-10−3. This gives

us an idea of the coupling magnitude that would be needed for an effect that is close but
below the current sensitivity, namely s1N or r′2R of order 1. This would be an example for
a mixture of Scenario 1 and Scenario 3 in Section 4.3.3.1 Depending on the signs of the
couplings and potential cancellations in Equation (3.45) we could in principle even have
tensor and (pseudo)scalar interactions close to the detection limit at the same time. Let
us finally comment on Scenario 2 of Section 4.3.3. Here we need ClNqd and ClNuq to be
of opposite sign and approximately equal magnitude. From Table 3.2 we conclude that
we then need either S1 or R′2 and either V ′2 or U ′1 with appropriately matching couplings,
which is possible but cannot generically be expected.

3.2.3. Two potential dark matter mediators

Our second focus is on S′′1 and U ′′1 , because these leptoquarks couple only to fermion
bilinears involving a sterile neutrino. Besides the sterile neutrino, they couple to either
uR or dR. The absence of any strongly-constrained four-charged-fermion interactions
hence makes these leptoquarks attractive candidates to explain sizable new neutrino
interactions. As a particular example, we consider S′′1 and U ′′1 as the mediators between
WIMP-like sterile neutrino dark matter N and the SM in Chapter 5. The remaining
part of this section accordingly follows Reference [4] on which Chapter 5 is based. The
corresponding Lagrangians of the two dark matter models we consider read

LS-LQ = −m2
SS
†S + (DµS)†DµS + xt tcRN S + x∗t (S)†NtcR ,

LU -LQ = m2
UU
†
µU

µ − 1

2
(Uµν)†Uµν − igSκU †µTAUνGAµν

+ xb bRγµNR U
µ + x∗b U

†µNRγµbR ,

(3.46)

where we renamed the leptoquarks to S and U and the couplings to xt and xb for com-
pactness, and

Uµν = DµUν −DνUµ , Dµ = ∂µ + igsT
AGAµ . (3.47)

1Strictly speaking those bounds are obtained assuming only one Wilson coefficient at a time, but we
assume here that the combined bounds are comparable.
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The parameter κ is fixed by the UV origin of the vector leptoquark and is either one or
zero, see e.g. Reference [93]. In these models the crucial SMNEFT operators responsible
for the coupling of dark matter to the thermal bath until freeze-out are the tree-level
generated ONu for the case of S′′1 and ONd for U ′′1 . Following Table 3.2, the effective
interaction Lagrangians are given in terms of couplings and masses by

LNt = − |xt|
2

2m2
S′′1

(NRγµNR)(tRγ
µtR) ,

LNb =
|xb|2
m2
U

(bRγ
µNR)(NRγµbR) .

(3.48)

In the language of SMNEFT, we identify

C3333
Nu = −1

2
|xt|2 for Λ = mS , (3.49)

C3333
Nd = |xb|2 for Λ = mU . (3.50)

Additionally, in the context of direct detection, the loop-induced operator O(5)
NH becomes

relevant, since it generates a Higgs portal between the sterile neutrino dark matter and
the SM. The effective Higgs coupling for an S′′1 leptoquark which couples only to the top
quark and Majorana dark matter has been calculated in Reference [94]. In our SMNEFT
language2 it reads

C
(5)
NH

Λ
= −y

2
t |xt|2mN

64π2m2
t

(
F (r) +

s

m2
t

G(r) +
m2
N

m2
t

H(r)

)
, (3.51)

in the limit of
√
s,mN � mS , where yt is the SM top Yukawa coupling, r = m2

S/m
2
t and

the functions F (r), G(r), and H(r) are given in Eq.(10) of Reference [95]. These are all
the operators up to dimension six which play a role in our discussion of dark matter in
Chapter 5.

3.3. Loop-induced interactions

Much like neutrino masses can be induced radiatively by some of the leptoquarks discussed
in Section 3.2, it is possible that GNI are generated as a loop effect. In both cases there
lies theoretical appeal in the fact that the observed smallness of both neutrino masses
and GNI would be well-explained if they are loop-suppressed. Following Reference [1],
we focus here on neutral-current NSI of the form εL,f and εR,f , where f = e, u, d. As
discussed in Section 4.1, these are most relevant to the coherent forward scattering of
active neutrinos in matter which is important for the correct interpretation of neutrino
oscillation experiments. When discussing experimental constraints, we will, however,
deviate from Reference [1] and work based on the results of Chapter 4.

2Compared to Reference [95] we identify ghχχ/v = 2C
(5)
NH/Λ.
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The approach taken in this section can be described as “bottom up” compared to the
“top-down” explicit models of Section 3.1 and Section 3.2. This means that we start from
the question which scalar interactions can induce the neutral-current NSI Lagrangian3

L =
√

8GF
∑

f=e,u,d

∑

X=L,R

εαβX,f (ναγµPLνβ)(fγµPXf) . (3.52)

Noting that the fermionic currents in Equation (3.52) are all (axial) vector currents,
we conclude that for a tree-level scalar exchange to induce this interaction there has
to be a Fierz-transformation (see Appendix A.3) which translates from scalar currents
to vector currents. Upon Fierz-transforming the Lagrangian in Equation (3.52) using
Equations (A.26) and (A.27), one finds that only for X = R the result involves scalar
currents,

L = −2(ναPRf)(fPLνβ) . (3.53)

If this Lagrangian is induced by a scalar exchange, this scalar must carry the same charged
as (ναPRf). Moreover, if f = u, d, it needs to be colored, i.e. we recover the leptoquarks
discussed in Section 3.2. An example of a model with a color-neutral scalar that induces
the leptonic interaction of the type νLeReRνL is the type-II seesaw model as explained in
Section 1.2. Recall that in these models neutrino masses are explained by a heavy SU(2)L-
triplet scalar ∆, whose charge-1 component ∆+ serves as the charged scalar to produce
the leptonic NSI [41]. The fact that these charged scalars and leptoquarks are strongly
constrained typically leads to very constrained matter NSI for the active neutrinos. It is
therefore interesting to ask if larger NSI can be obtained by loop processes, in particular
with neutral scalars, which we discuss next.

Two possible types of one-loop Feynman diagrams leading to NSI are shown in Fig-
ure 3.3. The first diagram, which we call the triangle diagram, relies on a modified
coupling of neutrinos to the Z boson. This modified coupling is generated by a triangular
loop involving a scalar and two mediator fermions ψ whose common charge is dictated by
the charge of the scalar. Such a diagram is logarithmically divergent. In a UV complete
theory it must either be possible to absorb this divergence in a counter term in the La-
grangian, or in the sum of all contributing diagrams the divergent parts must cancel. The
second diagram, which we call the box diagram, involves two scalar propagators and two
fermionic propagators which can again be different depending on the charge of the scalar.
This diagram is UV finite, since in the loop there is an additional propagator compared
to the triangle loop. In all cases, our notation is that the interaction Lagrangian of φ
reads

Lφ =
∑

α

yα ψνLαφ+ yf ψ′fφ+ H.c. , (3.54)

where the second Yukawa term is required only for the box diagram.

First we consider the triangle diagram. In the case that the divergences cancel, the
effective Z coupling with the SM plus the loop contribution in the limit mψ � mZ ,mφ

3Note that we use here projection operators PL = (1−γ5)/2 and PR = (1+γ5)/2, while the original GNI
operators in Table 2.4 were defined with 1− γ5 and 1 + γ5 instead. To keep the definition consistent,
we compensate for the two factors of 1/2 by replacing the prefactor GF /

√
2 with

√
8GF .
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Figure 3.3. One-loop diagrams inducing neutral-current matter NSI involving a new
scalar φ. Which fermions ψ and ψ′ are depends on the scalar’s charge.

reads

LZ,ν = − g

2cW
Zµ(gνLδαβ + g

(1)
αβ )(ναγµ(1− γ5)νβ) , (3.55)

where

g
(1)
αβ =

y∗αyβ
16π2

m2
Z

m2
φ

[
f(r)gνL + h(r)gψR

]
. (3.56)

Here gνL = 1
2 is the Z-charge of the left-handed neutrinos, f(r) and h(r) are finite complex

functions of r = m2
Z/m

2
φ. The left and right Z-charges of e, u and d have been collected

in Equation (1.16). The model is renormalizable, i.e. the divergences cancel, if φ carries
a Z charge gφ as well such that

gφ = gψR − gνL . (3.57)

After integrating out the Z boson and calculating the finite box diagram, the induced
NSI coefficients in the generic case read

LNSI =
√

8GF
∑

f=e,u,d

∑

X=L,R

((
ε.X,f

)αβ
+
(
ε�X,f

)αβ)
(fγµPXf)(ναγµPLνβ) , (3.58)

where

(
ε.X,f

)αβ
= −2g

(1)
αβg

f
X

cW
g

= −y
∗
αyβ
8π2

m2
Z

m2
φ

gfX

[
f(r)gνL + h(r)gψR

]
, (3.59)

(
ε�X,f

)αβ
=
y∗αyβ|yf |2

16π2

√
2

GF

1

16m2
φ

=
y∗αyβ|yf |2

32π2

c2
W

g2

m2
Z

m2
φ

, (3.60)

again in the limit of all fermion masses including ψ′ being negligible compared to mφ and
mZ . We now review three example choices of scalars and which experimental constraints
come into play for them.
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3.3.1. The minimal charged Higgs model

The minimal charged Higgs model is our only example with a charged scalar and serves
partially to demonstrate how the two diagrams are generated and how the strong con-
straints on charged scalars imply strongly constrained NSI. The scalar φ is an SU(2)L-
singlet with hypercharge 2 and therefore the gauge-invariant Lagrangian reads

Lφ = LSM + |Dµφ|2 −m2
φ|φ|2 − V (φ,H) +


∑

α,β

yαβlcα(iτ2)lβφ+ H.c.


 , (3.61)

where V (φ,H) denotes all quartic scalar interactions involving at least one factor of φ.
This model has previously been studied in References [96–98], but we focus here on the
loop-induced NSI. The important point is that there is only one Yukawa interaction term
and it is antisymmetric in flavor space, because

lcα(iτ2)lβ = νcLαeLβ − ecLανLβ = νcLαeLβ − νcLβeLα = −lcβ(iτ2)lα , (3.62)

and so yαβ = −yβα. For convenience, we write out the Yukawa Lagrangian in components,

LYukawa = 2yeµ
(
νceµL − νcµeL

)
φ+ 2yµτ

(
νcµτL − νcτµL

)
φ

+ 2yτe (νcτeL − νceτL)φ+ H.c.
(3.63)

We assume that mφ � mZ to avoid strong constraints on charged scalars. Therefore, it is
instructive to apply the SMNEFT framework directly on Equation (3.61) and confirm the
equivalence to the calculation on the basis of Equation (3.63) performed in Reference [1].
Integrating φ from Equation (3.61) while ignoring the scalar potential yields,

Cαβγδll = −Cαδγβll = −2yβδy
∗
αγ , (3.64)

identifying Λ2 = m2
φ as we show in Appendix B.2. This relation also ensures that the

four-neutrino and four-charged-lepton interaction terms generically implied by Oll vanish,
since their strength is proportional to Cαβγδ +Cαδγβ = 0, see Equation (2.16). Note that
this definition also automatically ensures Hermiticity,

Cαβγδll = (Cβαδγll )∗ . (3.65)

The leptonic NSI can then be read off from the first entry of Table 2.6 adjusted for generic
Λ,

εαβγδL,e = −Cαβγδll = 2yβδy
∗
αγ

1√
8GFΛ2

. (3.66)

These are the tree-level NSI. For the interactions with electrons, where γ = δ = e, there
are only NSI of neutrino flavors µµ, µτ and ττ . This changes once we proceed to the
loop level.

Considering the diagrams in Figure 3.3, we can identify ψ with ecL, µ
c
L, τ

c
L for (α, β) =

(µ, τ), (τ, e), (e, µ), respectively. In the triangle diagram, f can be a charged lepton or a
quark, while in the box diagram the required direct coupling of f to φ requires f to be
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a left-handed charged lepton. To ensure the correctness of applying Equation (3.59), we
check for the correct Z charge of φ to ensure renormalizability of the triangle diagram. It
can be read off the gauge-kinetic term in the Lagrangian after performing the Weinberg
rotation,

Dµφ = ∂µ − ig′Bµ
Yφ
2
φ = ∂µ − i

g

cW
(−s2

W )Zµφ− igsWAµφ , (3.67)

so that gφ = −s2
W . We then have the renormalizability condition (3.57) satisfied, since

g
(ec)
R − gνL = (−geL)− gνL =

1

2
− s2

W −
1

2
= −s2

W = gφ . (3.68)

Therefore we can use Equations (3.59) and (3.60) to conclude

(
ε.X,f

)αβγγ
= −gfX

∑

δ

y∗αδyβδ
2π2

m2
Z

m2
φ

[f(r)gνL + h(r)(−geL)] (3.69)

≈ −gfX
∑

δ

y∗αδyβδ
8π2

m2
Z

m2
φ

2

3

[
c2
W

3
− (1− 2s2

W )

(
log

m2
Z

m2
φ

− iπ
)]

, (3.70)

for f = e, u, d, X = L,R, and where we sum over δ corresponding to the internal
fermion lines of ψ = ecLδ which has one contribution if α 6= β and two contributions
if α = β. The approximation follows the asymptotic limits of the functions f(r) and h(r)
for r = m2

Z/m
2
φ � 1 provided in Reference [1]. The factor of 2 in the identification of

the couplings yα = 2yαδ, yβ = 2yβδ is due to the factor of 2 difference in Equation (3.63)
and Equation (3.54).

In the box diagram, ψ′ must be identified with the two neutrino species with flavors
different from f . Explicitly, for f = eL, µL, τL, there are contributions from ψ′ being νµ
and ντ , νe and ντ , or νe and νµ, respectively. Formula (3.60) then implies the matter NSI

(
ε�L,e
)αβ

=

∑
δ y
∗
αδyβδ

16π2

√
2

GF

1

m2
φ

(
|yeµ|2 + |yeτ |2

)
. (3.71)

More generally, we could have any flavor indices for the charged leptons, i.e.

(
ε�L,e
)αβγδ

=

∑
ρ y
∗
αρyβρ

16π2

√
2

GF

1

m2
φ

∑

ρ6=γ,δ

(
yγρy

∗
δρ

)
. (3.72)

We observe that there are a lot of NSI generated at the same time, depending on the
flavor structure of the Yukawa couplings.

This model radiatively generates charged lepton flavor violation (CLFV) as can be seen,
for instance, from the box diagram. Since CLFV is experimentally strongly constrained,
it turns out that these are the strongest constraints on this model and therefore also on
the NSI. This is a common feature which we will explore further in Chapter 4: When
flavor-changing neutrino interactions are generated from new physics above the weak scale
which is invariant under the SM gauge symmetry then usually also lepton flavor violating
interactions between charged leptons are generated with couplings of similar magnitude.
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Hence the strong CLFV constraints then also strongly constrain the neutrino interactions.
In the case of the minimal charged Higgs model, the most important constraint comes
from the radiative decays eα → eβγ and eα → eβeβ′eβ′ whose rates obey

Γ(eα → eβγ)

Γ(eα → eβνανβ)
=

1

16π2

g2s2
W

12

∣∣∣∣∣

∑
δ yαδy

∗
βδ

m2
φGF

∣∣∣∣∣

2

,

Γ(eα → eβeβ′eβ′)

Γ(eα → eβνανβ)
=
c2
W

g2

∣∣∣2g(1)
αβg

e
L

∣∣∣
2
.

(3.73)

We will discuss some more details about CLFV in Section 4.2, but here let us simply
quote the current bounds on these processes for the different flavor combinations. These
are [36]

Br(µ→ νµeνe) ≈ 100% ,

Br(τ → ντeνe) = (17.82± 0.04)% , Br(τ → ντµνµ) = (17.39± 0.04)% ,
(3.74)

for the SM branching fractions, and for the lepton flavor violating ones4

Br(µ→ eγ) < 4.2× 10−13 ,

Br(τ → eγ) < 3.3× 10−8 ,

Br(τ → µγ) < 4.4× 10−8 ,

Br(µ→ 3e) < 1.0× 10−12 ,

Br(τ → 3e) < 2.7× 10−8 ,

Br(τ → 3µ) < 2.1× 10−8 .

(3.75)

From these we can derive bounds on g
(1)
αβ defined in Equation (3.56) of

(µ→ eγ) : |g(1)
µe | < 7.7× 10−8 ,

(τ → eγ) : |g(1)
τe | < 5.0× 10−5 ,

(τ → µγ) : |g(1)
τµ | < 6.0× 10−5 ,

(µ→ 3e) : |g(1)
µe | < 1.3× 10−6 ,

(τ → 3e) : |g(1)
τe | < 5.1× 10−4 ,

(τ → 3µ) : |g(1)
τµ | < 4.5× 10−4 .

(3.76)

The values on the left-hand side depend logarithmically on m2
Z/m

2
φ. For definiteness, we

have fixed mφ = 500 GeV. Since the bounds from eα → eβγ are generally stronger, we
apply those bounds to the NSI coefficients of Equation (3.59)

|(ε.X,f )µe| < 2.2× 10−7 gfX ,

|(ε.X,f )τe| < 1.4× 10−4 gfX ,

|(ε.X,f )τµ| < 1.6× 10−4 gfX ,

|(ε�X,f )µe| < 1.7× 10−6 ,

|(ε�X,f )τe| < 1.1× 10−3 ,

|(ε�X,f )τµ| < 1.3× 10−3 ,

(3.77)

where for the box parameters on the right-hand side we assume |yeµ|2, |yeτ |2 < 1. These
values confirm that even loop-induced NSI are very strongly constrained for a new charged
mediator. Note that direct bounds on neutrino-flavor changing NSI are typically much
less stringent, namely of the order 10−1-10−2 as we discuss in Section 3.3.2 and more
broadly in Chapter 4.

4The bound on µ → eγ has mildly improved from the value of 3.7× 10−13 used in Reference [1]. We
present here the results for the updated value.
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3.3.2. Neutral scalar bosons

For this model we introduce a neutral instead of a charged scalar singlet. The generic
Yukawa interaction Lagrangian below the weak scale then reads

Lφ ⊃ yναβνανβφ+
∑

ψ=e,u,d

yfαβfαfβφ+ H.c. (3.78)

This Lagrangian is defined in terms of the fields in the broken phase of the electroweak
symmetry. As it stands, it is not gauge invariant under the full SM gauge group and
therefore clearly not UV complete. Rather, it should be considered as part of a more
complete model. Upon integrating out φ at tree level one obtains no matter NSI, but
the chirality-flipping GNI of scalar type. Namely, the effective tree-level GNI Lagrangian
reads

L0
GNI = −

yναβy
f∗
δγ

m2
φ

νανβfγfδ , (3.79)

from which we identify

εαβγδS = ε̃αβγδS =
yναβy

f∗
δγ

2

√
2

GF m2
φ

. (3.80)

Of course there are similar scalar interactions induced for the charged fermions. For
considering loop diagrams it is necessary to distinguish Majorana and Dirac neutrinos.
Indeed, in the case of Dirac neutrinos the interaction term would be of the structure
νRνLφ and therefore in Figure 3.3a ψ would have to be νR which has no coupling to the
Z boson. Therefore there are no NSI from the triangle diagram. In the Majorana case
the interaction would be of the structure νcLνLφ where νcL does couple to the Z boson. In
this case one could even assign a lepton number to φ if the couplings to charged fermions
vanish. Such new interactions which only affect the neutrino sector are called secret
neutrino interactions. Let us first consider the case of secret neutrino interactions and
Majorana neutrinos taking yf = 0 and then the less secluded case with charged fermion
interactions and Dirac neutrinos.

Secret neutrino interactions

In the case of secret neutrino interactions, the interaction Lagrangian (3.78) becomes

Lφ ⊃ yαβνcLανLβφ+ H.c. (3.81)

The box diagram and the tree-level scalar GNI (3.80) are absent because the scalar does
not couple to charged fermions. However, the triangle diagram gives a contribution which
reads

(
ε.X,f

)αβγγ
= − 1

16π2
gfX

m2
Z

m2
φ

∑

δ

y∗δαyδβ [f(r)− h(r)] , (3.82)

where γ = 1, 2, 3 and the divergent part of the diagram is neglected. In a complete model,
this divergent part must be canceled by other diagrams which should also influence the
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final result for ε.. However, we can work with Equation (3.82) as an order-of-magnitude
estimate. As we discuss below, this leads to the model being constrained by the invisible
Z decay width and neutrino-electron scattering.

The only way to access the secret neutrino interactions directly is through the effective
Z coupling from the triangle diagram. Consequently, two important channels to test this
are the invisible Z decay width and neutrino electron scattering, which is mediated by
W and Z bosons. We will discuss the latter in detail in Section 4.4 and only quote the
results here. To calculate the invisible Z decay width ΓZ,inv we have to add to the SM
coupling of neutrinos the loop-induced coupling, resulting in

LZ,ν =
g

cW
gνLλαβZµ(ναγ

µPLνβ) , (3.83)

where

λαβ =
cW
g

g
(1)
αβ

gνL
+ δαβ . (3.84)

The measured invisible decay width is [36]

ΓZ,inv = NνΓZ→νν , Nν = 3.0026± 0.0061 . (3.85)

Since the decay width ΓZ→νν is proportional to the absolute square of the vertex coupling,
in the generalized case we have ΓZ, inv ∝ tr[λλ†], from which we can infer

Nν = tr[λλ†] =
∑

α,β

|λαβ|2 . (3.86)

Due to this trace there can be cancellations of large g
(1)
αβ even with Nν = 3. Therefore,

a more precise test of the model are the tests of neutral current NSI at energies where
the Z is integrated out. For instance, leptonic GNI are constrained by neutrino-electron
scattering data from TEXONO [99] (νee → νe) and CHARM-II [100, 101] (νµe → νe)
and (νµe → νe). As we discuss in the dedicated section Section 4.4 and Appendix C.2,
the strongest bounds from these experiments on flavor-off-diagonal leptonic NSI with
electrons are

√
|εeµL,e|2 + |εµτL,e|2 ≤ 0.11 ,

√
|εeµR,e|2 + |εµτR,e|2 ≤ 0.10 ,

√
|εeµL,e|2 + |εeτL,e|2 ≤ 0.27 ,

√
|εeµR,e|2 + |εeτR,e|2 ≤ 0.16 ,

(3.87)

and so these apply to the secret neutrino interactions. We do not quote here all explicit
bounds on semi-leptonic neural current NSI, but they are typically of the order 10−2, as
collected in Reference [25].

Neutral scalar with charged fermion couplings

In the case of non-secluded interactions given by Equation (3.78) and Dirac neutrinos,
the triangle diagram vanishes. However, triangle diagrams for the charged fermions do
exist and lead to corrections to the Z boson couplings. By this we can constrain the
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charged fermion Yukawas yfαβ from the Z boson partial decay widths which we discuss
below. Note that we have to assume a cancellation of divergences in the complete model
here as well. We can safely state that the off-diagonal Yukawas yfαβ will be much more
strongly constrained since the measured Z-couplings are flavor-conserving to very high
precision. Therefore, we consider now diagonal yfαα = yf . The box NSI parameters read

(
ε�X,f

)αβγγ
=

1

16π2

√
2|yf |2

4m2
φGF

∑

δ=e,µ,τ

yναδy
ν
δβ . (3.88)

Considering all experimental constraints for this rather broad class of models is beyond
our scope. However, we make some estimates for the case that f = e. We can again use
the bounds on neutrino electron scattering. In this case, the strongest bound on Yukawas
is from the tree-level GNI of Equation (3.80),

|εαβeeS,e | . 0.6 , (3.89)

see Equation (C.12) and (C.13). This implies that

mφ√
|yαβye|

& 318 GeV . (3.90)

With this, we check if the partial decay width of Z to e can be consistent with such a
bound. Modifying Equation (3.56) to describe the correction to the left-handed coupling

gfL to Z we have

Leff = g
(1)
ψL
Zµψγ

µPLψ ,

g
e(1)
L =

|ye|2
16π2

m2
Z

m2
φ

[f(r)geL + h(r)geR] ,

.
1

16π2

|ye|
|yαβ|

m2
Z

(318 GeV)2
[0.1 · geR] ,

(3.91)

where we assume that all yαβ are all of the same order of magnitude. Further, we used
that |f(r)| � |h(r)| for r � 1 and |h(r)| ≤ 0.1 for mφ & 300 GeV. A similar expression
can be found for the right-handed coupling with geL and geR swapped. With this we
estimate the effect on the partial decay width of electrons using Γee ∼ (geL)2 + (geR)2

∆Γee
Γee

∼

(
geL + g

e(1)
L

)2
+
(
geR + g

e(1)
R

)2
−
(
(geL)2 + (geR)2

)

(geL)2 + (geR)2

≈ 1

16π2

|ye|
|yαβ|

m2
Z

(318 GeV)2
· 0.1 · 4geLg

e
R

(geL)2 + (geR)2
.

(3.92)

This value is bounded by the relative error of the Z → ee branching fraction which reads
1.25× 10−3 [36] such that we find

|ye|
|yαβ|

. 12 . (3.93)

According to this estimation, the loop suppression would be strong enough e.g. for the
configuration yαβ ∼ ye ∼ 1, mφ ≥ 318 GeV. As we noted before, if the loop calculations
hold to this degree depends on the UV complete realization of the model.



4. Experimental tests of new
neutrino interactions

In this chapter we discuss various experimental constraints on GNI arising from low-
energy experiments. By this we mean experiments with interaction energies at or below a
few GeV. Besides these analyses without assumptions on the origin of new interactions,
we investigate what we can learn from the connections between different observables
that are forged when one assumes that the new physics is of high-energy origin and
manifests itself in the form of gauge-invariant operators of SMNEFT. The roadmap for
these connections is constituted by the EFT matching relations between SMNEFT and
GNI operators which we discussed in Section 2.4. From these we infer which combinations
of GNI should occur simultaneously or which should not occur at all if they originate
from SMNEFT at dimension six. In Table 4.1, we summarize the experimental channels
discussed in this chapter, and which types of GNI parameters they are sensitive to. An
overview of additional ways to constrain the subset of interactions categorized as NSI can
be found in Reference [25].

Since they are of outstanding importance in the field of neutrino physics, we first very
briefly discuss neutrino oscillations to the extend that we understand their sensitivity
towards neutral-current GNI in Section 4.1. This discussion illustrates that complemen-
tary tests of GNI are valuable as cross-checks for the interpretation of flavor transitions
in terms of mixing angles and the charge-parity phase. In the remaining sections, we
discuss such complementary searches for GNI, not all of which are affecting neutrino
oscillation experiments. We compare indirect and direct tests of lepton flavor violating
GNI in Section 4.2. By indirect tests we mean searches for charged lepton flavor violation
which imply bounds on neutrino flavor violation if we assume that both originate from
the same SMNEFT operators. Most of the direct tests are either beta decays or neutrino
scattering off leptons or nuclei. Therefore, the following sections are dedicated to inves-
tigating such processes. In Section 4.3 we briefly review and compare the constraints
on (pseudo)scalar and tensor GNI involving right-handed neutrinos from coherent elastic
neutrino-nucleus scattering (CEνNS), beta decays, and pion decays. Afterwards, we turn
to two more detailed phenomenological analyses. In Section 4.4 we focus on neutrino-
electron scattering which is an important direct probe of leptonic GNI. After reviewing
the detectable influence of GNI on the cross section, we present the results of a sensitivity
study for neutrino-electron scattering at the DUNE near detector which show that one
can expect significant improvements to current bounds. Finally, we discuss the sensitivity
of neutrino mass experiments to GNI in Section 4.5.

Throughout this chapter, we presuppose that the right-handed neutrinos are light. In
particular, we assume that they are either particle-antiparticle conjugates of left-handed
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Table 4.1. Classification of experiments discussed in this work which can probe different
types of GNI. X = L,R, S, P, T , Y = A,S, P, T . CLFV refers to charged lepton flavor
violation.

GNI type Direct probes Sec. Indirect probes Sec.

εαβeeX,e ν-osc., ν-e scattering 4.1, 4.4 CLFV 4.2

εαβγδX,e γ 6= e CLFV 4.2

εαβ11
V,u ν-osc., ν-N scattering 4.1, 4.3 CLFV 4.2

εαβ11
V,d ν-osc., ν-N scattering 4.1, 4.3 CLFV 4.2

εαβ11
Y,u ν-N scattering 4.3 CLFV 4.2

εαβ11
Y,d ν-N scattering 4.3 CLFV 4.2

εαβ11
X,ud Beta and Pion decays 4.3, 4.5 CLFV 4.2

active neutrinos in the Majorana case or independent right-handed partners of active
neutrinos in the Dirac case. In this way we have a clear notion of flavors e, µ and τ for
the right-handed neutrinos. This choice is made for convenience of interpretation rather
than out of necessity. Most results can also be interpreted as bounds on the interactions of
hypothetical light sterile neutrinos. Only in Section 4.5, where we discuss neutrino mass
experiments, do we consider an additional fourth neutrino of mass up to 40 eV besides
the right-handed partners of active neutrinos.

This chapter partially relies on the contents of References [2,3]. Specifically, Section 4.2
and Section 4.3 are mostly based on Reference [3]. Moreover, the contents of Section 4.4
are published in Reference [2], except that we have added a discussion of the scattering
cross sections and constraints in the case of electron neutrinos.

4.1. Neutrino oscillations

Neutrino oscillation experiments have been essential in understanding the neutrino sector
of the SM as well as we do today. Currently, the three-neutrino picture with (compared to
the CKM matrix) large mixing angles and tiny (compared to the other fermions and the
weak scale) neutrino masses and mass-squared differences describes excellently the global
data [43]. Here we would like to focus only on understanding how GNI can be probed
by neutrino oscillations. For this we highlight some key points about the propagation
of neutrinos in matter as compared to vacuum. Understanding this propagation is key
in interpreting the results of oscillation experiments. In particular, the upcoming long-
baseline experiments T2HK [18] and DUNE [19], which aim to measure the leptonic
charge-parity phase, feature neutrino paths of up to 1300 kilometers through the Earth’s
crust from production to detection. Therefore they will be sensitive to matter interactions
which can result in a misinterpretation in the presence of GNI [102–104].
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We follow here loosely the discussion in Reference [35]. In a simplified quantum me-
chanical picture,1 we consider a neutrino created at time t = 0 with momentum p in the
flavor eigenstate

|να〉 =
∑

j

Uαj |νj〉 , (4.1)

where |νj〉 are mass eigenstates. The flavor evolution of this neutrino can be described
by the Schrödinger equation

i
d

dt
|να(t)〉 = H |να(t)〉 , (4.2)

with |να(0)〉 = |να〉 and where H denotes the Hamiltonian. Since H is not diagonal in
flavor space, in general |νβ(t)〉 will be non-vanishing for β 6= α. The transition probability
from flavor α at t = 0 to flavor β at t is then given by

Pνα→νβ (t) = | 〈νβ|να(t)〉 |2 ≡ |ψαβ|2 , (4.3)

where we defined the amplitude ψαβ(t). Using the Schrödinger equation (4.2) and as-
suming a constant Hamiltonian we find the evolution of the probability amplitude to
follow

i
d

dt
ψαβ = i

d

dt
(〈νβ|να(t)〉) = 〈νβ|H |να(t)〉 =

∑

η

Hβηψαη(t) , (4.4)

or, as a matrix equation,

i
d

dx
Ψα = HΨα , (4.5)

where Ψα = (ψαe, ψαµ, ψατ )T and H is the 3-by-3 Hamiltonian matrix whose form we
discuss now. In the mass basis, the vacuum Hamiltonian matrix H′0 (the prime refers to
mass basis) is diagonal and satisfies

(H′0)ij νj(p) = δijEj(p) νj(p) =
√

p2 +m2
j νj(p) . (4.6)

Therefore we have in the flavor basis

(H0)αβ =
∑

k

U∗αkUβkEk . (4.7)

If the flavor evolution takes place in matter (electrons, up, and down quarks), however,
there is also an interaction Hamiltonian HI to take into account. In the SM this Hamil-
tonian describing the coherent forward scattering of neutrinos in matter reads

(HI)αβ = Vαδαβ , (4.8)

including flavor-universal neutral current interactions and electron-neutrino exclusive
charged current interactions

Vα = VCCδαe + VNC =
√

2GF (Neδαe −
1

2
Nn) , (4.9)

1A more accurate wave packet treatment is found in Reference [105].
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with Ne and Nn the number density of electrons and neutrons respectively. This formula
assumes neutral matter and therefore that the proton density Np is equal to the electron
density. Considering the ultra-relativistic limit, we approximate

Ej ≈ E +
m2
j

2E
, p ≈ E, t ≈ x . (4.10)

This can be used to find

i
d

dx
ψαβ(x) =

(
p+

m2
1

2E
+ VNC

)
ψαβ(x) +

∑

η

1

2E
(U∗M2UT + A)βηψαη(x) , (4.11)

where

M2 =




0 0 0
0 ∆m2

21 0
0 0 ∆m2

31


 , A =



ACC 0 0

0 0 0
0 0 0


 , (4.12)

with
ACC = 2EVCC = 2

√
2EGFNe . (4.13)

The first term on the right-hand side of Equation (4.11) is irrelevant for the transition
probability, since it generates a phase equal to all flavors. Hence the flavor-universal
neutral-current interactions are irrelevant for the flavor evolution. If we consider now our
more general interaction Lagrangian including new physics in Equation (2.11), there is a
new contribution for each flavor combination which is governed by [25]

εαβm ≡ εαβeeV,e +
Nu

Ne
εαβ11
V,u +

Nd

Ne
εαβ11
V,d , (4.14)

where εV = εL+εR and Nu and Nd denote the number densities of up and down quarks in
the matter. Other types of GNI do not affect the propagation in unpolarized matter [106].
This implies that A becomes [107]

A = ACC




1 + εeem εeµm εeτm
εµem εµµm εµτm
ετem ετµm εττm


 , (4.15)

showing how the flavor evolution in matter is now distorted by new physics. Note that
we have defined the coefficients to satisfy Equation (2.13) such that εαβm = (εβαm )∗ which
ensures that the Hamiltonian is Hermitian. Moreover, by the same argument which
renders the SM neutral current interactions irrelevant, it is possible to subtract a diagonal
element from A, e.g. εµµm such that from neutrino oscillations we can only constrain εeem−εµµm
and εττm − εµµm . More details about constraints from neutrino oscillations can be found in
Reference [25].

The discussion to this point suffices to illustrate how neutrino oscillations are sensitive
to GNI. Oscillation experiments are important tests of matter NSI, but suffer from some
degeneracies, in particular between flavor-diagonal interactions. Moreover, they are not
sensitive to the chirality-flipping (pseudo)scalar and tensor GNI. Since we derive our
knowledge of neutrino mixing and leptonic charge-parity violation from those experiments
it is imperative to perform complementary tests of GNI to ensure that these properties
are inferred correctly. In the following sections we discuss such other test of GNI.
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4.2. Charged lepton flavor violation

In this section we discuss implications of the assumption that lepton flavor violating GNI
are induced by SMNEFT operators according to the matching discussed in Section 2.4.
Recall that if we assume that GNI are generated by heavy new physics beyond the weak
scale and that therefore SMNEFT at dimension six is the appropriate EFT to describe
these new physics above the weak scale, then the mapping between SMNEFT and GNI
is given in Tables 2.6 and 2.7. We can see that lepton-flavor off-diagonal leptonic and
semi-leptonic2 GNI of left-handed neutrinos are generated by the flavor off-diagonal Wil-
son coefficients of the operators involving the lepton doublet l. But as we have already
discussed in Section 2.4, GNI are not the only interactions generated by these operators.
Instead, the fact that neutrinos appear in lepton doublets generates the additional in-
teraction terms among four charged fermions in Equation (2.16). Therefore, we can use
tests of charged lepton flavor violation (CLFV) to constrain these SMNEFT Wilson coef-
ficients, which in turn implies a constraint on neutrino interactions. As one would expect,
it turns out that these bounds on CLFV are several orders of magnitude stronger than
those on neutrino interactions. Before discussing the bounds we should note that they
are generally obtained at low-energies (. 2 GeV), while our EFT matching is, strictly
speaking, only valid at the weak scale. In between there is some extent of RG running
which we do not calculate here. However, calculations in References [108, 109] indicate
that typically the renormalization of individual coefficients amounts to an order-1 factor
and that the mixing of Wilson coefficients is a subleading effect.

There are several experiments trying to detect flavor violation from µ to e, the main
processes being µ→ eee, µ→ eγ, or µ→ e conversion in nuclei [110,111]. Similarly there
are searches for τ → µµµ and τ → eee. We discuss in turn all these processes, which
experiments currently yield the strongest bounds, and which SMNEFT and indirectly
GNI coefficients are affected by this limit under our assumed EFT matching.

� µ → eee: This process is mediated in SMNEFT by Oµeeell , Oµeeele and Oeeµele . The
Wilson coefficients are constrained to be smaller than about 10−6 by the results
of SINDRUM [111, 115].3 We can expect an improvement of up to two orders of
magnitude from the planned Mu3e experiment [116, 117]. This can be estimated
from the fact that the branching ratio of this decay scales with C2, where C is
one of the corresponding Wilson coefficients and that phase two may reach an
improvement of the upper bound on the branching fraction from 10−10 to 10−16 at
90% CL [116].

� µ → e in nuclei: The SINDRUM-II collaboration [118] has measured an upper
bound of the conversion µ−Au → e−Au which has been evaluated in SMEFT lan-
guage to constraints of the order 10−8 on the semi-leptonic coefficients Ceµ11

ld,lu in Ref-
erence [119]. In their “Method 1” they have applied the formulas of Reference [120].

2By semi-leptonic operators, we mean operators with one lepton bilinear and one quark bilinear.
3Numerical values given in Reference [111] for Ca are normalized with respect to Λ = 1 TeV. To translate

these to our convention of Λ−2 =
√

8GF , one needs to multiply the numbers by (
√

8GFTeV2)−1 ≈
1/33.
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Table 4.2. Single-parameter bounds at 90% CL on general interaction parameters that
are related to CLFV. The second column lists direct bounds from neutrino experiments,
while the third column features bounds from CLFV searches under the assumption that
the interactions are induced by one of the operators in the fourth column.

|εeµee| or |εeµ11| Direct CLFV Operators

εL,e 1.1× 10−1 [52] 1.4× 10−6 Oll
εR,e 1.0× 10−1 [52] 1.0× 10−6 Ole
εL,u 2.3× 10−2 [112] 3.3× 10−7 Olq(1),Olq(3)

εL,d 2.3× 10−2 [112] 3.3× 10−7 Olq(1),Olq(3)

εR,u 3.6× 10−2 [112] 6.0× 10−8 Olu
εR,d 3.6× 10−2 [112] 5.3× 10−8 Old
εL,ud 2.6× 10−2 [113] 6.6× 10−7 Olq(3)

Re(εS,ud) 8× 10−3 [114] 3.0× 10−8 Oelqd,Oeluq
Re(εP,ud) 4× 10−4 [114] 3.0× 10−8 Oelqd,Oeluq
|ε| Direct CLFV Operators

ετeeeL,e 2.7× 10−1 [52] 2.8× 10−4 Oll
ετeeeR,e 2.7× 10−1 [52] 3.9× 10−4 Ole
εeeτeR,e 3.9× 10−4 Ole
εµµµeR,e 5.5× 10−6 Ole
εeµµµR,e 5.5× 10−6 Ole
εµττeR,e 3.0× 10−7 Ole
εeττµR,e 3.0× 10−7 Ole
ετµµµL,e 2.4× 10−4 Oll
εµτµµR,e 3.3× 10−4 Ole
εµµµτR,e 3.3× 10−4 Ole

By the same method, we can apply these formulas to constrain additionally the op-
erators Clq(1), Clq(3), and the coefficients of scalar operators Celqd and Celuq with
index structures eµ11. They all turn out to be bounded from above by 10−7. Even
stronger bounds can be expected from the future Mu2e experiment [121].

� µ → eγ: The strongest constraints on this process come from the MEG experi-
ment [122]. According to Reference [111], they imply upper bounds on Cµµµe,eµµµle

and Cµττe,eττµle which contribute to the decay at one-loop level at the order of 10−6-
10−7.

� τ → µµµ: Similarly to µ → eee, the contributing Wilson coefficients are Cτµµµll ,
Cµτµµle , and Cµµµτle , which are individually constrained to be at most of order 10−4

by the results of Belle [111,123].

� τ → eee: Analogously to the previous cases, the contributing coefficients are Cτeeell ,
Cτeeele , and Ceeτele , which are constrained to be at most of order 10−4 also by the
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results of Belle [111,123].

These quite strong constraints on SMNEFT coefficients can be compared to the directly
measured bounds on neutrino interactions which we summarize next:

� εµeeeL,e and εµeeeR,e : The strongest bounds come from neutrino-electron scattering. Cur-

rent bounds from CHARM-II [124, 125] are at the order of 10−1, while we ex-
pect significant improvement from the first phase of DUNE as we will discuss
in Section 4.4. Bounds on NSI from CHARM-II have been calculated in Refer-
ences [52, 126] in differing parametrizations. Adapting the bounds from Refer-
ence [52] to our parametrization yields slightly stronger bounds as we discuss in
Appendix C.2. In Table 4.2 we show the adapted bounds from Reference [52].

� εeµ11
L,u , εeµ11

R,u , εeµ11
L,d , εeµ11

R,d : These are bounded at the order of 10−2 by neutrino-nucleon
scattering data from CHARM and CDHS [25,100,114,127].

� |Re(εeµ11
S,ud)|, |Re(εeµ11

P,ud)|: The scalar and pseudoscalar coefficients are constrained at

least at the order 10−3 from pion decay [114].

� ετeeeL,e , ετeeeR,e : The strongest direct bounds on these τ -e flavor violating neutrino

interactions are at the order of 10−1 coming from e+e− → ννγ data taken at
LEP [126].

� For the other coefficients in Table 4.2 with rather exotic flavor combinations we are
not aware of any analyses of direct bounds.

In Table 4.2 we summarize the directly measured bounds on GNI parameters together
with the strongest upper bounds on them from CLFV. In conclusion, in all cases where
direct bounds exist they are at least four orders of magnitude less stringent than the
CLFV bounds. Therefore if lepton flavor violating GNI are generated by the SMEFT
operators involving lepton doublets, there is practically no hope in detecting them. How-
ever, turning this argument around we can conclude that if any upcoming experiments
detect such GNI, then they are not connected to dimension-six SMEFT and would there-
fore hint towards new physics below the weak scale. Another conclusion is that GNI with
right-handed neutrinos are interesting from a high-energy physics perspective, since they
are not connected to any strongly constrained charged fermion interactions. In the next
sections, we therefore discuss some further experimental channels to trace neutral- and
charged-current interactions of right-handed neutrinos.

4.3. Coherent scattering and beta decays

In this section we subsume two distinct topics, since from the point of view of neutrino
interactions generated by SMNEFT they are partially sensitive to the same operators.
As discussed in Section 2.4, three operators with right-handed neutrinos, OlNuq, OlNqd
and O′lNqd induce simultaneously neutral- and charged-current semi-leptonic GNI. To
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summarize here again, the matching in Tables 2.6 and 2.7 implies the following single-
operator scenarios,

OlNuq :

εαβγδS,u = −εαβγδP,u = −Vγν(CβαδνlNuq )∗ ,

ε̃αβγδS,ud = ε̃αβγδP,ud = − 1

Vγδ
CαβγδlNuq ,

(4.16)

OlNqd :

εαβγδS,d = εαβγδP,d = −(CβαδγlNqd )∗ ,

ε̃αβγδS,ud = −ε̃αβγδP,ud =
Vγν
Vγδ

CαβνδlNqd ,
(4.17)

O′lNqd :

εαβγδT,d = −(C ′βαδγlNqd )∗ ,

ε̃αβγδT,ud =
Vγν
Vγδ

C ′αβνδlNqd .
(4.18)

Our main motivation for this section is to compare the bounds from CEνNS on the above
neutral current GNI and beta decays on the above charged current GNI, even though they
can of course constrain various other types of GNI as well. In this comparison we assume
that the masses of the right-handed neutrinos that are produced in the scattering or
decay can be neglected. Alternatively, one could consider sterile neutrinos of finite mass in
CEνNS which is possible as long as the mass is below the initial neutrino energy [128,129].
For an evaluation of the constraints from CEνNS for all LEFT operators with right-
handed neutrinos see Reference [55].

While we neglect the so far uncalculated RG running of these particular coefficients
between the weak scale and low energies we try to find a very rough estimation. In
Reference [109] the running of εS,ud, εP,ud and εT,ud from the weak scale down to 2 GeV
has been calculated. These coefficients are connected to the SMEFT operators Oelqd,
Oeluq and O′eluq in a structure very similar to the right-handed neutrino counterparts
in Equations (4.16)-(4.18). For the SMEFT operators it is found that the three epsilon
coefficients mix, but the mixing can be neglected to leading order. Therefore, we expect
such a situation also for ε̃S,ud, ε̃P,ud and ε̃T,ud. Another subject of caution is that the
magnitude of individual coefficients is renormalized along the way, e.g. ε2 GeV

S,ud ≈ 1.72·εmZS,ud.
However, in terms of order of magnitude our evaluation should still give a good indication.
We now summarize the relevant aspects of CEνNS in Section 4.3.1, of beta decays in
Section 4.3.2 and then compare the two in Section 4.3.3.

4.3.1. Coherent elastic neutrino nucleus scattering

CEνNS is a SM process which was first predicted decades ago [130], yet has not been
observed until rather recently by the COHERENT collaboration [131]. Compared to in-
elastic neutrino nucleus scattering, this process takes place for relatively small neutrino
energies which leads to an enhanced cross section due to the neutrino scattering coher-
ently on all nucleons in the nucleus instead of individual nucleons. Concretely, the SM
differential cross section reads [53]

dσ

dT
=
G2
FM

4π

[
N − (1− 4s2

W )Z
]2
F 2(Q2)

(
1− T

Tmax

)
, (4.19)
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where T and M denote the kinetic energy and mass of the recoiled nucleus, N is the
number of neutrons, Z the number of protons, and F (q) denotes the nuclear form factor
as a function of the energy transfer Q2. Due to the (1 − 4s2

W ) ≈ 0.045 suppression,
the cross section is mostly controlled by N2. This enhancement with respect to the
scattering off individual nucleons is what makes the cross section relatively large. The
largest cross sections are obtained for small Q2 where F 2(Q2) ≈ F 2(0) = 1. What we
mean by small depends on the nucleus, but for the typical detector materials argon,
germanium or xenon the form factor becomes rapidly small for T in between a few tens
of keV and 200 keV [132]. This immediately tells us the major challenge in detecting
this process. The cross section is large, but it is required that we can detect a very
small nuclear recoil in the order of keV which is why the process has not been detected
until 2017 [131]. Besides COHERENT other experiments such as CONUS, CONNIE and
many others [133–137] are running or planned with the aim to detect the process at other
energies and with other target materials, which underlines that this process is considered
an exciting new probe of neutrino interactions.

In Reference [53], the sensitivity of future reactor neutrino experiments such as CONUS
towards general interactions has been studied. These have the advantage of a large flux
of low-energetic reactor neutrinos for which F (Q2) ≈ 1 to great precision. The price
to pay for this, however, is that a very low detection energy threshold is required. In
Reference [54] this framework has been applied to the first COHERENT results [131]
assuming neutrino flavor-universal GNI. Here we only focus on the (pseudo)scalar and
tensor interactions described in Equations (4.16)-(4.18) and rely on References [53, 54]
for details of the analyses.

If we consider nuclear reactors, which are a source of electron antineutrinos, the ex-
periments are sensitive to epsilon coefficients of flavor βe11 and the (pseudo)scalar and
tensor interactions are described by

∆LNC
S,P = −GF√

2

∑

β
ψ=u,d

(
εβe11
S,ψ (Nβ(1− γ5)νe)(ψψ)− εβe11

P,ψ (Nβ(1− γ5)νe)(ψγ
5ψ)
)

+ H.c.

(4.20)

∆LNC
T = −GF√

2

∑

β
ψ=u,d

(
εβe11
T,ψ (Nβσµν(1− γ5)νe)(ψσ

µν(1− γ5)ψ)
)

+ H.c. (4.21)

Since we cannot distinguish the final neutrino flavor, we may set β = e for simplicity. Note
that we can only compare the reactor neutrino results with the bounds from COHERENT
from Reference [54] if we assume that εee11 = εµµ11, because most neutrinos detected at
COHERENT are of muon flavor.4 Following Reference [53], the contribution to the
CEνNS differential cross section of these scalar and tensor interactions read

dσ

dT
=
G2
FM

4π

(
ξ2
S

MT

2E2
ν

+ ξ2
T

(
1− T

Tmax
+
MT

4E2
ν

))
, (4.22)

4If we assume this relation and tensor interactions, they are incompatible with Majorana neutrinos, see
Appendix A.5. However, instead one could have εµe11T = εeµ11T which would give the same results but
would be compatible with Majorana neutrinos.
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where Eν denotes the neutrino energy and we neglected terms of higher order in T/Eν .
The effective parameters ξS and ξT are defined as follows.

ξ2
S = (C2

S +D2
P ) , (4.23)

ξ2
T = 8(C2

T +D2
T ) , (4.24)

with [54]

CS =
∑

q=u,d

C
(q)
S

[
N
mn

mq
fnTqFn(Q2) + Z

mp

mq
fpTqFp(Q

2)

]
, (4.25)

DP =
∑

q=u,d

D
(q)
P

[
N
mn

mq
fnTqFn(Q2) + Z

mp

mq
fpTqFp(Q

2)

]
, (4.26)

CT = N(δnuC
u
T + δndC

d
T )Fn(Q2) + Z(δpuC

u
T + δpdC

d
T )Fp(Q

2) , (4.27)

where Fn and Fp are the appropriate form factors of neutron and proton (typically as-
sumed to be equal), and fnTq and fpTq parametrize the effective fraction of nucleon mass
the given quark type contributes. These quantities are calculated in chiral perturbation
theory [138]. Since we consider the results of Reference [54], we use the same values,

fpTu = 0.019 ,

fnTu = 0.023 ,

fpTd = 0.041 ,

fnTd = 0.034 ,
(4.28)

which are taken from Reference [139]. For the tensor charges δnq , δpq we also take the same
values as in Reference [54], namely

δpu = 0.54 ,

δnu = −0.23 ,

δpd = −0.23 ,

δnd = 0.54 ,
(4.29)

taken from Reference [140]. We remark that there are relatively large uncertainties on
these parameters, such that the values we extract below should be interpreted as esti-

mates. The interaction parameters C
(q)
j , D

(q)
j are equivalent to combinations of epsilon

parameters,

C
(q)
S = εS,q + ε̃S,q ,

C
(q)
T = 2(εT,q + ε̃T,q) ,

D
(q)
P = i(ε̃S,q − εS,q) ,

D
(q)
T = 2i(εT,q − ε̃T,q) ,

(4.30)

where we suppressed flavor indices. The full mapping between the C and D parame-
ters introduced by Lee and Yang [51] and our epsilon interaction coefficients is given in
Appendix A.4. We neglect DT in our calculations since it contributes only to the spin-
dependent part of the cross section which is suppressed for heavy nuclei such as caesium
iodide (CsI, COHERENT) and germanium (Ge, CONUS) [54]. For the same reason the
pseudoscalar coefficients are absent from Equation (4.22).

We can use the bounds from the COHERENT experiment from Reference [54], if we
adopt their assumption that electron and muon neutrino interactions with the nucleon are
the same. We remark that these results are derived assuming equal Helm form factors for
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proton and neutron which introduces some uncertainties for large momentum transfers
Q ≥ 20 MeV as is the case of COHERENT, but not for reactor neutrino experiments [56].
We quote

|ξS |/NF (Q2) ≤ 0.62

|ξS |/NF (Q2) ≤ 1.065

|ξT |/NF (Q2) ≤ 0.591

|ξT |/NF (Q2) ≤ 1.072

at 90% CL ,

at 99% CL ,

at 90% CL ,

at 99% CL .

(4.31)

If one relaxes the assumption εee11
S,q = εµµ11

S,q made in Reference [56], this bound gets
weakened since the neutrinos at COHERENT are mostly muon flavor. This is not the
case for the projected bounds from future reactor neutrino experiments calculated in [53]
which are

|ξS |/NF (Q2) ≤ 0.21

|ξT |/NF (Q2) ≤ 0.25

at 3σ,

at 3σ.
(4.32)

4.3.2. Beta decays

Beta decays in general are excellent processes to make precision tests of fundamental
physics, since one can often prepare the parent particle in a controlled setup and detect
decay products with high accuracy of direction and energy. This is also the reason why
the current best terrestrial bound on the neutrino mass comes from the beta decay of
tritium at the Karlsruhe Tritium Neutrino Experiment (KATRIN) [44], where from the
very precise measurement of the endpoint of the electron spectrum an upper bound on
the neutrino mass can be derived. We dedicate Section 4.5 to a discussion about the sen-
sitivity of such an experiment to GNI. In this subsection, we only refer to Reference [109]
for a detailed review on the subject of testing GNI with beta decays and quote the best
limits on the (pseudo)scalar and tensor interactions. These are

|Re(ε̃ee11
P,ud)|, |Im(ε̃ee11

P,ud)| ≤ 2.8× 10−4

|ε̃ee11
S,ud| ≤ 6.3× 10−2

0.006 ≤ |ε̃ee11
T,ud| ≤ 0.024 ,

[114] ,

[109] ,

[109] ,

(4.33)

at 90% CL, where the first bound is obtained from the ratio between the rates of pion
decay to electron and to muon [114], and the second and third bounds are taken from a
global fit of nuclear and neutron beta decay data. Note that ε̃ee11

T,ud becomes compatible
with zero at 2σ. A roughly two times stronger bound on ε̃S,ud can be derived from CKM
unitarity tests [109].

4.3.3. Comparison

In this section, we compare the current and future bounds of tests of the (pseudo)scalar
and tensor GNI in Equations (4.16)-(4.18) to see if there are any prospects of a com-
plementary test of the SMNEFT operators OlNuq, OlNqd and O′lNqd. We consider three
scenarios:
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1. Only one scalar operator OlNuq or OlNqd is present.

2. Both scalar operators OlNuq and OlNqd are present and correlated.

3. Only the tensor operator O′lNqd is present.

Scenario 1

We take only Cee11
lNuq to be non-vanishing. Then we can conclude from Equation (4.16)

ε̃ee11
S,ud = ε̃ee11

P,ud = − 1

Vud
Cee11
lNuq =

1

|Vud|2
(εee11
S,u )∗ = − 1

|Vud|2
(εee11
P,u )∗ . (4.34)

Assuming Fn = Fp = F , Equation (4.25) can be simplified to

CS = C
(u)
S F (Q2)

[
N
mn

mu
fnTu + Z

mp

mu
fpTu

]
, (4.35)

and likewise for D
(u)
P . Since generally εee11

S,u = (ε̃ee11
S,u )∗, see Equation (2.13), we can use

Equation (4.30) to identify

C
(u)
S = 2 Re(εee11

S,u ) , D
(u)
P = 2 Im(εee11

S,u ) . (4.36)

For the case of CsI (COHERENT) we have N = 78, Z = 55 for caesium nuclei, and
N = 74, Z = 53 for iodine nuclei, implying

ξ2
S

N2F 2(Q2)
=
∑

i=Cs,I

1

N2
i

(
(C

(u)
S )2 + (D

(u)
P )2

)[
Ni
mn

mu
fnTu + Zi

mp

mu
fpTu

]2

= 4|εee11
S,u |2

∑

i=Cs,I

1

N2
i

[
Ni
mn

mu
fnTu + Zi

mp

mu
fpTu

]2

.

(4.37)

For the future reactor experiment we take N = 40, Z = 32 (germanium) as an average of
stable isotopes, as well as F 2(Q) = 1, which is sufficiently accurate for reactor neutrino
energies and keV-scale energy transfers. Thus we obtain

ξ2
S = 4|εee11

S,u |2
[
N
mn

mu
fnTu + Z

mp

mu
fpTu

]2

. (4.38)

Using the bounds on ξ2
S from Equations (4.31) and (4.32) we deduce

|εee11
S,u | ≤ 1.5× 10−2

|εee11
S,u | ≤ 2.6× 10−2

|εee11
S,u | ≤ 6.4× 10−3

90% CL (COHERENT) ,

99% CL (COHERENT) ,

3σ CL (future reactor-based exp.) .

(4.39)

These can be compared to present beta decay constraints given in Equation (4.33) to
conclude that already now constraints from CEνNS are comparable to the traditional
beta decay constraints, which underscores the value this experimental channel has for
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probing new physics. If we consider, however, that our scenario is linked to the operator
OlNuq, we have to compare this to even stronger constraints on ε̃P,ud from pion decay in
Equation (4.33). Hence, applying Equation (4.34) with |Vud| = 0.97370 [36] we conclude

|ClNuq| ≤ 1.5× 10−2 90% CL from CEνNS ,

|ClNuq| ≤ 3.9× 10−4 90% CL from pion decay ,
(4.40)

where we quadratically added the bounds on real and imaginary parts of ε̃P for the second
inequality. We conclude that Scenario 1 is experimentally disfavored and one cannot
expect any signals soon at CEνNS experiments. This conclusion will also apply to the
other single operator OlNqd since it also leads to scalar and pseudoscalar interactions of
equal magnitude. Namely, we have in this case

ε̃ee11
S,ud = −ε̃ee11

P,ud = Cee11
lNqd = −(εee11

S,d )∗ = −(εee11
P,d )∗ . (4.41)

Therefore Equation (4.37) is modified in the form of simply replacing u by d,

ξ2
S

N2F 2(Q2)
= 4|εee11

S,d |2
∑

i=Cs,I

1

N2
i

[
Ni
mn

md
fnTd + Zi

mp

md
fpTd

]2

. (4.42)

and analogously for Equation (4.38). From this we can derive

|εee11
S,d | ≤ 1.7× 10−2

|εee11
S,d | ≤ 3.0× 10−2

|εee11
S,d | ≤ 7.9× 10−3

90% CL (COHERENT) ,

99% CL (COHERENT) ,

3σ CL (future reactor-based exp.) ,

(4.43)

and hence, using Equation (4.41),

|ClNqd| ≤ 1.7× 10−2 90% CL from CEνNS ,

|ClNqd| ≤ 4.0× 10−4 90% CL from pion decay .
(4.44)

One way to circumvent this would be if both SMNEFT operators are contributing such
that together they cancel the contribution of ε̃P , which leads us to Scenario 2.

Scenario 2

Observing that if we consider both operators from Table 2.7 contributing to ε̃S,ud and
ε̃P,ud at the same time, the following scenario could be viable,

ClNuq ≈ −VudClNqd ⇒ ε̃P,ud ≈ 0 , ε̃S,ud ≈ −
2

Vud
ClNuq . (4.45)

Such a relation, however is not guaranteed to hold at all energies, even if true at some
scale, due to RG running. Nonetheless let us consider this scenario briefly. We find

(ε̃ee11
S,ud)

∗ ≈ − 2

V ∗ud
(Cee11

lNuq)
∗ =

2

|Vud|2
εee11
S,u = − 2

|Vud|2
εee11
P,u = −2εee11

S,d = −2εee11
P,d . (4.46)
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This time we identify, again with Equation (4.30),

C
(u)
S = 2 Re(εee11

S,u ) = −2 Re(VudClNuq) ,

C
(d)
S = 2 Re(εee11

S,d ) = 2 Re(V −1
ud ClNuq) ,

D
(u)
P = 2 Im(εee11

S,u ) = 2 Im(VudClNuq) ,

D
(d)
P = 2 Im(εee11

S,d ) = −2 Im(V −1
ud ClNuq) .

(4.47)

Using Equations (4.31) and (4.32) we obtain

|ClNuq| ≤ 1.8× 10−2 90% CL from CEνNS ,

|ClNuq| ≤ 3.7× 10−2 90% CL from beta decay .
(4.48)

Therefore, this scenario is still possible with Wilson coefficients around 10−2, which cor-
responds to NP scales of around 1.7 TeV. Applying the projections from Reference [53]
we conclude that it could be tested down to

|ClNuq| = |V −1
ud ε

ee11
S,u | = |Vud εee11

S,d | ≤ 2.0× 10−4 . (4.49)

by future CEνNS reactor neutrino experiments. If this interaction would be observed in
both coherent scattering and beta decays, then it would constitute a clear hint towards
the operator structure of OlNuq and OlNqd.

Scenario 3

Here we consider O′ee11
lNqd which is the only SMNEFT source of semi-leptonic tensor GNI

to be non-vanishing, which implies

εee11
T,d = −(ε̃ee11

T,ud)
∗ = −(C

′ee11
lNqd )∗. (4.50)

Since there are now only neutral-current interactions with down quarks, Equation (4.24)
is simplified to

ξ2
T = 8C2

T = 8F 2(Q2)(CdT )2(Nδnd + Zδpd)2 . (4.51)

With Equations (4.24) and (4.30), we conclude

ξ2
T /N

2F 2(Q2) = 128 Re
(
εee11
T,d

)2
(
δnd +

Z

N
δpd

)2

. (4.52)

From this form, we can again use the constraints on ξ2
T from Reference [54] given in

Equation (4.31) and the projections from Reference [53] given in Equation (4.32) to find

|Re
(
εee11
T,d

)
| = |C ′ee11

lNqd | ≤ 9.8× 10−2

|Re
(
εee11
T,d

)
| = |C ′ee11

lNqd | ≤ 1.8× 10−1

|Re
(
εee11
T,d

)
| = |C ′ee11

lNqd | ≤ 6.2× 10−2

90% CL (COHERENT) ,

99% CL (COHERENT) ,

3σ CL (future reactor-based exp.) .

(4.53)

The current bounds from beta decays in Equation (4.33) are stronger by a factor of 4
than the bounds from COHERENT. However, a future reactor-based CEνNS experiment
will be competitive with beta decays. This makes the tensor interactions an interesting
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candidate to check for GNI from a high energy origin expressing itself through the operator
O′lNqd.

We conclude this section about CEνNS and beta decay by noting that we have identified
two viable scenarios where SMNEFT operators give rise to detectable signals in both
types of experiments in the form of neutral current and charged current scalar or tensor
GNI. These sort of complementary measurements could be suitable to favor or disfavor
a common high energy origin of both interaction types. In any case, both experimental
channels continue to be, as we have seen, essential in future efforts to search for new
neutrino interactions at the precision frontier not only for scalar and tensor interactions,
but all types of GNI.

4.4. Neutrino-electron scattering

Neutrino electron scattering is mediated in the SM by the exchange of a Z or W boson.
Therefore, at low energies, the process is suppressed by the Fermi constant GF . It is
relatively clean in the sense that at tree level no nuclear physics contributes. Therefore,
it has been a crucial process in confirming the validity of electroweak interactions, for
instance weak neutral currents and the electroweak mixing angle θW [141]. The currently
strongest bounds on GNI in neutrino-electron scattering, judging from the precision of
their determination of cW , come from the TEXONO experiment [99] for νe-e-scattering
and from the CHARM-II experiment [100,101] for νµ-e and νµ-e-scattering [52,142]. More
recently, constraints from solar neutrinos detected by the Borexino experiment [143],
which involve all three flavors, have been derived [144,145]. We do not consider radiative
corrections here, since our aim is merely to project the sensitivity, but they become
important if one reaches percent-level precision [141,146]. Moreover, we assume that the
mass of neutrinos in the final state can be neglected. Current constraints on the case of
massive final states have been evaluated in [145].

In this section, we proceed as follows. In Section 4.4.1 we discuss the differential cross
section of νµ-e scattering in the presence of GNI and identify the observable effective
parameters. Then, in Section 4.4.2 we explain the setup of DUNE with focus on the near
detector and discuss the projected sensitivity of the experiment to new physics. We note
that other future possibilities to probe neutrino-electron scattering such as the nuSTORM
facility [147] are being discussed, albeit at less concrete stages of planning.

4.4.1. The differential cross section

In the SM at tree level and at energies well below the weak scale the relevant Lagrangians
induced by integrating out W and Z in Figure 4.1 read

LW = − g2

2m2
W

(ναγµPLeα)(eβγµPLνβ) = − g2

2m2
W

(ναγµPLνβ)(eβγµPLeα) , (4.54)

LZ = − g2

4c2
Wm

2
Z

gνL(ναγµPLνα) [geL(eβγµPLeβ) + geR(eβγµPReβ)] , (4.55)
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Figure 4.1. SM contributions to neutrino electron scattering at tree level.

where in the first line we used the Fierz transformation (A.27), and the Z charges were
given in Equation (1.16). Using m2

Zc
2
W = m2

W and g2/8m2
W = GF /

√
2 while fixing the

charged leptons to be electrons, we can describe the full interaction by a Lagrangian
similar to the neutral current GNI Lagrangian (2.11), where we identify SM values for εL
and εR,

εαβeeL,e,SM = δαeδβe + 2gνLg
e
L δαβ , εαβeeR,e,SM = 2gνLg

e
R δαβ . (4.56)

For the numerical values of geL and geR, we use the value s2
W = 0.22343 (which is obtained in

the on-shell scheme) [148]. We consider two scattering channels which play an important
role at DUNE. These are, as we discuss in Section 4.4.2, νµe

− → νβe
− and νµe

− → νβe
−,

where β denotes any flavor. From inspecting Equation (4.56), we conclude that in the
SM case only the Z-contribution is non-vanishing, and only for β = µ. However, since
the final neutrino flavor is not observed, we cannot exclude the presence of also νe and
ντ final states if new physics plays a role. Effectively, we thus have to sum over the cross
sections of all neutrino final states. For compactness of notation, we will henceforth drop
the unnecessary indices and write

εαβj = εαβeej,e (4.57)

throughout this section. The differential cross sections for the general interaction La-
grangian (2.11) are derived in Appendix C.1 (see also References [2, 52]) and read

dσνµ→νβ
dT

=
G2
Fme

π

[
A+ 2B

(
1− T

Eν

)
+ C

(
1− T

Eν

)2

+D
meT

E2
ν

]
,

dσνµ→νβ
dT

=
G2
Fme

π

[
C + 2B

(
1− T

Eν

)
+A

(
1− T

Eν

)2

+D
meT

E2
ν

]
,

(4.58)

where Eν � me denotes the energy of the incoming (anti-)neutrino, T < Eν the kinetic
energy of the recoiled electron, and the coefficients are given by

A = 2|εµβL |2 +
1

4
(|εµβS |2 + |εµβP |2) + 8|εµβT |2 − 2Re

(
(εS + εP )µβεµβ∗T

)
,

B = −1

4
(|εµβS |2 + |εµβP |2) + 8|εµβT |2 ,

C = 2|εµβR |2 +
1

4
(|εµβS |2 + |εµβP |2) + 8|εµβT |2 + 2Re

(
(εS + εP )µβεµβ∗T

)
,

D = −2Re
(
εµβL εµβ∗R

)
+

1

2
|εµβS |2 − 8|εµβT |2 .

(4.59)
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In these expressions we have absorbed the SM contributions given in Equation (4.56) in
the definition of εL and εR. Immediately, we see that most contributions are proportional
to squares of the absolute values of epsilon parameters. There is one exception in the
coefficients A and C, namely a term mixing εS and εP with εT which therefore vanishes
unless there are both (pseudo)scalar and tensor interactions at the same time. In the
definition of coefficient D there is furthermore a mixture of L and R coefficients. However,
the contribution of D to the differential cross section is suppressed by a factor of me/Eν
which we discuss below to be of order 10−4. This also shows us that εS and εP will be
practically indistinguishable. This formula is consistent with the SM result

ASM = 2(geL)2 , BSM = 0 , CSM = 2(geR)2 , DSM = −2geLg
e
R . (4.60)

To see what the parameters determining the shape of the spectrum are, we sum over
final states β = e, µ, τ . First we consider the chirality-flipping interactions S, P and T .
Neglecting the (pseudo)scalar-tensor mixed term, it is clear that we are only sensitive to
the effective parameters

|εµX |2 ≡
∑

β=e,µ,τ

|εµβX |2 , X = S, P, T , (4.61)

and not to individual flavors. Therefore, we will use εjµ with j = S, P, T for fitting the
spectrum and later translate bounds on this parameter to bounds on |εµeX |, |ε

µµ
X |, and

|εµτX | assuming only one of them contributes to εµX . Concerning the NSI-type interactions
j = L,R, the fact that εL and εR can be split into SM plus new physics contributions,

εµβL = εµβL,SM + εµβL,NSI , εµβR = εµβR,SM + εµβR,NSI , (4.62)

leads to a contribution of new physics already at the linear order. Namely, when neglecting
the suppressed D-term, taking the sum over β results in

∑

β

∣∣∣gXδµβ + εµβX,NSI

∣∣∣
2

=
(
gX + εµµX,NSI

)2
+ |εµX,NSI|2 , X = L,R , (4.63)

where we used that εµµX is real and defined the effective parameter analogue of εµX for
j = L,R as

|εµj,NSI|2 ≡
∑

β=e,τ

|εµβX |2 , X = L,R . (4.64)

Notice that the flavor-diagonal contribution is left out of the sum on the right-hand side.
Therefore, the flavor-diagonal coefficients εµµL and εµµR contribute to the cross section at
linear order, while all others contribute at quadratic order. The contribution of D includes
further superpositions of L and R parameters,

∑

β

Re
(
εαβL εαβ∗R

)
= gLgR + gLε

αα
R,NSI + gRε

αα
L,NSI +

∑

β

Re
(
εµβL,NSIε

µβ∗
R,NSI

)
. (4.65)

However, these are subleading since the whole term is suppressed by me/Eν as noted
earlier. Therefore we set the new physics in this term to zero unless we consider explicitly
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Table 4.3. Parameters that influence the scattering of electrons with muon
(anti)neutrinos (first line) and the fundamental new interaction parameters that can
be constrained from the respective measurements (second line).

Observable εµµL/R,NSI |εµL/R,NSI| |εµS/P/T |

Bound on εµµL/R,NSI |εµeL/R,NSI| , |ε
µτ
L/R,NSI| |εµeS/P/T | , |ε

µµ
S/P/T | , |ε

µτ
S/P/T |

the simultaneous presence of flavor diagonal L and R coefficients in which case we use

∑

β

Re
(
εαβL εαβ∗R

)
= gLgR + gLε

αα
R,NSI + gRε

αα
L,NSI + εµµL,NSIε

µµ
R,NSI . (4.66)

To summarize, we consider the seven parameters shown in Table 4.3. In the second line we
show on which GNI parameters they depend. We note that, as shown in Appendix A.5,
all seven parameters are allowed in both Dirac and Majorana neutrino case, unless one
assumes flavor conservation in which case |εαT | = |εααT | = 0. We translate previous bounds
on muon-neutrino GNI from CHARM-II to bounds on these seven parameters in Ap-
pendix C.2 [52]. The results are shown in Table 4.4 together with the new expected
bounds from DUNE which we discuss in the next section.

For completeness, we comment on the neutrino-electron scattering of other flavors than
muon. If we consider, as suitable for TEXONO [99], the scattering νee→ νβe, we can still
use the cross section (4.58) with µ replaced by e. However, according to Equation (4.56),
the SM value of εL and εR are different due to the additional charged current interaction,

ASM = 2(1 + geL)2 , BSM = 0 , CSM = 2(geR)2 , DSM = −2(1 + geL)geR . (4.67)

Besides this modified SM part, we have the same dependence of the cross section on seven
parameters, namely

εeeL,NSI , |εeL,NSI| , εeeR,NSI , |εeR,NSI| , |εeS | , |εeP | , |εeT | , (4.68)

where

|εeX,NSI| =
√
|εeµX,NSI|2 + |εeτX,NSI|2 ,

|εeX | =
√
|εeeX |2 + |εeµX |2 + |εeτX |2 ,

X = L,R ,

X = S, P, T .
(4.69)

In Appendix C.2 we derive constraints on these parameters from the previous GNI anal-
ysis in Reference [52].

4.4.2. Sensitivity of the DUNE near detector

The Deep Underground Neutrino Experiment (DUNE) is a planned experimental facility
set to observe neutrino oscillations at a long baseline of 1300 km [149]. Its ambitious
scale and versatile liquid argon detector design admits a rich physics programme both at
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the near detector and far detector which includes besides neutrino oscillations and the
test of leptonic charge-parity violation the possibility to observe supernova neutrinos and
to probe the proton lifetime [19]. We have discussed some aspects of GNI in neutrino
oscillations in Section 4.1. In this section, however, we focus on the opportunity to test
neutrino-electron scattering at the near detector. The influence of NSI (embedded in
SMEFT) on the total cross section has been considered in Reference [150] for the DUNE
near detector. As in the corresponding publication (Reference [1]), we include here instead
all types of GNI and apply the differential cross section. The tremendous advantage of
using spectral information becomes clear when considering two important points. Firstly,
the spectral shape (in contrast to the total event numbers) can be used to distinguish
different types of new physics. Secondly, the neutrino-electron scattering channel is due
to its theoretical simplicity one of the ingredients to determine the normalization of the
beam intensity [19] which means that the neutrino-electron scattering spectrum itself is
expected to have a large systematic uncertainty concerning the normalization. This is
less of a problem if we fit the shape of the spectrum. We note that matter NSI will
also be tested in the study of oscillation physics at DUNE [107,151–153]. This concerns,
however, only interactions of the type εV ≡ εL + εR and a sum of electron, up, and down
quark interactions as defined in Equation (4.14), since other types of interaction play no
role for the coherent forward scattering of neutrinos in (unpolarized) matter [154]. In
this sense, our study is complementary to the oscillation tests, in particular since we can
identify various types of GNI specific to electrons. Below we numerically compare the
expected constraints from the oscillation analysis to our results.

To assess the sensitivity, we need besides the cross section mainly the expected neu-
trino flux and some properties of the detector. We take the simulated fluxes from Ref-
erence [155], which we plot in Figure 4.2. There are two beam modes corresponding
to mainly muon neutrinos or muon antineutrinos, respectively. The composition in the
neutrino mode is approximately 90-95% muon neutrinos, 5-10% muon antineutrinos and
about 1% electron (anti)neutrinos. In the antineutrino mode, the fractions of muon neu-
trinos and antineutrinos are reversed, as shown in Figure 4.2. In Section 4.4.1 we stated
that νµe → νβe and νµe → νβe scattering were most important, and here we can see
the reasons: The electron and tau (anti)neutrino components are by design very small
compared to the muon (anti)neutrinos and we therefore neglect them as initial particles
in our study. In principle, we could also consider νµe → νβµ scattering. However, the
threshold energy of this process is Eν = m2

µ/2me ≈ 10.9 GeV and the fraction of such
high-energy neutrinos is very small. Therefore we consider the flux only up to energies of
10 GeV. Hence, the full energy range we consider is 0.125-10 GeV. Concerning the inten-
sity we assume for the first phase of operation a 1.2 MW beam of 120 GeV protons [149].
For the second, later phase the plan is to double the beam power. Considering the first
phase as operating for 5 years (2.5 in each beam mode) and assuming 1.8× 107 seconds
per year operating time we obtain 1.123× 1021 POT/a (protons-on-target per year) or
2.809× 1021 POT per channel in total.

At the time of this analysis, published in Reference [2], the near detector design was
not yet determined. However, it was clear that the core part would be a liquid argon time
projection chamber (LArTPC) akin to the far detector, although naturally significantly
smaller in volume. This is still valid, even though it is now clear that the near detector
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Figure 4.2. Simulated neutrino fluxes from the optimized design published in Refer-
ence [155] for both neutrino and antineutrino beam. Figure adapted from Reference [2].

design will be modular and also involve a high-pressure gaseous argon time projection
chamber as well as the possibility to move the liquid and gaseous argon detectors off
axis (DUNE PRISM) [19]. Our sensitivity study assumes a LArTPC with 84 tons of
fiducial argon mass [156]. From this we estimate the number of target electrons as
18 · 1.2663× 1030 = 2.2793× 1031. We assume full 4π solid angle coverage and for the
energy resolution we take 0.06/

√
Ee ≈ 0.06/

√
T (in GeV), which should be valid in our

region of interest up to 10 GeV [157].
The expected number of events in a given energy bin [Ti, Ti + ∆T ] of size ∆T for a

given type of neutrino X = νµ, νµ reads

Ni(~ε) = ∆tNe

∫ ∆T ·i

∆T ·(i−1)
dT

∫ Emax

0
dEν Θ(T − Eν)

dσX
dT

(Eν , T,~ε)
dΦX

dEν
(Eν) , (4.70)

where ∆t is the time of data taking times the beam-specific POT (per time), Ne is the
number of electron targets, Emax = 10 GeV is the maximal neutrino energy, dΦX/dEν
is the differential neutrino flux of type X in units of neutrinos/GeV/m2/POT (i.e. as
plotted in Figure 4.2). We require the Heaviside step function Θ(T − Eν) to assert the
kinematic condition T ≤ Eν . The differential cross sections dσX/dT have been given in
Equations (4.58). The dependence of the cross sections on the seven independent new
physics parameters have been included in the form of the shorthand notation

~ε =
(
εL,NSI
µµ , εR,NSI

µµ , |εL,NSI
µ |, |εR,NSI

µ |, |εSµ |, |εPµ |, |εTµ |
)
. (4.71)

To account for imperfect resolution, this spectrum is further convolved with a Gaussian
function,

Ni(~ε) = ∆tNe

∫ ∆T ·i

∆T ·(i−1)
dT

∫ Emax

0
dEν

∫ E

0
dt f(T − t)dσX

dT
(Eν , t,~ε)

dΦX

dEν
(Eν) , (4.72)

where

f(T − t) =
1√

2πσ(t)
e
− (T−t)2

2σ2(t) , σ(t) = 0.06
√
t/
√

GeV . (4.73)
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Figure 4.3. Expected electron event numbers from neutrino-electron scattering in neu-
trino channel (blue) and antineutrino channel (red) at each 2.5 years of exposure assuming
SM parameters. Figure adapted from Reference [2].

Assuming SM ~ε = 0 and a bin size of ∆T = 0.5 GeV, we obtain the event numbers shown
in Figure 4.3 from which we conclude that one expects good statistics. As an illustration
of the effect of new physics on the shape of the spectrum, we show in Figure 4.4 the ratios
of expected event numbers N/NSM, where N = NNP+SM includes one of the parameters in
~ε. For these we take values approximately at the magnitude of current bounds. Figure 4.4
illustrates nicely why the shape information could prove to be crucial in distinguishing
the source of new physics, if observed.

To quantify the sensitivity for new physics we perform a χ2 test. Due to relatively
low statistics (. 100 Events) above T = 5 GeV, we cut off the spectrum there. The
obtained bounds do not sensitively depend on the precise choice of this “cutoff”, as we
have explicitly checked. Our χ2 function is defined as

χ2(~ε) =
a2

σ2
a

+
∑

X=νµ,νµ

nbins∑

i=1

(
(1 + a)NX

i (~ε)−NX,SM
i

)2

(σXi )2(~ε)
, (4.74)

where NX
i denotes the number of events in the i-th bin of the channel X (either neutrino

or antineutrino), and σXi denotes the uncertainty, which we assume to be statistically
dominated,

σXi (~ε) =
√
NX
i (~ε) . (4.75)

The parameter a is crucial in order to obtain realistic results since, as we previously
discussed, the ν-e scattering is used to normalize the flux and therefore we need to
take into account relatively large uncertainties σa on the normalization. To illustrate
the dependence of the sensitivity on this normalization uncertainty, we consider three
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Figure 4.4. Expected event number spectrum N = NSM+NP in the neutrino channel for
different new physics parameters tuned away from zero compared to the SM spectrum
NSM. The sample values are of the order of magnitude of current bounds, see Table 4.4.
Figure adapted from Reference [2].

scenarios, namely

A (“ideal”) :

B (“optimistic”) :

C (“conservative”) :

(σa, Tth) = (0, 0) ,

(σa, Tth) = (1%, 0) ,

(σa, Tth) = (5%, 500 MeV) ,

(4.76)

where Tth denotes the threshold energy for detecting a recoil electron of this process.

Results

We investigate two kinds of configurations which are frequently used to express projected
GNI bounds in the literature. The first is switching on a single one of the seven parameters
in Equation (4.71) and compare the simulated event numbers Ni with the ones simulated
for the SM case NSM

i using the χ2 function (4.74). From this we can deduce upper bounds
at 90% CL which DUNE is expected to cast assuming the SM is the true theory. The
results of this procedure are shown in Table 4.4, where they are also compared to present
bounds from CHARM-II and TEXONO from Reference [52] whose adaptation is discussed
in Appendix C.2. The second configuration we consider allows for two parameters at the
same time. The resulting 90% and 95% confidence regions are shown in Figure 4.5.
As discussed below Equation (4.58), εS and εP cannot be distinguished at the current
precision and therefore we do not show the results for εP . The same holds true for off-
diagonal L and R coefficients which is why we show only the more constrained εµµL and
εµµR . In the case of εSµ or εPµ and εTµ non-zero, we assume real parameters for simplicity.

We conclude that the single parameter bounds on εµµL and εµµR can be expected to be
improved after the first phase of DUNE by about an order of magnitude, even in the
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Table 4.4. Expected bounds (90% CL) on electron GNI after 2.5+2.5 years of DUNE
operation assuming three different experimental scenarios specified in (4.76), compared
with current bounds from CHARM-II. For convenience, we list mass scales Λ/

√
C =

(
√

2/GF ε)
1/2 associated withe the future bounds. In the lower section we show bounds

on electron GNI from νe-e scattering at TEXONO. See Appendix C.2 for details.

Observable NP Parameters Scen. Future DUNE CHARM-II Λ/
√
C [TeV]

εL,NSI
µµ εL,NSI

µµ A ±0.0014 [−0.06, 0.02] 9.3

B ±0.0028 6.7

C ±0.0038 5.7

εL,NSI
µ |εL,NSI

eµ | , |εL,NSI
µτ | A 0.028 0.11 2.1

B 0.039 1.8

C 0.046 1.6

εR,NSI
µµ εR,NSI

µµ A ±0.0017 [−0.06, 0.02] 8.6

B ±0.0027 6.8

C ±0.0031 6.3

εR,NSI
µ |εR,NSI

eµ | , |εR,NSI
µτ | A 0.027 0.10 2.1

B 0.035 1.9

C 0.037 1.8

εSµ , ε
P
µ |εSeµ| , |εSµµ| , |εSµτ | ,A 0.10 0.4 1.1

|εPeµ| , |εPµµ| , |εPµτ | B 0.12 1.0

C 0.14 0.9

εTµ |εTeµ| , |εTµµ| , |εTµτ | A 0.008 0.04 4.0

B 0.012 3.1

C 0.020 2.4

Observable NP Parameters TEXONO

εL,NSI
ee εL,NSI

ee [−0.31, 0.24]

εL,NSI
e |εL,NSI

eµ | , |εL,NSI
eτ | 0.27

εR,NSI
ee εR,NSI

ee [−0.24, 0.31]

εR,NSI
e |εR,NSI

eµ | , |εR,NSI
eτ | 0.16

εSe |εSee| , |εSeµ| , |εSeτ | 0.6

εPe |εPee| , |εPeµ| , |εPeτ | 0.7

εTe |εTee| , |εTeµ| , |εTeτ | 0.08
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conservative configuration. The bounds on chirality-flipping (pseudo)scalar and tensor
interactions are expected to improve by at least a factor of 1/2. This corresponds to
probing energy scales up to several TeV if we identify the interaction energy scale in
an EFT-inspired way as Λ/

√
C = (

√
2/GF ε)

1/2. We can compare the bounds to the
expected bounds on matter NSI from the neutrino oscillation analysis. Matter NSI have
been defined in Equation (4.14). In the case when matter NSI are only constituted by
interactions with electrons (and not quarks), we can compare results from Reference [107]
with our conservative bound on the parameters contributing to matter NSI,

|εVeµ| ≤ 0.051 , |εVµτ | ≤ 0.031 [107] ,

|εL,NSI
eµ |, |εL,NSI

µτ |, |εR,NSI
eµ |, |εR,NSI

µτ | ≤ 0.039 Table 4.4 .
(4.77)

In this case the bounds are comparable in magnitude. However, the complementarity
allows, for instance, to distinguish electron from quark matter interactions. Moreover,
flavor-diagonal matter NSI of different flavors cannot be measured independently in the
oscillation amplitudes and we see that ν-e scattering can help breaking this degeneracy,

εVee − εVµµ ∈ (−0.7,+0.8) , εVττ − εVµµ ∈ (−0.08,+0.08) [107] ,

|εL,NSI
µµ |, |εR,NSI

µµ | ∈ (−0.0027, 0.0027) Table 4.4 .
(4.78)

In addition, constraints on neutrino-quark NSI are also expected to greatly improve on the
one hand due to neutrino-nucleus scattering at the DUNE near detector [150], but on the
other hand also from coherent elastic neutrino nucleus scattering experiments [53,54,158],
as we discussed in Section 4.3. There are some interesting further insights to draw from
the two-dimensional exclusion regions in Figure 4.5. In particular in the L-R plot we see
the large degeneracy of the flux uncertainty with particular directions in parameter space.
These are the directions for which the shape of the spectrum is nearly unchanged. It is
worth noting that for the chirality-flipping interactions this effect is less pronounced due
to the shift in shape with respect to the SM spectrum which we have shown in Figure 4.4.

In summary, we found that the spectral information of the differential cross section
is suitable to reduce the vulnerability to flux normalization uncertainties. The expected
bounds on GNI from the first phase of DUNE are summarized in Tables 4.4 and 4.5.

4.5. Neutrino mass experiments

Neutrino mass experiments like the Karlsruhe Tritium Neutrino Experiment (KATRIN)
are of obvious interest and importance at a time when the absolute mass of neutrinos is
still undetermined, making them the only SM particles for which this essential property is
unknown. In this section, we consider the question if and how GNI can be tested as part of
an extended physics programme at such experiments. This question has been previously
addressed in Reference [57], where effects of GNI on the differential electron spectrum
from the beta decay of tritium have been calculated. There are two major obstructions
to actually detecting those modifications to the spectrum, as we will see explicitly in the
following. Firstly, to reduce systematic errors and gain the best possible sensitivity from
the data, on has to treat the normalization of the electron spectrum as a free fit parameter
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Figure 4.5. Projected two-parameter exclusion plots after 2.5+2.5 years of DUNE
operation. Solid and dashed contour lines correspond to 90% and 95% CL, respectively.
The red, blue, and green regions correspond to experimental scenarios A, B, and C
specified in (4.76). We only show flavor-diagonal components of εL,NSI and εR,NSI, single-
parameter bounds on the off-diagonal parameters are given in Table 4.4. Figure adapted
from Reference [2].
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(shape-only fit) [44]. This implies that effects that mostly just increase or decrease the
amplitude but not the shape of the spectrum are undetectable. Secondly, the main goal
of KATRIN is to determine very precisely the endpoint of the electron spectrum and
therefore the setup is optimized to detect only a small part of the spectrum, even though
there are upgrade plans to make the entire spectrum accessible [159]. This means that
even if new physics changes the shape of the spectrum it can only be seen if it changes the
shape significantly close to the end point. For these reasons, neutrino mass experiments
are not considered prime candidates for detecting GNI in beta decay [109]. Nonetheless,
constraining new physics from as many channels as possible is valuable which is why we
analyze here in detail which types of scenarios can be constrained by KATRIN. These
considerations could also inform us which types of upgrades to the experiment would be
fruitful in this endeavor. The section is structured as follows. In Section 4.5.1, we present
and discuss the differential decay rate of tritium in the very general case of admitting both
GNI and a sterile neutrino with a small mixing to the active neutrinos. In this setup there
are in general right-handed partners of active neutrinos and a fourth, potentially heavier
sterile neutrino. From this we identify the few parameters which determine the shape of
the spectrum and how they depend on GNI and the mixing matrix. In Section 4.5.2, we
then apply this to KATRIN and discuss which new physics scenarios can be constrained
by the present experimental setup.

4.5.1. Tritium beta decay in the presence of new physics

In Appendix D.1 we derive the effective beta decay Lagrangian in the case of 3+1 neutri-
nos and in the presence of GNI, where we account for the fact that the measured CKM
matrix prefactor Ṽud = 0.97420± 0.00021 is measured in such a beta decay and therefore
already contains some of the new physics. The effective Lagrangian reads

Leff = −GF Ṽud√
2

10∑

j=1

ε̂j (eOjνe)
(
uO′jd

)

− GF Ṽud√
2

10∑

j=1

(
δ1jUe4+

(∼)N
εj

)
(eOjN)

(
uO′jd

)
+ H.c. ,

(4.79)

where U denotes the (extended) PMNS matrix, N denotes a hypothetical sterile neutrino
and

ε̂L = 1− εR −
1

2
|Ue4|2 −

1

2
K ,

ε̂j =
(∼)
εj (1− εL − εR) , j ≥ 2 ,

(4.80)

with

K = 2Re (εR(εL + εR)) + 2Re(Ue4(εNL + εNR )∗) + |εNL + εNR |2 . (4.81)

We have suppressed indices εj = εee11
j,ud and introduced GNI parameters with the super-

script N for the sterile neutrino mass eigenstate. The operators Oj and O′j are as usual
given by Table 2.4. Note that we assume here a 4-by-4 leptonic mixing matrix, where
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the fourth neutrino is only weakly mixed, such that |Ue4| � 1. In this picture, the 3-by-3
submatrix mixing the first three mass eigenstates is the measured PMNS matrix and is
unitary up to tiny corrections. Since both the epsilon parameters and |Ue4| are small,
we have chosen to write Equation (4.79) in a form that is valid up to quadratic order in
these small parameters. Without going at least to quadratic order, we would not be able
to describe the usual 3+1-mixing sterile neutrino search in the absence of GNI.

To calculate the decay rate, we follow the relativistic treatment of tritium decay in
analogy to the neutron decay [160], i.e. we assume the nuclear matrix elements to be
the same, just with nucleon-specific form factors. The nucleon-level form factors can be
summarized as [109]

〈p(pp)|uγµd |n(pn)〉 = up(pp)

[
gV (Q2) γµ + i

g̃T (V )(Q
2)

2MN
σµνQ

ν +
g̃S(Q2)

2MN
Qµ

]
un(pn) ,

〈p(pp)|uγµγ5d |n(pn)〉 = up(pp)

[
gA(Q2)γµ+ i

g̃T (A)(Q
2)

2MN
σµνQ

ν +
g̃P (Q2)

2MN
Qµ

]
γ5un(pn) ,

〈p(pp)|u d |n(pn)〉 ≈ gS(0) up(pp)un(pn) +O(Q2/M2
N ) ,

〈p(pp)|u γ5 d |n(pn)〉 ≈ gP (0) up(pp) γ
5 un(pn) +O(Q2/M2

N ) ,

〈p(pp)|uσµν d |n(pn)〉 ≈ gT (0)up(pp)σµνun(pn) +O(Q/MN ) ,

(4.82)

where MN denotes the approximately equal mass of the parent and daughter nucleus. In
Reference [160], only the vector and axial nuclear matrix elements were considered, since
new physics is required for the others to play a role. However, the form factors gS , gP ,
and gT become relevant in the presence of exotic new physics. Only the zero-point values
gX ≡ gX(0) are required due to the low energy transfer in the decay. We leave those form
factors as undetermined variables in all formulas, such that any future corrections to
these values can be substituted. Whenever we calculate explicit numbers instead, we use
the values from Table 4.5. The ratio gA/gV was explicitly calculated for tritium [161].
However, it is compatible with values from lattice QCD for the neutron gA/gV [109].
We neglect g̃S and g̃T (A), since they correspond to so-called second-class currents which
vanish in the isospin limit.5

Details of the calculation of the differential decay rate are delegated to Appendix D.1.
The following results are organized such that they are valid up to quadratic order in

small interaction parameters |Ue4| and ε
(N)
j and up to leading order in the following

dimensionless kinematic parameters [57]

ε =
mA −mB

mA
, η =

E +me

mA
, δ =

me

mA
, ρ =

mk

mA
, (4.83)

where mA is the mass of the parent nucleus, mB is the mass of the daughter nucleus, E
is the kinetic energy of the electron, and mk is the mass of the neutrino, either mN or

5In the limit of vanishing mass difference between neutron and proton, and in analogy between tritium
and its decay product helium-3, the pairs can be considered as the same particles in opposite isospin
states in the context of strong interactions.
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Table 4.5. Current best limits on nuclear form factors for q → 0 of either tritium or
neutron. CVC stands for the conserved vector current hypothesis.

Coupling Value Reference, Comments

gV 1 [160], (assuming CVC), tritium
gA/gV 1.2646± 0.0035 [161], tritium

gS 1.02± 0.11 [162], MS, neutron

gP 349± 9 [162], MS, neutron

gT 0.987± 0.051± 0.020 [163], lattice, MS, neutron
g̃T (V ) 6.106 [160] (assuming CVC), tritium

the effective electron neutrino mass

m2
β =

3∑

k=1

|Uek|2
1− |Ue4|2

m2
k . (4.84)

All the masses and momenta can be reduced to these four parameters and mA. These
are excellent expansion parameters, since they are all smaller than 2× 10−4 for tritium.
Furthermore, we introduce the symbol E0 as the non-relativistic kinetic endpoint energy
for mβ = 0 which is also used by the KATRIN collaboration. In contrast, the exact
relativistic endpoint energy for mβ = 0 reads

Erel
0 =

m2
A +m2

e −m2
B

2mA
. (4.85)

At leading order they are simply related by

Erel
0 −me =

m2
A +m2

e −m2
B

2mA
−me ≈ (ε− δ)mA = E0 . (4.86)

The neglected corrections of quadratic order in small parameters amount to a shift of
the endpoint by approximately 3.4 eV. This is of course non-negligible if the experiment
aims to reach a sensitivity of around or below 1 eV. However, it can be accounted for
when treating E0 not as a prediction but a fit parameter, as is the case for KATRIN. We
discuss this further after presenting the formula for the differential decay rate.

We distinguish the separate decays of tritium into νe and N and give their rates indi-
vidually, since we would like to entertain the possibility that the experiment may resolve
the sterile neutrino. Variables associated with the νe decay are henceforth labeled by β
for the standard beta decay, while variables associated with sterile neutrino decay are
labeled by N . We find, to leading order in the small parameters, the differential decay
rate for k = β,N

dΓk
dE

=
G2
FV

2
ud

2π3

√
(E +me)2 −m2

e(E +me)(E0 − E)
√

(E0 − E)2 −m2
k

× ξk
[
1 + bk

me

E +me
− b′k

mk

E0 − E
− ck

memk

(E +me)(E0 − E)

]
,

(4.87)
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where

ξβ = g2
V

(
|ε̂L + ε̂R|2 + |ε̃L + ε̃R|2

)
+ g2

S

(
|εS |2 + |ε̃S |2

)

+ 3g2
A

(
|ε̂L − ε̂R|2 + |ε̃L − ε̃R|2

)
+ 48g2

T

(
|εT |2 + |ε̃T |2

)
,

(4.88)

ξβbβ = gV gS 2Re [(ε̂L + ε̂R)ε̂S + (ε̃L + ε̃R)(ε̃S)∗]

− 3gAgT 8Re [(ε̂L − ε̂R)(ε̂T )∗ − (ε̃L − ε̃R)(ε̃T )∗] ,
(4.89)

ξβb
′
β = gV gS 2Re

[
(ε̂L + ε̂R)̂ε̃S + εS(ε̃L + ε̃R)∗

]

− 3gAgT 8Re
[

(ε̂L − ε̂R)
(
̂̃εT
)∗
− (ε̃L − ε̃R)(εT )∗

]
,

(4.90)

ξβcβ = 2Re
[
g2
V (ε̂L + ε̂R)

(
̂̃εL + ̂̃εR

)
+ g2

S εS(ε̃S)∗
]

+ 2Re
[
−3g2

A(ε̂L − ε̂R)
(
̂̃εL − ̂̃εR

)∗
+ 48g2

T εT (ε̃T )∗
]
,

(4.91)

and, similarly,

ξN = g2
V

(
|Ue4 + εL + εR|2 + |ε̃L + ε̃R|2

)
+ g2

S

(
|εS |2 + |ε̃S |2

)

+ 3g2
A

(
|Ue4 + εL − εR|2 + |ε̃L − ε̃R|2

)
+ 48g2

T

(
|εT |2 + |ε̃T |2

)
,

(4.92)

ξNbN = gV gS 2Re [(Ue4 + εL + εR)(εS)∗ + (ε̃L + ε̃R)(ε̃S)∗]

− 3gAgT 8Re [(Ue4 + εL − εR)(εT )∗ − (ε̃L − ε̃R)(ε̃T )∗] ,
(4.93)

ξNb
′
N = gV gS 2Re [(Ue4 + εL + εR)(ε̃S)∗ + εS(ε̃L + ε̃R)∗]

− 3gAgT 8Re [ (Ue4 + εL − εR)(ε̃T )∗ − (ε̃L − ε̃R)(εT )∗] ,
(4.94)

ξNcN = 2Re
[
g2
V (Ue4 + εL + εR)(ε̃L + ε̃R)∗ + g2

S εS(ε̃S)∗
]

+ 2Re
[
−3g2

A(Ue4 + εL − εR)(ε̃L − ε̃R)∗ + 48g2
T εT (ε̃T )∗

]
.

(4.95)

Here we omitted the indices N on the ε-coefficients to avoid cluttering. We remark
that the definitions of ξ, b, b′ and c are inspired by the literature of beta decays, see
e.g. Reference [164]. However, we chose to define them as dimensionless. The first
important point about Equation (4.87) is that the kinematic prefactors in the first line
are the same as in the usual SM calculation. Therefore, in the absence of new physics,
bk = b′k = ck = ξN = 0 and we recover

ξSM
β = g2

V + 3g2
A , (4.96)

with which Equation (4.87) becomes identical to the standard formula, see e.g. Refer-
ence [160]. As usual, it is the factor ((E0 − E)2 − m2

k)
1/2 which ensures that the rate

drops to zero at the endpoint. Now let us discuss the new terms proportional to bk, b
′
k,

and ck in the second row of Equation (4.87). These involve couplings of electrons or
neutrinos with opposing chiralities and are therefore proportional to either electron or
neutrino masses, or both.6 Therefore b′ and c can only appear in the presence of right-
handed neutrinos, e.g. Dirac partners of active neutrinos in the case of b′β and cβ, or a

6Consider for instance ε̂Lε̂S in the ξβbβ-term: The GNI proportional to ε̂L involve left-handed neutrinos
and left-handed electrons, while the GNI proportional to ε̂S involve left-handed neutrinos and right-
handed electrons. The opposite chiralities for the electron require an electron mass insertion.
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sterile neutrino in the case of b′N and cN . This can be seen from the fact that b′ and c
vanish if all ε̃ vanish, which are precisely the GNI connected to right-handed neutrinos,
see Table 2.4.

We can estimate what the effect of the new physics terms on the spectrum will be. The
electron energy along the full spectrum varies within E ∈ [0, E0 +mβ]. For mβ ≈ 0 and
E0 ≈ 18 575 eV the factor me/(E + me) multiplying bk varies between 1 and 0.965 and
thus gives only a very small distortion of the spectrum. Along the currently accessible
range [E0 − 40 eV, E0] close to the endpoint, the variation is only on the level of 10−5.
Therefore, in summary the b-term increases or decreases the amplitude of the spectrum
by an approximately constant factor of (1 + 0.965 · bk) close to the endpoint. The second
new term mk/(E0−E) proportional to b′k can vary more strongly along the full spectrum,
e.g. for mk = 1 eV between 5× 10−5 and 1. In the 40 eV interval close to the end point
the variation is still between 0.025 and 1. Therefore, this term has a significant energy-
dependence and so changes the shape of the spectrum. However, in the case that mk

is very small it is still strongly suppressed. The third new term proportional to ck is
basically is just the product of the factors of bk and b′k. Therefore, the energy dependence
is approximately the same as that of the b′k term.

For completeness we can write down the total differential decay rate, which is simply
the sum over the rates of decay into electron or sterile neutrino

dΓ

dE
=

dΓβ
dE

Θ(E0 −mβ − E) +
dΓN
dE

Θ(E0 −mN − E)

=
G2
FV

2
ud

2π3

√
(E +me)2 −m2

e(E +me)(E0 − E)




∑

k=β,N

√
(E0 − E)2 −m2

β

×ξk
[
1 + bk

me

E +me
− b′k

mk

E0 − E
− ck

memk

(E +me)(E0 − E)

]
Θ(E0 −mk − E)



 ,

(4.97)

where we include explicit Heaviside theta functions to ensure that the total rate is well-
defined up to energies E = E0 −min(mβ,mN ).

4.5.2. Sensitivity of KATRIN to GNI

In this section we discuss the sensitivity of KATRIN to the new physics contributing to
the tritium decay rate in Equation (4.97). In their usual fit, the KATRIN collaboration
uses the SM limit of the leading-order result (4.97), i.e. ξβ = g2

V + 3g2
A while bβ = b′β =

cβ = ξN = 0. The endpoint is left as a free parameter in order to reduce systematic
errors. In this way the minuscule shift of the endpoint between the exact and non-
relativistic endpoint is accounted for in the fit. Moreover, a Fermi function F (E+me, 2)
incorporates the electromagnetic interaction of the emitted electron with the daughter
nucleus. Finally, one has to account for the fact that the tritium source is constituted by
a several molecular states, which before and after the decay may be in an excited state.
This is accounted for by modifying the available endpoint energy E0, which is reduced by
an excitation energy Vj . There are a number of further correction factors summarized in
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Reference [165] which have to be accounted for but which we do not comment on here.
Applying the above modifications to the decay rate (4.97), we arrive at the formula

dΓKA

dE
=
G2
FV

2
ud

2π3
F (E +me, 2)

√
(E +me)2 −m2

e(E +me)




∑

j

∑

k=β,N

ζjεj

√
ε2j −m2

k

×ξk
[
1 + bk

me

E +me
− b′k

mk

εj
− ck

memk

(E +me)εj

]
Θ(εj −mk)



 .

(4.98)

This assumes a set of probabilities ζj to produce the daughter molecular system in certain
excited states with excitation energies Vj . Depending on these final states, the neutrino
energy reads εj = E0−E−Vj . Notice that if we ignore those different molecular systems
and assume just one unexcited daughter nucleus, i.e. Vj = 0 with ζj = 1, we repro-
duce Equation (4.97). Below we explore different new physics scenarios which all follow
particular limits of this master formula.

The expected count rate is given by [44]

Rcalc(〈qU〉) = Rbg +AsNT

∫
dΓKA

dE
(E) · fcalc(E − 〈qU〉)dE , (4.99)

where Rbg is the background rate, As is the signal amplitude, NT is the effective number
of tritium atoms in the source, and fcalc is the detector response function. In the absence
of new physics, the fitting procedure has in total four parameters. Besides m2

β and E0,
also As and Rbg are fitted which corresponds to a shape-only fit. Due to these limitations
it is important to analyze which types of new physics can be constrained from a fit of the
endpoint of the spectrum. Since any effect on the signal amplitude As will be absorbed,
we have to distinguish the effects of new physics on the amplitude and on the shape of
the spectrum. In turn, we discuss ξ, b, b′, and c for active and sterile neutrinos to see if
they sufficiently modify the spectrum. Then we consider scenarios from the perspective
of GNI parameters which is of course ultimately what we are after in this work. In the
SM limit of the eight parameters ξβ, bβ, b′β, cβ, xN , bN , b′N , and cN only ξβ is non-
vanishing. Therefore we discuss now scenarios with select parameters besides ξβ assumed
as non-vanishing.

Without sterile neutrino

� Only ξβ: A modification of ξβ through GNI results only in a modification of the
amplitude, not the shape. This can only be observed when As is not a completely
free fit parameter.

� Only ξβ and bβ: As already discussed above Equation (4.97), the effect of this term
on the shape is negligible while the effect on the amplitude will be absorbed in As.
Therefore this type of new physics is not observable with the current setup.
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� Only ξβ and b′β: As already discussed, in this case the rate gets multiplied by an
energy-dependent factor

dΓKA

dE
→ dΓKA

dE

(
1− b′β

mβ

εj

)
. (4.100)

Neglecting the molecular excitations, we have have discussed that this factor varies
between 1 − b′β · 5× 10−5 and 1 − b′β along the whole spectrum for mβ = 1 eV.
Therefore in this case it would be very beneficial to measure the entire spectrum.
However, even in the 40 eV-interval around the endpoint, the factor would still vary
from 1 − b′β · 0.025 to 1 − b′β. Unfortunately the neutrino mass must not be too
small in order to detect this, because in the limit mβ → 0 this shape modification
vanishes. As long as no neutrino mass is observed, we can thus only obtain bounds
on b′β for given assumptions about mβ.

� Only ξβ and cβ: This case is analogous to b′β and the shape change of the spectrum
is practically the same. This is because the spectrum gets modified by the factor

dΓKA

dE
→ dΓKA

dE

(
1− cβ

me

E +me

mβ

εj

)
, (4.101)

and we already discussed that me/(E +me) changes only at the 10−5 level close to
the endpoint. Therefore, the constraints on b′β and cβ give the same effect on the
shape.

� Mixed scenarios: As discussed above, bβ cannot be detected and b′β and cβ are
indistinguishable. So the only reasonable scenario to search for with the current
KATRIN setup is assuming without loss of generality bβ = 0, b′β 6= 0 and cβ = 0.
Then one can constrain b′β depending on the assumed real neutrino mass. The
resulting bounds on b′β are then equally valid for cβ.

With sterile neutrino

� Only ξβ and ξN : This is the minimal scenario with a sterile neutrino. If mN > mβ

can be resolved, the additional addend in the rate (4.97) deforms the spectrum. In
particular, if the contribution of the sterile neutrino decay rate to the total rate is
large enough, one would expect to observe a dent in the spectrum at the endpoint of
the sterile neutrino subspectrum. Therefore, ξN can be constrained from the shape-
only fit if the endpoint of the mN spectrum lies within the fit range. If one could
measure the whole spectrum, this would allow us to test up to keV-scale masses of
sterile neutrinos which are interesting candidates of warm dark matter [166–168].
At present, however, the endpoint fit only allows to test masses up to about 40 eV.
In this scenario, the shape-only fit effectively measures the ratio ξN/ξβ for a given
value of mN . In these scenarios it is handy to set mβ = 0 since we already know
that the data is consistent with this assumption. If we neglect GNI and consider
the case of purely mixing-mediated decay, this is equivalent to the usual fit of |Ue4|
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as can be seen from Equations (4.88) and (4.92) together with the definitions (4.80)

ξN
ξβ

=
|Ue4|2
|ε̂L|2

=
|Ue4|2

1− |Ue4|2
, (4.102)

where in the last step we neglected higher orders of |Ue4| since our definitions (4.80)
are only valid at quadratic order in |Ue4|. Therefore, we may use immediately
the usual sterile neutrino fit which constrains the parameter space mN -|Ue4| and
generalize it to a constraint on the (mN -ξN/ξβ)-space.

� Only ξβ, ξN , and bN : In analogy to bβ, bN also mostly affects the amplitude of the
sterile neutrino decay rate. Its effect is therefore indistinguishable from the effect
of ξN .

� Only ξβ, ξN , and b′N : If the sterile neutrino has a relatively large mass, e.g. 1 keV,
mN/εj could be very large close to the endpoint of the sterile neutrino part of
the spectrum. This can, to some extend, compensate for a small value of b′N .
However, even for mN . 40 eV there could be an interesting effect. The maximal
effect is expected for b′N = −1, as we show below. To constrain this scenario, one
can fit, as in the previous scenario, mN vs. ξN/ξβ at a few fixed values b′N =
−1,−0.75,−0.5,−0.25.

� Only ξβ, ξN , and cN : The situation is analogous to ξβ, ξN , and b′N by the same
reasoning as in the active neutrino case.

To summarize, there are two viable scenarios to constrain GNI with the current setup of
KATRIN:

1. Constrain b′β for fixed values of mβ.

2. Constrain the two parameters mN and ξN/ξβ for fixed values mβ = 0 and b′N =
−1,−0.75,−0.5,−0.25, 0. The assumption b′N = 0 corresponds to the usual 3+1
fit but with generalized relative normalizations of the electron neutrino and sterile
neutrino decay rates.

To interpret the results in terms of GNI, we construct scenarios with a minimal number
of GNI coefficients. To produce b′β, we need at least one GNI parameter, e.g. ε̃S , which

interferes with the SM vector interaction. In this case we have ε̂L = 1, ̂̃εS = ε̃S and
therefore

ξβ = g2
V + 3g2

A + g2
S |ε̃S |2 , b′β ≈

gV gS
g2
V + 3g2

A

2Re ε̃S ≈ 0.35 Re ε̃S . (4.103)

Equivalently, we could produce cβ to which there is an equal sensitivity. In this case we

need only ε̃V = ε̃L + ε̃R, such that ε̂L = 1 and ̂̃εV = ε̃V and therefore

ξβ = g2
V + 3g2

A + g2
V |ε̃V |2 , cβ ≈

g2
V

g2
V + 3g2

A

2Re ε̃V ≈ 0.34 Re ε̃V . (4.104)
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Turning to the sterile neutrino scenarios, the simplest way to generate ξN is by the mixing
matrix. However, any GNI could also instead mediate the decay. Accordingly, a bound
on ξN/ξβ implies a bound on single GNI parameters. For these single parameter bounds
we set Ue4 and all other epsilons to zero. Then we find, from a constraint ξN/ξβ ≤ q

|ε| ≤
√
q/C , (4.105)

where

C =
1

1− 1
2 |ε|2

≈ 1 for εNL or εNR ,

C = 1 for ε̃NL or ε̃NR ,

C =
g2
S

g2
V + 3g2

A

for εNS or ε̃NS ,

C =
48g2

T

g2
V + 3g2

A

for εNT or ε̃NT .

(4.106)

This shows that the bound on |Ue4| implied by the 3+1 fit is immediately applicable to
εNL , εNR , ε̃NL , and ε̃NR . For the others, a rescaling involving gS and gT is necessary. Finally
let us discuss the minimal requirements for b′N 6= 0 or cN 6= 0. Clearly we need one ε or
Ue4 and one ε̃. All combinations are possible and we will now see that the largest possible
value is |b′N | = 1. An optimal scenario is εNV together with ε̃NS . Then we have

ξN = g2
V |εNV |2 + g2

S |ε̃NS |2 = |w|2 + |z|2 , (4.107)

ξNb
′
N = gV gS 2Re

[
εNV (ε̃NS )∗

]
= 2Re(wz∗) , (4.108)

where we defined w = gV ε
N
V , and z = gS ε̃

N
S . Consequently, we find

b′N =
wz∗ + w∗z
|w|2 + |z|2 . (4.109)

It turns out that this fraction can only take values in the range [-1,1]. Indeed, writing
w = r1 · exp(φ1), z = r2 · exp(φ2), and assuming without loss of generality that r1 ≤ r2,
we obtain

|wz∗ + w∗z|
|w|2 + |z|2 =

|2r1r2 cos(φ1 − φ2)|
r2

1 + r2
2

≤ 2r1r2

r2
1 + r2

2

≤ 2r2
1

r2
1 + r2

2

=
2

1 + r2
2/r

2
1

≤ 1 . (4.110)

For illustration, we could use the case of real w and z to find the extremal values

b′N =
2wz

w2 + z2
≈
{
±1 if w = ±z ,
0 if w � z .

(4.111)

Note that the conclusion is the same for other representatives. In less optimal cases |b′N |
can only be smaller than 1 as we show in Appendix D.2. Hence, there are many scenarios
in terms of ε-coefficients which we do not all discuss. However, the GNI framework
informs us about the possible values b′N can have.
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Figure 4.6. Expected count rate for the measurement of the endpoint of the tritium
decay spectrum at KATRIN for the SM expectation and including sterile neutrino con-
tributions. Figure adapted from Reference [169] at a preliminary stage.

4.5.3. Preliminary results

An analysis of the constraints on new interactions of a sterile neutrino from the KATRIN
data is to be published in the near future. For illustration, we present some preliminary
results from Reference [169]. In Figure 4.6 we show the expected differential decay rate
around the endpoint region for a sterile neutrino of squared mass m2

N ≡ m2
4 = 10 eV2

and different values of ξN and b′N compared to the SM expectation. The shape difference
can be understood from our previous analysis of the spectrum. In the case of b′N = 0, the
spectrum agrees with the usual 3+1 scenario. The additional contribution of the sterile
neutrino decay drops out at the endpoint of the sterile neutrino spectrum and therefore
at higher electron energies there is no dependence on b′N . At lower energies, the value of
b′N can enhance the count rate if b′N < 0 or reduce it if b′N > 0. As explained above, if
one fits ξN/ξβ and mN for fixed values of b′N , one can obtain bounds on pairs of epsilon
parameters, for instance εNV and ε̃NS . The results of such a fit can be illustrated as a
two-dimensional exclusion plot for given values of mN . Such a plot is shown in Figure 4.7
for m2

N = 100 eV2. Details on the statistical inference of the exclusion regions will be
found in Reference [169].
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4.6. Summary

We have discussed a number of direct and indirect experimental tests of GNI. The comple-
mentarity of different searches for such interactions is particularly valuable for resolving
ambiguities in the extraction of fundamental neutrino parameters from neutrino oscil-
lation data, as we have illustrated in Section 4.1. For convenience, we summarize in
Table 4.6 the current constraints on leptonic single GNI parameters, and in Table 4.7
the constraints on semi-leptonic single GNI parameters. Concerning leptonic GNI, we
find neutrino-electron scattering to provide the strongest direct bounds, see Section 4.4.
Currently, these are drawn from the CHARM-II and TEXONO experiments. After the
first phase of operation, significantly improved bounds can be expected from near detec-
tor data of DUNE. In the case that flavor-changing leptonic GNI are linked to SMNEFT
operators, very stringent constraints can be deduced from the searches for charged lepton
flavor violation, as discussed in Section 4.2. Turning to semi-leptonic interactions, we
can distinguish charged-current and neutral-current GNI. The strongest direct bounds
on flavor-conserving charged-current interactions are currently derived from nuclear beta
decays and pion decay, see Reference [109] and Section 4.3.2. Direct bounds on flavor-
conserving neutral-current interactions can be derived from coherent elastic neutrino
nucleus scattering. The values given in Table 4.7 rely on the assumption εee11 = εµµ11

made in Reference [54], see Section 4.3.1. Following Reference [53], we additionally es-
timated that in future reactor neutrino experiments, significant improvements on these
bounds can be expected. In the case that neutral-current interactions of (pseudo)scalar
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or tensor type are connected to the SMNEFT operators OlNuq,OlNqd,O′lNqd, the bounds
on charged-current interactions from beta and pion decay impose strong indirect limits
on the neutral-current interactions. Direct bounds on flavor-changing semi-leptonic inter-
actions are derived from a combination of different sources in References [112–114], while
indirect bounds are implied by the non-observation of µ → e conversion in nuclei and
rely on the assumption that the GNI originate from SMNEFT operators, see Section 4.2.
Investigating the suitability of KATRIN to test GNI in Section 4.5, we found that the
main strength lies in the possibility to test the interactions of potential eV-scale sterile
neutrinos which cannot usually be resolved in other beta decay experiments.
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Table 4.6. Current direct and indirect bounds on leptonic GNI discussed in this chap-
ter. A summary of their origins is provided in the main text. For convenience, we list
associated mass scales Λ/

√
C = (

√
2/GF ε)

1/2.

NP Parameter Direct Indirect Λ/
√
C [TeV]

direct
Λ/
√
C [TeV]

indirect

εeeeeL,e [−0.31, 0.24] [0.6,0.7]

εµµeeL,e [−0.06, 0.02] [1.4,2.5]

|εeµeeL,e | 0.11 1.4× 10−6 1.0 294

|εµτeeL,e | 0.11 1.0

|εeτeeL,e | 0.27 2.8× 10−4 0.7 21

εeeeeR,e [−0.24, 0.31] [0.6,0.7]

εµµeeR,e [−0.06, 0.02] [1.4,2.5]

|εeµeeR,e | 0.10 1.0× 10−6 1.1 348

|εµτeeR,e | 0.10 1.1

|εeτeeR,e | 0.27 3.9× 10−4 0.7 18

|εeeS,e| , |εeτS,e| 0.6 0.4

|εeµS,e| , |ε
µµ
S,e| , |ε

µτ
S,e| 0.4 0.6

|εeeP,e| , |εeτP,e| 0.7 0.4

|εeµP,e| , |ε
µµ
P,e| , |ε

µτ
P,e| 0.4 0.6

|εeeT,e| , |εeτT,e| 0.08 1.2

|εeµT,e| , |ε
µµ
T,e| , |ε

µτ
T,e| 0.04 1.7

|εeeτeR,e | 3.9× 10−4 18

|εµµµeR,e | 5.5× 10−6 148

|εeµµµR,e | 5.5× 10−6 148

|εµττeR,e | 3.0× 10−7 636

|εeττµR,e | 3.0× 10−7 636

|ετµµµL,e | 2.4× 10−4 22

|εµτµµR,e | 3.3× 10−4 19

|εµµµτR,e | 3.3× 10−4 19
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Table 4.7. Current direct and indirect bounds on semi-leptonic GNI discussed in this
chapter. A summary of their origins is provided in the main text. For convenience, we
list associated mass scales Λ/

√
C = (

√
2/GF ε)

1/2.

NP Parameter Direct Indirect Λ/
√
C [TeV]

direct
Λ/
√
C [TeV]

indirect

|Re(ε̃ee11
P,ud)|, |Im(ε̃ee11

P,ud)| 2.8× 10−4 21

|ε̃ee11
S,ud| 6.3× 10−2 1.4

|ε̃ee11
T,ud| 0.006 ≤ |ε| ≤

0.024
2.2

|εee11
S,u | 1.5× 10−2 3.8× 10−4 2.8 18

|εee11
P,u | 3.8× 10−4 18

|εee11
S,d | 1.7× 10−2 4.0× 10−4 2.7 17

|εee11
P,d | 4.0× 10−4 17

|Re(εee11
T,d )| 9.8× 10−2 0.006 ≤ |ε| ≤

0.024
1.1 2.2

|εeµ11
L,u | 2.3× 10−2 3.3× 10−7 2.3 606

|εeµ11
L,d | 2.3× 10−2 3.3× 10−7 2.3 606

|εeµ11
R,u | 3.6× 10−2 6.0× 10−8 1.8 1422

|εeµ11
R,d | 3.6× 10−2 5.3× 10−8 1.8 1513

|εeµ11
L,ud| 2.6× 10−2 6.6× 10−7 2.2 429

|Re(εeµ11
S,ud)| 8× 10−3 3.0× 10−8 3.9 2010

|Re(εeµ11
P,ud)| 4× 10−4 3.0× 10−8 17 2010





5. Heavy sterile neutrinos as
dark matter

In this chapter, we investigate how the framework of SMNEFT introduced in Chapter 2
can be applied to dark matter. To prepare this, we begin in Section 5.1 with an in-
troduction to dark matter and the most important observables from a particle physics
viewpoint. In Section 5.2, we then propose to identify dark matter as a sterile neutrino
with a mass of at least a few GeV which interacts with the SM through dimension-five and
dimension-six operators in SMNEFT. We demonstrate that viable scenarios exist which
predict the observed amount of cold dark matter and are consistent with observational
evidence from direct and indirect detection experiments. To validate the robustness of
the EFT assumptions, we consider three example models which are represented by this
EFT in Section 5.3 and show how they can be distinguished by producing the mediator
at the LHC before concluding in Section 5.4. The contents of this chapter have been
published in Reference [4].

5.1. Overview of dark matter observables

Identifying dark matter with a new particle requires that we can explain how it is produced
in the observed abundance. The production mechanism usually implies ways to detect the
dark matter directly or indirectly, or to even produce it artificially at a particle collider.
Therefore we devote this section to a minimal overview of dark matter observables from
the perspective of a particle physicist.

The energy content of the universe can be separated into dark energy, baryonic and dark
matter, radiation and curvature. It is well-established by astronomical and cosmological
evidence that the dark energy component dominates our universe, while radiation and
curvature are negligible today [29]. We focus on the density of dark matter ρDM, which
dominates the matter component over baryonic matter of density ρb. We follow the usual
convention of expressing these quantities in terms of the density parameters defined by

Ωxh
2 =

ρx
ρc
h2 =

ρx
3M2

PlH
2
0

h2 , for x = b,DM , (5.1)

where ρc denotes the critical density, MPl denotes the Planck mass and

H0 = h · (100 km s−1Mpc−1) (5.2)

denotes the Hubble constant. The precise value of the dimensionless parameter h is
not relevant to our discussion, but for completeness we quote the value obtained by the
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Planck Collaboration [29] which is h = 0.674±0.005. The values of the density parameters
identified in the same publication read

Ωbh
2 =

ρb
ρc
h2 = 0.0224± 0.0001 , ΩDMh

2 =
ρDM

ρc
h2 = 0.120± 0.001 . (5.3)

The baseline requirement of a theory of dark matter is that it has to predict this
observed dark matter density. A second requirement, however, is that dark matter should
be cold, which means that whatever the production mechanism is, most of the dark matter
particles must be non-relativistic during the era of structure formation. The degree to
which this should hold is dictated by the observed large-scale structure of the universe,
which can only form for sufficiently slow dark matter [170]. This requirement is also
satisfied by warm dark matter which is not exactly but close-to non-relativistic and may
even explain certain puzzling observations at smaller-scale structures [167]. Fermionic
dark matter is affected by a third requirement known as the Tremaine-Gunn bound.
The argument relies on the phase space distribution of a single species of fermionic dark
matter in a galaxy and amounts to a lower limit mN ≥ 0.4 keV [167]. These requirements
allow for two frequently considered scenarios of sterile neutrino dark matter. The first
is realized by GeV-scale sterile neutrinos which are produced thermally. By this we
mean that they are initially in thermal equilibrium with baryonic matter mediated by
some new interaction, but freeze out once the temperature of the universe drops below a
certain value Tdec. In this scenario, the sterile neutrino appears essentially as a weakly-
interacting massive particle (WIMP), one of the prime dark matter candidates from a
theoretical perspective [171]. There must, however, be some mechanism to circumvent
the decay of this type of dark matter. The second scenario is realized by keV-scale
sterile neutrinos which cannot straightforwardly be produced via freeze-out. For new
interactions analogous to the ones we introduce for GeV-scale neutrinos, the freeze-out
would result in relativistic dark matter if we require the observed relic abundance to
be obtained. Typical production mechanisms considered for this dark matter candidate
are thermal freeze-in, warranted by a tiny mixing to active neutrinos, out-of-equilibrium
decay of heavier new particles, and energy-dependent new interactions [166,167].

We will consider only the thermal relic dark matter whose freeze-out is controlled by the
dark matter annihilation cross-sections σ ≡ σNN→X1X2... where X are SM particles. In
this scenario, a balance of annihilation and creation processes in the thermal bath of the
early universe holds the dark matter in thermal equilibrium. For a thermal distribution
of particles, we can express the velocity-averaged dark matter annihilation rate as

Γ ∼ 〈σv〉nN , (5.4)

where 〈v〉 denotes the average velocity and nN denotes the number density, both of which
depend on temperature and mass. One can imagine that as the temperature in the early
universe decreases, also the annihilation rate decreases. On the other hand, the Hubble
rate H describing the expansion of the universe increases during this epoch, such that at
some point the annihilation and creation processes are no longer frequent enough to keep
the dark matter in thermal equilibrium. At this point the dark matter freezes out and is
no longer coupled to the thermal bath. The distribution afterwards simply gets diluted
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and redshifted along with the expansion of the universe. In practice, we will calculate
this process using the computational tool micrOMEGAs [172–175] which numerically
solves the required Boltzmann equations. In essence, the two quantities deciding about
the successful freeze-out are the velocity-averaged annihilation cross section 〈σv〉 and the
dark matter mass. For a given mass, the coupling to the SM must be strong enough in
order for the particles become non-relativistic before decoupling. If the coupling is too
strong, however, the decoupling takes place too late and the dark matter density is too
low. On the other hand, if the coupling is too weak, the decoupling takes place too early
and dark matter is overproduced.

Predicting the correct relic density of non-relativistic dark matter is, however, not the
only hurdle a successful theory needs to pass. We consider three important further consis-
tency checks which concern direct detection, indirect detection, and collider production.

� Direct detection: If dark matter of a mass in the multi-GeV range interacts with
quarks or gluons, the most promising channel to detect it is by the scattering off
heavy nuclei which have a similar mass. This scattering of WIMP dark matter
is being searched for at experiments such as XENON1T [176]. The dark-matter-
nucleon interaction can be induced at tree-level or at loop level. For the models
we consider below, we use the tool runDM [177] to calculate the RG running from
our effective operators at high energies to the nuclear scale and to map coefficients
to the nucleon-level EFT. Since no signal has been detected so far, usually the
XENON collaboration releases upper limits on either the dark-matter-nucleus scat-
tering cross section or on Wilson coefficients of the non-relativistic nucleon-level
EFT. These bounds depend on the distribution of dark matter in our galaxy in
order to predict the incident flux in the detector.

� Indirect detection: If two dark matter particles can annihilate in the early uni-
verse into SM particles, in principle the same can happen today where ever there is a
sufficiently large concentration of dark matter. In particular, one can survey dwarf
spheroidal galaxies (dSphs) for signs of such annihilations in the form of a gamma
ray flux, since they combine a large dark matter density with a low background.
Of course, the signal depends on the exact annihilation products, but can be simu-
lated and compared to the data. If such a signal is detected consistently for several
objects, one could claim the indirect detection of dark matter. The non-detection
of an excess gamma ray flux enables us to exclude some dark matter models or
parts of their parameter space. We note that the velocity-averaged annihilation
cross section 〈σv〉 which controls the freeze-out, is also responsible for the indirect
detection signal. However, the average dark matter velocity today is much smaller
than during freeze-out and so the averaged cross section may be different, as we
discuss in Section 5.2.

� Collider production: For WIMP dark matter of a mass in the multi-GeV range,
typically an interaction strength comparable to the electroweak scale or weaker
is required to ensure that the freeze-out produces the observed relic abundance.
Therefore, one would expect a mediator between dark matter and the SM to be of
a mass in the 100 GeV to 1 TeV range. In this case it would be possible to produce
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the mediator at the LHC. However, no new particles have been observed so far,
which allows us to constrain models of dark matter. In our EFT approach, we will
consider new-physics scales Λ which are comparable to LHC energies. Therefore,
the assumption of a decoupled mediator, which works well for direct and indirect
detection, breaks down at collider energies. There exist approaches to extend the
application of an EFT framework into the collider regime by including mediator
particles as additional degrees of freedom [178]. We choose to remain more general
at the cost of being unable to apply the EFT at collider scales. However, we will
show that if we pick concrete models which are represented by the EFT, the LHC
searches are suitable for distinguishing these different models and mediators.

5.2. Third-generation νDMEFT

In this section we apply the framework of SMNEFT with one sterile neutrino N of
super-GeV mass to explain dark matter. To ensure stability, we assume a Z2 symmetry
under which only N is charged. Therefore, N cannot decay but pair-annihilate into SM
particles. In particular, we consider the case when four-fermion interactions dominate
and annihilations are given by NN → ff with f some SM fermion. If we assume that N
couples to the first or second generation of SM fermions, there are very strong constraints
from direct detection. However, these can be less stringent if we assume that the four-
fermion couplings are only present among dark matter and third -generation fermions. In
this case, the coupling to nucleons is mainly generated by loops and therefore smaller.
Hence, we decide to only consider couplings to the third generation in this chapter in
order to reduce the pressure from direct detection constraints.

Let us list the relevant operators from Table 2.1. These are

LNq =
CNq
Λ2

(NγµPRN)(q3γ
µPLq3) ,

LNt =
CNt
Λ2

(NγµPRN)(tγµPRt) ,

LNb =
CNb
Λ2

(NγµPRN)(bγµPRb) ,

LNl =
CNl
Λ2

(NγµPRN)(lτγ
µPLlτ ) ,

LNτ =
CNτ
Λ2

(NγµPRN)(τγµPRτ) , (5.5)

where we omit the explicit flavor indices of the third generation and relabeled the Wilson
coefficients for brevity. Due to the relevance to direct detection and the explicit models
considered later, we also include the dimension-five operator

L(5)
NH =

C
(5)
NH

Λ
N c
RNR H

†H (Majorana) . (5.6)

Generally we consider N as a Majorana fermion, but occasionally also discuss how the
bounds are affected if we assume it is a Dirac fermion. In this case, the dimension-five
operator must be replaced by

L(5)
NH = 2

C
(5)αβ
NH

Λ
NNH†H (Dirac) (5.7)
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in order to have the same numerical bounds from direct detection on the Dirac and Majo-
rana Wilson coefficients. Apart from this replacement, we consider the same dimension-
six operators (5.5) even though in the Dirac case one could have additional couplings to
the left-handed component of N .

We will consider energy scales Λ/
√
C, where C denotes one of the Wilson coefficients

in Equation (5.5), in the range of 102–104GeV which is to a large extent accessible at the
LHC. Therefore, we cannot treat collider constraints in the EFT framework. However,
relic density, direct detection and indirect detection observables can be calculated entirely
in the EFT framework. For this reason we now consider more explicitly the present
constraints on the operators ONτ(t,b) under the assumption that one of them dominates
the interaction of dark matter with the SM. We show the results in Figure 5.1 for the cases
of Majorana and Dirac dark matter. These three operators are just chosen for simplicity,
but in principle any combination of the operators in Equation (5.5) could be valid. One
example with multiple operators is the U(1)(B−L)3 model introduced in Section 3.1.2,
which we discuss as one of the UV complete examples in Section 5.3.

As stated in Section 5.1, the dark matter mass mN and the velocity-averaged anni-
hilation cross section 〈σv〉 are the two quantities which fix the relic abundance within
the freeze-out mechanism. However, they also govern indirect detection signals. We note
that the annihilation cross sections for Dirac and Majorana dark matter are different for
the same operator ONf . Namely, we find for Majorana dark matter

〈σvrel〉MNf =
|CNf |2
8πΛ4

Nc

√
1−

m2
f

m2
N

(
m2
f +

16m4
N − 23m2

Nm
2
f + 10m4

f

24(m2
N −m2

f )
v2

rel

)
(5.8)

up to first order in average squared relative DM velocity v2
rel. For Dirac dark matter the

annihilation rate for the same operator reads

〈σvrel〉DNf =
|CNf |2
16πΛ4

Nc m
2
N

√
1−

m2
f

m2
N

. (5.9)

The color factor Nc is 1 for f = τ and 3 for f = t, b. To obtain the operators ONf with
f = l, q, one can simply add the cross sections for t and b or for ντ and τ respectively.
For instance, the Dirac annihilation cross section in this case reads

〈σvrel〉DNq =
|CNq|2
16πΛ4

Nc m
2
N

(√
1− m2

t

m2
N

+

√
1− m2

b

m2
N

)
. (5.10)

In the lepton case f = l, we set Nc = 1 and replace the masses mb with mτ and mt with
mντ = 0.

We should explain why we kept the first term of order v2
rel only in the Majorana case.

Before the freeze-out of non-relativistic dark matter, the average velocity is determined by
a thermal Boltzmann distribution and therefore we have approximately vrel ∼

√
Tf/mf ∼

10−1 for a WIMP-like scenario. In contrast, the typical velocity of dark matter in today’s
astrophysical structures is vrel ∼ 10−3 [178]. Now in the Dirac case, the leading order
term is proportional to m2

N , whereas in the Majorana case it is m2
f which is often much
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smaller than m2
N . Therefore, the second term proportional to v2

rel becomes relevant in
the Majorana case. Indeed, for m2

f � m2
N we obtain

〈σvrel〉MNf ≈
|CNf |2
8πΛ4

Nc

√
1−

m2
f

m2
N

m2
N

[
2

3
v2

rel +

(
1− 7

24
v2

rel

)
m2
f

m2
N

+O
(
m4
f

m4
N

)]
. (5.11)

We conclude that the contribution proportional to v2
rel is not always subleading in the

Majorana case. This also shows that the Dirac annihilation cross section is practically
always larger for the same value of CNf/Λ

2. For the relic density, which is controlled by
〈σvrel〉, this means that in the Dirac case a larger value of Λ/

√
CNf is required than in

the Majorana case to obtain ΩDMh
2 = 0.12.

Relic density

Implementing the models via FeynRules [179] and subsequently using micrOMEGAs,
we can calculate the relic density for a given mass mN and energy scale Λ/

√
CNf for

f = τ, b, t assuming Λ � mN to be consistent with the EFT framework. In Figure 5.1,
we show the slice in parameter space for which the correct relic density is produced as a
black line. Above (below) the black lines, dark matter is overproduced (underproduced).
Note that a larger interaction scale leads to a weaker coupling and thus to an earlier
decoupling of dark matter, resulting in a larger number density. Additionally, one can
observe that the difference in the annihilation cross section between Dirac and Majorana
dark matter indeed leads to larger scales Λ/

√
CNf being required in the Dirac case.

Direct detection

As we noted before, the WIMP direct detection experiments search for dark matter
scattering off nuclei. Thus, in order to compare the parameter space of our EFT scenarios
with the regions excluded by direct detection experiments, we must find the effective
couplings to nuclei. To do this, we use the tool runDM [177] which allows to calculate
the RG running to the nuclear scale and maps the interaction to the nucleon-level EFT.
Now there is a crucial difference between Majorana and Dirac dark matter. For the latter,
the effective interactions involve a vector current,

(NγµPRN)(fγµPRf) =
1

2
(NγµN +Nγµγ

5N)(fγµPRf) . (5.12)

This vector current induces a contribution to the operator O1 of the nucleon-level EFT
[177]. The spin-independent scattering mediated by this operator is strongly constrained
by XENON1T. Using [180]

σSI =
µ2
x

π
(C1,x)2 , (5.13)

with the reduced nucleon mass µx = mNmx/(mN +mx), we can translate the bounds
on the spin-independent WIMP-nucleus cross section from XENON1T into constraints
on the Wilson coefficients C1,x of the relativistic nucleon-level EFT. These bounds can
be compared to the results of runDM. We find that in the case of τ and b operators,
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Figure 5.1. New physics scale required by the relic abundance for the third generation
EFT scenarios dominated by ONτ , ONb, or ONt defined in Equation (5.5) (black line),
assuming Majorana (left) and Dirac (right) sterile neutrinos. Regions excluded by indirect
detection from dSphs are shown in blue. The light blue region corresponds to the variation
of the J-factors within their 68% confidence bands. The orange bands show the indirect
detection exclusion when we include the loop-induced annihilation into gluon pairs in a
particular model. Direct detection limits from XENON1T (extrapolated between 1 TeV
and 10 TeV) are shown in teal. The lighter-shaded band represents a realistic range of Λ.
The weaker bounds correspond to Λ = 100 GeV (200 GeV in the tt-case) and the stronger
bounds to Λ = 10 TeV. Direct and indirect detection constraints assume ΩDMh

2 = 0.12
everywhere. Figure adapted from Reference [4].
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the proton coupling with x = p dominates, while for t the neutron coupling with x = n
dominates. However, the results of the running depend not only on Λ/

√
C but also on

the explicit scale of new physics Λ identified with the mediator mass because the running
effect is smaller if one starts from a lower scale. To capture this dependence in Figure 5.1,
we show the bounds on Λ/

√
C in the range of 100(200) GeV ≤ Λ ≤ 10 TeV, where the

bracket refers to the tt case. For these bounds we assume ΩDMh
2 = 0.12. Additionally,

we calculate the lower bounds on mN assuming Λ > 100 GeV. These read

mN ≥





185 GeV for τ+τ− ,

126 GeV for bb ,

1002 GeV for tt .

(Dirac case) (5.14)

We note that the bounds from XENON1T have been extrapolated between 1 TeV and
10 TeV which concerns only the bound on the tt case which is shifted from 1000 GeV to
1002 GeV. Returning to the Majorana case, the N -bilinear in the effective interaction
reduces to an axial current, Nγµγ5N . Therefore, only relatively weakly constrained
operators 4, 8, and 9 of non-relativistic scattering theory defined in Reference [181], which
mediate spin-dependent interactions, are generated by the RG running. The numbers for
our parameter space of mN and Λ/

√
C are well below current XENON limits [182].

Therefore, there is no excluded region for the Majorana case in Figure 5.1.
So far we have only considered four-fermion operators. Additionally, the dimension-

five operator O(5)
NH in Equation (5.6) leads to a Higgs portal coupling of the form NNh.

This Higgs portal allows for a tree-level coupling between dark matter and nuclei and
is therefore strongly constrained by XENON1T. The spin-independent elastic N -nucleus
scattering cross section in the zero-momentum-transfer limit is given by [183]

σSI =
4

π
µ2
xf

2
x , (5.15)

where

fx = mx
C

(5)
NH

Λm2
h


 ∑

q=u,d,s

fxTq +
2

9
fxTG


 (5.16)

for x = p, n. To calculate explicit values, we take for fxTq and fxTG the same values as

Reference [184]. With this, we can derive 90% CL lower limits on Λ/C
(5)
NH from the

XENON1T bounds on the spin-independent cross section [176]. The result is shown in

Figure 5.2. The constraints are quite strong such that Λ/C
(5)
NH is required to be at least

2 TeV or larger. This also strongly constrains the role NN → h annihilation can play
during freeze-out, unless mN is close to the resonance mN ∼ mh/2. We do not consider
this sort of resonance here. This result implies that when we consider explicit models
which have the sterile neutrino dark matter effective field theory (νDMEFT) as a limiting
case, we have to check that this dimension-five operator is consistent with constraints.
We note that the constraint in Figure 5.2 is the same for Dirac and Majorana dark matter
by virtue of the factor of two in the definition (5.7).
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Figure 5.2. Direct detection constraints from XENON1T [176] on the operator O(5)
NH

introduced in Equation (5.6). The area is excluded at 90% CL. Figure adapted from
Reference [4].

As a final remark on direct detection, we note that an effective dark-matter-gluon
coupling can be present at dimension seven. Such a coupling is typically generated at
loop level from interactions with quarks. In the leptoquark models discussed in Section 5.3
such a gluon-coupling is present in principle but turns out negligible for direct detection
in the region of parameter space suitable for an EFT description.

Indirect detection

The most sensitive search for gamma rays from dark matter annihilation in dSphs was
performed with Fermi-LAT [185]. We first discuss how we calculate a prediction for
the expected gamma ray spectrum. Following Reference [185], the expected gamma ray
flux in the energy range between Emin and Emax when allowing for multiple annihilation
processes labeled by j reads

φ =
J

8πm2
N

∑

j

〈σvrel〉j
∫ Emax

Emin

dNγ,j

dEγ
dEγ , (5.17)

where 〈σvrel〉j are the velocity-averaged annihilation cross sections, which for our oper-
ators are given in Equations (5.8) and (5.9). For the Majorana cross section we assume
vrel = 10−3 [178]. Furthermore, dNγ,j/dEγ denotes the photon spectrum associated with
the annihilation j, and J denotes the J-factors for the respective dSph. These J-factors
are determined by the dark matter density in the dSph along the line of sight and the
observed solid angle [186]. Since the precise astrophysical determination of the dark
matter density is challenging, the J-factors are the main source of uncertainty in Equa-
tion (5.17). We consider the 19 dSphs with kinematically determined J-factors in Table 1
of Reference [185]. However, we employ for the J-factors the more recent results from
Reference [187] and take as uncertainties their 68% confidence intervals. For the pho-
ton spectra we use those calculated in Reference [188] which include the relevant particle
showers. To obtain limits, we compare the predictions from Equation (5.17) with the bin-
by-bin likelihoods published by the Fermi-LAT and DES collaborations [185]. To assess
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the uncertainty of the obtained limits, which are dominated by J-factor uncertainties, we
choose to define an uncertainty band in the following way. For each value of mN we define
a best-case limit and a worst-case limit. The best-case limit is the strongest out of the 19
limits on 〈σvrel〉j using the upper boundary of the 68% CL region, while the worst case
limit is the strongest out of the 19 limits using the lower boundary of the 68% CL region.
This gives us a relatively broad band between the two limits, in which the true exclusion
curve should lie. We show the obtained exclusion areas obtained assuming Ωh2 = 0.12
in Figure 5.1. The blue areas correspond to the best-case and worst-case scenarios, i.e.
J-factors at the upper or lower boundary of their 68% CL region. The Majorana case
is more weakly constrained, as we understand from the comparison of the annihilation
cross sections (5.8) and (5.9) which reveals the smaller cross section in the Majorana
case. From the intersections with the lines representing Ωh2 = 0.12, we can derive for
the different scenarios the lower limits on the DM mass

mN ≥
{

6 - 10 GeV for τ+τ− ,

6 - 14 GeV for bb ,
(Majorana case) (5.18)

and

mN ≥
{

18 - 41 GeV for τ+τ− ,

11 - 57 GeV for bb .
(Dirac case) (5.19)

In the tt case, the indirect detection constraints are not yet strong enough to probe the
parameter space for which the relic density constraint is satisfied. Therefore, here we
obtain no lower bound.

We only briefly comment on the plausibility of assuming that models exist which can
be mapped to the EFT scenarios where one operator like ONb or ONt dominates. Namely,
one would expect a loop-induced coupling to gluons for those interactions with quarks,
which would result in the possible annihilation NN → gg. While we do not consider
all the dimension-seven operators of SMNEFT which would describe such a coupling in
general, we account for the contribution of this annihilation channel in a particular model
which realizes the EFT scenario dominated by ONt. This is the S′′1 leptoquark model
introduced in Section 3.2.3 which will be discussed in more detail in Section 5.3. Here we
only note that we can recalculate the indirect detection bounds including the NN → gg
contribution for this model and analogously for the bb case, which results in the orange
continuation of the blue exclusion regions in Figure 5.1. In the Dirac case, the annihilation
cross sections into fermion pairs are significantly larger and therefore dominate, while for
the τ+τ− case one can expect a much smaller and hence negligible effective coupling to
gluons. We conclude that the gluonic annihilation can be neglected for this model, which
illustrates that our assumptions of an EFT dominated by the operators of dimension five
and six in Equations (5.5)-(5.7) are realistic.

5.3. Models representing the νDMEFT

In this section we discuss three example models in order to demonstrate the viability of
the third-generation νDMEFT. These are the gauged (B − L)3 extension, and the S′′1
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and U ′′1 leptoquark scenarios discussed in Chapter 3. For each model, we will perform
the following steps. First, we use the mapping of the full model to Wilson coefficients
of the νDMEFT identified in Chapter 3 to calculate the constraints from relic density,
direct detection and indirect detection and recast them in terms of the model parameter
space. Second, we discuss potential additional constraints which we have to consider once
we have identified the mediator. This concerns mainly the production of the mediator
particle at the LHC. As a result we can constrain the model parameters space and identify
those regions where a consistent explanation of dark matter is possible. Indeed, we find
such consistent regions for all three models.

5.3.1. Flavored baryon minus lepton number symmetry

The gauged third-generation baryon number minus lepton number model has been in-
troduced and mapped to SMNEFT in Section 3.1.2. In this case the heavy vector Z ′ is
the mediator of four-fermion interactions. In Equations (3.32) and (3.35), we have sum-
marized the arising Wilson coefficients when identifying Λ = mZ′ , which we reproduce
here,

C
(5)
NH = −mZ′mN

2m2
φ

λHΦ ,

CLL = c ,

C
(1)
lq = CLQ = −g

2
X

3
≡ − c

3
,

C(1)
qq = CQQ =

g2
X

9
≡ c

9
,

(5.20)

where c = g2
X , LL = ll, NN, ee,Nl, le,Ne, LQ = lu, ld,Nq,Nu,Nd, qe, eu, ed, QQ =

uu, dd, qu, qd, ud, and flavor indices 3 are implicit. Recall that all the operators were
defined in Table 2.1. These are the only Wilson coefficients to leading order in ε, the
kinetic mixing parameter.

EFT constraints

We proceed by calculating the constraints from relic density, direct detection, and indirect
detection for this EFT scenario summarized in Equation (5.20). For small scalar mixing
λHΦ and neglecting a possible resonant Higgs annihilation, the freeze-out is dominated by
the four-fermion operators. We calculate the required scale Λ/

√
c to produce the correct

relic abundance with micrOMEGAs as before. The result is shown in Figure 5.3 in the
same form as the plots in Figure 5.1. In this mixed-operator case, several annihilation
channels contribute to the freeze-out. Their relative importance can be estimated when
considering that mf � mN and vrel ∼ 0.1 which leads to both the Majorana annihilation
cross section in Equation (5.8) and the Dirac cross section in Equation (5.9) depending
only weakly on the mass mf . One can conclude that

〈σvrel〉τ+τ− ≈ 2 〈σvrel〉ντντ ≈ 3 〈σvrel〉bb ≈ 3 〈σvrel〉tt (5.21)

if mN � mt, and without the last approximate equality when mb � mN � mt. The
factor of 2 stems from the absence of right-handed tau neutrinos and the factors of 3 are
a result of the color factors and (B − L)3-charges.
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Figure 5.3. New-physics scale required by the relic abundance for the third generation
EFT scenario defined by Equation (5.20) (black line) assuming Majorana (left) and Dirac
(right) sterile neutrinos. Regions excluded by indirect detection from dSphs are shown
in blue. The light blue region corresponds to the variation of the J-factors within their
68% confidence bands. The bound from lepton flavor universality tests is shown in green.
Direct detection limits from XENON1T (extrapolated between 1 TeV and 10 TeV) are
shown in teal. The lighter-shaded band represents a realistic range of Λ. The weaker
bounds correspond to Λ = 100 GeV and the stronger bounds to Λ = 10 TeV. Direct and
indirect detection constraints assume ΩDMh

2 = 0.12 everywhere. Figure adapted from
Reference [4].

The direct detection constraints are evaluated as previously by running the interactions
down to the nuclear scale using runDM. In the Majorana case, again only spin-dependent
scattering operators are produced which are not sufficiently constrained to probe the
parameter space. In the Dirac case, as for the single-operator scenarios, the vector current
coupling to quarks leads to a contribution to spin-independent scattering which strongly
constrains the model and leads to a lower bound on the dark matter mass of 146 GeV.
In both cases, we need to consider that the Higgs operator is also constrained by direct
detection. However, it depends on the scalar mixing λHΦ and the mass of the heavy scalar

m2
φ. Therefore, we recast the bounds on C

(5)
NH as bounds on mφ/

√
λHΦ in Figure 5.4.

In the following, we will assume that this bound is satisfied and concentrate on Z ′ as
the relevant mediator. Concerning indirect detection constraints we can also repeat the
procedure described in Section 5.2. The result is shown in Figure 5.3 in blue. The bounds
are dominated by the rescaled sum of tt and bb annihilations, since the annihilations into
ντντ and τ+τ− produce a relatively weak gamma ray signal. In the Majorana case indirect
detection leads to a lower limit on the dark matter mass of about mN ≥ 7-11 GeV, and
in the Dirac case mN ≥ 11-29 GeV. These numbers are comparable to the limits for the
single-operator scenarios in Figure 5.1.

In Section 5.2 we have presupposed an EFT scenario where only operators involving
dark matter are present and therefore direct and indirect detection were the only con-
straints. In the present scenario defined by Equation (5.20) this is not the case since
there are four-fermion operators involving only SM fermion representations. Interactions
among third-generation fermions are not strongly constrained since they do not play a
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Figure 5.4. Direct detection constraints from XENON1T [176] on the mass scale

mφ/
√
λHΦ which controls the Wilson coefficient of the operator O(5)

NH . The bounds have
been obtained applying Equation (5.20) to the EFT results shown in Figure 5.2. Figure
adapted from Reference [4].

role in most decays. However, we are able to constrain the model from lepton universality
tests, as discussed in Reference [73]. Indeed, the operators Olq, Old, Oqe, Oed coupling
only to the third generation will affect the semi-leptonic b-meson branching ratios. We
can calculate this effect by using the formula for Υ(1S) decay into leptonic final states
[189,190]

ΓΥ(1S)→`` = 4α2Q2
b

|Rn(0)|2
m2

Υ

K` , (5.22)

where α denotes the fine-structure constant, Qb = −1/3 the electric charge of the bottom
quark, Rn(0) the non-relativistic radial wave function at the origin, and

K` =

(
1 + 2

m2
`

m2
Υ

)√
1− 4

m2
`

m2
Υ

(5.23)

contains the kinematics which depends on the lepton mass. The SM expectation for the
ratio R``′ then depends only on the lepton mass due to the flavor-universal coupling,

R``′ ≡
ΓΥ(1S)→``
ΓΥ(1S)→`′`′

=
K`

K`′
. (5.24)

This leads to the SM prediction Rτµ = 0.992 which can be compared to the measured
value Rτµ = 1.005± 0.013(stat.)± 0.022(syst.) from BaBar [190]. Adding statistical and
systematic errors quadratically, for simplicity, results in Rτµ = 1.005 ± 0.026, which is
consistent with the SM prediction. Now we can constrain the EFT by calculating the max-
imal value for c/Λ2 which is consistent with the BaBar measurement at 68% CL. Adding
all four mentioned operators with the Wilson coefficients dictated by Equation (5.20)
results in the vector-current interaction

LLFV(bτ) = − c

3Λ2
bγµb τγ

µτ . (5.25)
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Therefore, we can add this contribution directly to the photon-mediated contribution,
which results in

ΓΥ(1S)→ττ = 4α2Q2
b

|Rn(0)|2
m2

Υ

Kτ

(
1− m2

Υ

4παQb

c

3Λ2

)2

. (5.26)

This contribution is limited to the decay of Υ into tau pairs and therefore violates flavor
universality. Hence, we find the prediction

Rτµ =
Kτ

Kµ

(
1 +

m2
Υ

4πα

c

Λ2

)2

. (5.27)

Since c = g2
X > 0, we conclude that Λ/

√
c ≥ 224 GeV at 68% CL. This bound is shown

in Figure 5.3 in green. From this we can extract that the lowest dark matter mass
which is consistent with the measurements from BaBar and the observed relic density is
mN & 17 GeV in the Majorana case.

Constraints on the full model

The EFT bounds shown in Figure 5.3 can be recast as bounds on the full model in the
following way. If we identify Λ = mZ′ and fix mN , the value of Λ/

√
c determined by the

relic density can be translated into a required coupling gX =
√
c. Then we can plot the

parameter space spanned by mN and mZ′ such that at each point gX is fixed by requiring
the relic density constraint to be satisfied. In Figure 5.5 we show this parameter space
and draw contour lines of constant gX for two values of the kinetic mixing parameter ε.
The dashed lines correspond to the EFT limit while the solid lines represent the required
values of gX calculated from the exact model. One can see that the EFT limit gives
an excellent approximation. The validity of the EFT limit is ensured by excluding the
orange region where mZ′ < 3mN , since it would violate our assumption mZ′ � mN .
This region can be considered in the full model, but features annihilations NN → Z ′

and is therefore not suitable to represent the EFT approach taken in this work. We
refer to Reference [73] for a discussion of this model beyond the EFT limit. We display in
Figure 5.5 which regions of the parameter space are ruled out by the bounds from indirect
detection and lepton flavor universality in the same color coding as used in Figure 5.3.
These are essentially vertical lines, since they amount to a lower bound on the dark matter
mass. Direct detection constraints are weak for Majorana dark matter such that they do
not affect the parameter space of this model shown in Figure 5.3. Moreover, we include
a gray region in the plots to signify where a non-perturbative coupling gX &

√
4π ≈ 3.5

would be required to obtain the correct relic density. In this case, however, our EFT
mapping breaks down because it relies on a perturbative gauge coupling. Therefore, we
can make no statements about this case and visually exclude the region.

There are two more excluded regions in Figure 5.5 which we have not discussed before
because they can only be evaluated assuming the full model. These are the constraints
from collider production of the mediator Z ′ in red and from Z-Z ′-mixing in purple which
we discuss next.
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Figure 5.5. Parameter range of the gauged (B −L)3 model introduced in Section 3.1.2
for Z-Z ′ mixing parameters ε = 0.01 (left) and ε = 0.1 (right). Contours of gX producing
the correct relic abundance are shown in black, while the dashed lines represent the EFT
limit upon identifying Λ = mZ′ and c = g2

X with c defined in Equation (5.20). For a given
value of ε the purple areas are ruled out at 95% CL by electroweak precision data. The
area with mZ′ < 3mN is drawn to signify where the EFT approach is valid, namely in
the upper left corner. Above g '

√
4π ≈ 3.5 the theory ceases to be perturbative. Figure

adapted from Reference [4].

Heavy vector bosons such as Z ′ have been searched for at the LHC through different
decay channels. In the case of the third-generation couplings in our model, the most sen-
sitive channel to a spin-1 resonance turns out to be Z ′ → τ+τ− [73, 191]. The currently
strongest limits on the pp→ Z ′ → τ+τ− cross section come from the ATLAS collabora-
tion [192]. To recast the bounds as limits on mZ′ and mN , we simulate the expected cross
section using MadGraph [193]. More specifically, we apply 5-flavor parton distribution
functions involving b quarks to simulate the leading-order production channel bb → Z ′.
The branching fraction of Z ′ → τ+τ− can be straightforwardly calculated from the inter-
actions (5.20), see the appendix of Reference [4] for details. The result of the comparison
of these simulations with the bounds on the cross section from ATLAS is a constraint on
gX for each value of mZ′ . Using the relic density bound, this can be translated into a
lower limit on mN for each value of mZ′ which is shown in red in Figure 5.5.

Turning to kinetic mixing, we noted in Section 3.1.2 that ε must be determined by
experiment and is constrained by electroweak precision data [74]. These constraints
depend on the mass of Z ′ and become weak only in the limit mZ′ � mZ . Therefore we
can use the mass-dependent bounds from Reference [74] to determine which Z ′ masses
are excluded for a fixed ε = 0.01 or ε = 0.1. For the weaker kinetic mixing ε = 0.01, only
a small band around mZ′ ∼ mZ is ruled out, such that there remains a window below
with mZ′ < 200 GeV. This changes once the kinetic mixing is larger, since this window is
closed entirely if we assume ε = 0.1 which implies mZ′ > 320 GeV. To lift all constraints
from Z-Z ′-mixing we would have to assume ε . 0.005, see Reference [74].

Finally, let us comment on the influence of the interaction with the Higgs field. We
explicitly accounted for the dimension five operator in Equation (5.6) leading to a Higgs
portal coupling. This portal is expected to be the main coupling responsible for direct
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detection and therefore in order for the plots in Figure 5.5 to be valid we have to assume
that the constraint on mφ/

√
λHΦ in Figure 5.4 is satisfied.

We conclude that the EFT defined by the Wilson coefficients in Equation (5.20) can
consistently represent the U(1)(B−L)3 theory with small kinetic mixing. When considering
the explicit model, LHC data can be used to probe the mediator and in this case rule out
a large portion of the parameter space. However, there still remains room for which the
model provides a consistent description of dark matter.

5.3.2. Scalar leptoquark

We have introduced the scalar leptoquark S′′1 model in Section 3.2.3. As discussed there,
the tree-level EFT mapping up to dimension six produces only the two operators ONt
and O(5)

NH with coefficients

CNt = −1

2
|xt|2 ,

C
(5)
NH = −y

2
t |xt|2mNmS

64π2m2
t

(
F (r) +

s

m2
t

G(r) +
m2
N

m2
t

H(r)

)
,

(5.28)

for Λ = mS , with r = m2
S/m

2
t and the functions F (r), G(r), and H(r) given in Equa-

tion (10) of Reference [95]. Note that this model is studied in detail also outside the EFT
region in this reference.

EFT constraints

The EFT constraints can mostly be carried over from the discussion of the single-operator
ONt scenario in Section 5.2. An exception is direct detection. In the Dirac case, as pre-
viously discussed, spin-independent scattering is induced by the four-fermion operators
and therefore the constraints are dominated by this fermion interaction. Hence the con-
straint from Figure 5.1 is carried over to the EFT of S′′1 . In the Majorana case, the direct
detection signal induced by ONt was negligible. However, we have to account for the
Higgs portal coupling which is not independent from the mediator coupling xt and mass
mS in this model, unlike in the (B − L)3 model in Section 5.3.1 where it was indepen-
dent of gX and mZ′ . Therefore, the bound from XENON1T in Figure 5.2 holds with the
identification of the operator coefficient according to Equation (5.28).

Constraints on the full model

We use the same reasoning as in Section 5.3.1 to recast the EFT constraints as constraints
on the model parameter space spanned by mN and mS . Again for given mN and mS ,
we can fix the coupling |xt| such that the relic density constraint is satisfied. Then we
can draw contour lines of constant |xt|. The result is shown in Figure 5.6. We use again
dashed lines for the EFT limit and solid lines for the exact model and observe that the
EFT gives a good approximation. Again, we exclude the non-perturbative regime due to
a breakdown of the tree-level EFT mapping. In Section 5.3.1, we considered an s-channel
mediator Z ′ such that the resonant annihilation NN → Z ′ was possible. This forced us
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Figure 5.6. Upper: Contours of |xt| in the mN -mS-plane producing the correct relic
abundance for the S′′1 leptoquark model. Dashed lines correspond to the EFT limit of the
given coupling. Constraints from indirect and direct detection are very weak for Majorana
neutrinos. In the case of Dirac neutrinos, direct detection limits from XENON1T are
shown in teal. CMS limits are shown in red, perturbativity of the coupling and validity of
the EFT description (mS < 3mN in orange, mS < mN in light orange) are also indicated.
Lower: Analogous plot for a simplified Z ′ model coupling only to the B − L charge of
right-handed top quarks, see Equation (5.30). Contours of gX producing the correct relic
abundance are shown in black, the Z-Z ′ mixing parameter ε is zero. An almost invisible
ATLAS constraint is included for the Z ′. Figure adapted from Reference [4].

to make sure that mZ′ was not too close to 2mN . Since S is a t-channel mediator, a pair
of sterile neutrinos cannot annihilate into a single S, but instead into a leptoquark pair.
Therefore, we can apply the EFT framework to a decent accuracy down to mS & mN , as
illustrated in Figure 5.6.

The direct detection limit from Figure 5.1 is carried over for the Dirac case and leads to
a lower bound on the dark matter mass of mN ≥ 1002 GeV. In the Majorana case we need
to consider the constraint on |xt| and mS through the Higgs portal coupling. As a second
interaction one possibly needs to consider the effective coupling to quarks at dimension
seven. It turns out that in the EFT region mS & 3mN the Higgs coupling dominates, and
so we can neglect the gluon coupling [95]. Fixing the relic density and scanning through
mN and mS , we find that the constraints are currently not strong enough to probe our
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parameter space. We find that a substantial improvement of the current bounds on the
WIMP-nucleon cross section would be necessary in order to constrain the parameter
space, namely a factor of about 100. In order to rule out the model for masses below
mN = 1 TeV an improvement of about four orders of magnitude would be required.
Accordingly, we conclude that future bounds from XENONnT will not be sufficient to
probe this EFT region of the model further [194].

Now we turn to the constraints that only come into play once we consider the complete
model instead of the EFT defined by Equation (5.28). Collider searches for leptoquarks
are frequently performed. The possible signatures are classified in Reference [93]. The
main production channel in our case is gg → SS† and is determined by the strong gauge
coupling gs instead of xt. This is unavoidable due to the color charge of S and the
covariant derivative coupling to gluons in Equation (3.46). The coupling xt is only rele-
vant to the decay width which must be small enough to ensure that the leptoquarks are
produced on-shell. We can apply the bound from the search for a stop by the CMS col-
laboration [195]. This works because the signature for the decay into a neutral neutralino
(i.e. an invisible massive fermion) and a top is equivalent to our signature. Roughly
speaking, this search excludes mS . 1200 GeV at 95% CL for mN . 400 GeV. We show
the exact exclusion contours in in red in Figure 5.6. Clearly, above mS ≈ 1200 GeV,
this leaves some open parameter space for dark matter masses mN & 200 GeV in the
Majorana case.

Concerning indirect detection, we have already hinted that the gluon coupling which is
responsible for the collider pair production can also lead to the annihilation NN → gg.
From Reference [196], we know that this annihilation channel is relevant in the Majorana
case for certain parameter configurations. We calculated the contribution to the gamma
ray spectrum in our parameter range using the formulas from References [197, 198] for
the annihilation of neutralinos into two gluons mediated by tops and stops, replacing
stops by S. Comparing the gamma ray spectra with and without the gluonic channel, we
find that the annihilation into top pairs always dominates in our parameter range where
mN ≤ 10 TeV, as visualized in Figure 5.1 as follows. We show the constraint from indirect
detection without the gluonic channel in blue and with the gluonic channel in yellow. To
translate the bound on mS/|xt| into a bound on Λ/

√
CNt we use the identification

Λ/
√
CNt =

√
2mS/|xt| . (5.29)

In both cases, the constraint from indirect detection is by far not sufficient to probe the
parameter space consistent with the relic density. The fact that the indirect detection
constraints are dominated by the fermionic annihilation shows that the EFT limit at
dimension six is valid for this model.

To illustrate how the collider constraints depend on the explicit mediator, we include
in Figure 5.6 a plot with a Z ′-like mediator for comparison. For this simplified model
(which is not UV complete), we simply assume that instead of by the leptoquark S, the
operator ONt is generated by a heavy vector boson coupling only to tR and NR according
to

L = gX

(
−NRγ

µNR +
1

3
tRγ

µtR

)
Z ′µ . (5.30)
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We try to estimate the limits on such a vector boson by applying ATLAS searches for
resonant associated scalar production with a subsequent decay into t-pairs, pp → ttφ →
tttt [199]. For details we refer to Reference [4]. We find a minuscule constraint only in
the low-mass region, as displayed in Figure 5.6.

In conclusion, there is viable parameter space for the S′′1 leptoquark scenario for dark
matter. In the Dirac case, strong direct detection constraints require mN ≥ 1002 GeV,
but in the Dirac case the strongest constraint comes from the collider search for leptoquark
pair production and allows for WIMP masses of a few hundred GeV at mediator masses of
1-3 TeV. Again, the collider signal leads to a reduction of the parameter space allowed by
pure EFT considerations, though not as strongly as in the previously discussed (B − L)3-
model. Compared to a simplified neutral vector mediator generating the same EFT limit,
the collider bounds on the leptoquark are much more stringent.

5.3.3. Vector leptoquark

We have introduced the vector leptoquark U ′′1 model in Section 3.2.3. As discussed there,
the tree-level EFT mapping up to dimension six produces the operator ONb with the
coefficient

CNb = |xb|2 (5.31)

for Λ = mU . For this model we cannot extract from the literature an explicit mapping
to the dimension-five Higgs operator as we could in the scalar leptoquark case in Equa-
tion (5.28). However, it is plausible that the Higgs interaction is not orders-of-magnitude
larger than in the scalar case and we therefore assume that it can be neglected in the
EFT region also for this vector leptoquark.

EFT constraints

The EFT constraints can be carried over from the discussion of the single-operator ONb
scenario in Section 5.2. Namely, we have the relatively strong constraint mN ≥ 126 GeV
from direct detection in the Dirac case due to the contribution to spin-independent scat-
tering, and no constraint from direct detection in the Majorana case.

Constraints on the full model

In Figure 5.7, we show the analogous plot to Figure 5.6 with mS replaced by mU . The plot
features the usual contour lines of constant coupling |xb| with dashed lines for the EFT
limit and solid lines for the exact model. The EFT is a good approximation as long as
mU > mN as for the scalar leptoquark, since again the annihilation into U -pairs becomes
relevant during freeze-out when mU ∼ mN . The direct detection limit in the Dirac case
results in a vertical line at the minimal allowed dark matter mass mN = 126 GeV.

Now we turn to the additional model-dependent constraints. As in the scalar leptoquark
case, the main collider production channel is pair production gg → UU † whose cross
section depends on the strong gauge coupling and the leptoquark mass [200]. The value
of xb is again only relevant for the decay width, which should be sufficiently narrow to
ensure on-shell production. Assuming on-shell production, we may use the limits from the
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Figure 5.7. Upper: Contours of |xb| in the mN -mU -plane producing the correct relic
abundance for the U ′′1 leptoquark model are shown in black. Dashed lines correspond
to the EFT limit of the given coupling. Constraints from indirect and direct detection
are very weak for Majorana neutrinos. In the case of Dirac neutrinos, direct detection
limits from XENON1T are shown in teal. CMS limits are shown in red, perturbativity
of the coupling and validity of the EFT description (mS < 3mN in orange, mS < mN in
light orange) are also indicated. Lower: Analogous plot for Z ′ models coupling only to
the B − L charge of right-handed bottom quarks, see Equation (5.33). Contours of gX
producing the correct relic abundance are shown in black, the Z-Z ′ mixing parameter ε
is zero. Figure adapted from Reference [4].

CMS leptoquark search in Reference [201]. Unfortunately, the limit on the cross section
for pp → UU † with subsequent respective decays into b or b and an invisible fermion
like N is only available for mN = 0. In this case, the exact bounds are mU . 1558 GeV
for κ = 0 and mU . 1927 GeV for κ = 1 at 95% CL, where κ depends on the UV
completion as discussed in Section 3.2.3. Therefore at the moment we have to project the
bounds to non-zero dark matter masses. Comparing with the scalar leptoquark bounds
from Reference [201] plotted in Figure 5.6 we conclude that the mass dependence begins
around mN = 500 GeV and so we only apply the bounds up to dark matter masses of
this magnitude. The result is shown in red in Figure 5.7, where the light red region is
only excluded when κ = 1. We stress again that this is just a projection and should only
be considered as an estimate. A dedicated collider analysis of mass-dependent bounds in
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analogy to the scalar leptoquark would be favorable.

Concerning indirect detection, the process NN → gg may play a role in the Majorana
case. A precise evaluation of this annihilation cross section is unfortunately missing for
this model. We can again try to estimate the effect by calculating the corresponding
cross section for a scalar leptoquark coupling to bR and NR according to the formulas
of References [197, 198] for the annihilation of neutralinos into two gluons mediated by
bottoms and sbottoms. Comparing the gamma ray spectra with and without the gluonic
channel, we find that the annihilation into bottom pairs dominates for mN . 200 GeV and
the annihilation into gluon pairs dominates for larger masses, as visualized in Figure 5.1.
As before we show the constraint from indirect detection without the gluonic channel in
blue and with the gluonic channel in yellow, translating the bound on mU/|xb| into a
bound on Λ/

√
C by the identification

Λ/
√
C = mU/|xb| . (5.32)

In the low-mass region of 10-20 GeV, where indirect detection actually probes the pa-
rameter space consistent with the observed relic density, the signal is dominated by the
fermionic annihilation and therefore again the dimension-six EFT is valid for the evalu-
ation of indirect detection constraints in this model.

As in the scalar case we include in Figure 5.6 a plot with a Z ′-like mediator for com-
parison. For this simplified model (which is again not UV complete), we simply assume
that instead of by the leptoquark U , the operator ONb is generated by a heavy vector
boson coupling only to bR and N according to

L = gX

(
−NRγ

µNR +
1

3
bRγ

µbR

)
Z ′µ . (5.33)

We try to estimate the bounds on such a vector boson by applying ATLAS searches
for resonant associated scalar production with a subsequent decay into b-pairs, pp →
bbφ → bbbb [202]. For details we refer to Reference [4]. In this case we find the EFT
parameter space to be unconstrained so far. During the final stages of completing this
thesis, preliminary results for the resonant associated production of a heavy Z ′ with a
b-pair subsequently decaying into a b-pair, pp→ bbZ ′ → bbbb have been published by the
ATLAS collaboration [203]. We expect that these would provide more stringent bounds
on this simplified model.

We conclude that even when we extrapolate the collider constraint from CMS to large
masses mN = 500 GeV, there is a range of parameter space which can consistently explain
dark matter. Moreover, the EFT limit is sufficient to capture the physics of freeze-
out, direct detection and indirect detection. For Dirac dark matter, the allowed masses
are mN > 123 GeV and mU & 1 TeV. For Majorana dark matter the direct detection
constraints from XENON1T do not apply and therefore dark matter masses can be as
low as 77 GeV for κ = 0. Compared to a simplified neutral vector mediator generating
the same EFT limit, the collider bounds on the leptoquark are much more stringent.
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5.4. Summary

In this chapter, we have investigated the practical use of a dark matter EFT inspired by
SMNEFT as a model-independent framework for dark matter physics. When making the
assumption that only couplings of dark matter to the third generation SM fermions and
to the Higgs boson are generated in the form of the operators in Equations (5.5)-(5.7), we
could consistently treat the thermal production, direct detection and indirect detection
constraints within the EFT framework. Three example models could be matched to
the EFT which allowed for the application of the constraints calculated with effective
interactions on the model parameter space. This demonstrates that the use of the third-
generation νDMEFT to evaluate relic density, direct detection and indirect detection
constraints is realistic from a theoretical point of view. To distinguish models which
give the same hierarchy of Wilson coefficients, constraints on the collider production
cross section of the mediator are very powerful. In particular, we found that due to
the unavoidable coupling to gluons, leptoquark mediators can be efficiently tested at the
LHC. In the case of the scalar leptoquark, constraints on the supersymmetric partner
of the top quark can be applied directly, since it has the same coupling to gluons and
the same decay signature. Of course, the are many more possibilities to arrange the
four-fermion operators in Equation (5.5) than we could consider here. For instance, we
have only discussed one EFT scenario including several operators, the gauged (B − L)3

model in Section 5.3.1. An ideal use of the framework would be to identify which Wilson
coefficients are important in the case of observation in direct or indirect detection. The
matching of a given theory to the EFT then provides us with a straightforward check of
its consistency with observations.
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In this thesis, we have pursued a very general approach towards neutrino interactions
beyond the Standard Model of particle physics (SM). Presupposing only the conservation
of the SM gauge symmetry and Lorentz symmetry, a natural framework to consider effects
of new physics associated with a large energy scale is constituted by effective field theories
(EFTs). Discussing the possible operators composed of SM fields and sterile neutrinos
up to mass-dimension six, we have identified General Neutrino Interactions (GNI) and a
subset of the Standard Model Effective Field Theory extended by right-handed neutrinos
(SMNEFT) as the suitable EFTs to describe new neutrino interactions with SM fermions
below and above the weak scale. Assuming that the new physics originates from high
energies, the two frameworks can be connected at the weak scale following a set of mapping
prescriptions.

Moreover, we have identified several ultraviolet complete models which lead to such
effective interactions when considering the exchange of off-shell heavy new mediator par-
ticles. One example featured an additional U(1) gauge symmetry broken at high energies,
which led to a massive vector boson Z ′ as the mediator of new interactions. Other ex-
amples included colored, charged, and neutral scalar fields, demonstrating that various
types of neutrino interactions are not only possible but realistic from a theoretical point
of view. In fact, several of these models have been previously introduced to explain other
open questions, for instance the origin of neutrino masses or dark matter, but involve
new neutrino interactions as an additional effect.

In order to understand the implications of the mapping between GNI and SMNEFT,
we have investigated connections between physical processes at energies below the weak
scale, such as flavor-violating charged-lepton decays, coherent elastic neutrino-nucleus
scattering, nuclear beta decays, pion decays, and neutrino-electron scattering. We found
that these types of low-energy experiments probe interaction strengths comparable to
TeV-scale new physics and are therefore excellent complements to collider searches. A
consistent finding is that if GNI originate from SMNEFT operators, current experimen-
tal constraints on new interactions are significantly stronger. The reason for this is that
the left-handed neutrinos appear in a weak doublet together with charged leptons in SM-
NEFT operators. Generically, this results in new neutrino interactions being accompanied
by equally strong charged lepton interactions. The latter are, however, typically much
more strongly constrained. In particular, extremely stringent bounds on charged lepton
flavor violation then apply also for lepton flavor violating neutrino interactions. In other
cases, the doublet structure leads to simultaneous neutral-current and charged-current
GNI, such that the stronger charged-current constraint applies also to neutral-current
interaction. This can be illustrated by our collection of direct and indirect experimental
constraints on GNI parameters summarized in Table 4.6 and Table 4.7, where the in-
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direct bounds rely on the SMNEFT-GNI mapping. Turning the argument around, this
shows that if interactions violating the indirect bounds are detected, this would hint
towards low-scale new physics which would render the SMNEFT approach incomplete.
Considering the most general interactions, we investigated one running and one upcoming
experiment (KATRIN and DUNE) in terms of their potential to test GNI.

As a further application of the framework, we have shown that SMNEFT provides an
explanation of dark matter which is consistent with the observed abundance as well as
direct and indirect detection constraints when we interpret a sterile neutrino as a weakly
interacting massive particle and assume a stabilizing symmetry. We demonstrated that
this EFT approach is realistic by identifying three possible models whose physics of
production and detection is captured by the effective operators. For dark matter in the
range of tens to hundreds of GeV, these models require mediators of masses around or
below 1 TeV. Therefore, we find that the EFT description does not hold at the Large
Hadron Collider and instead the explicit models can be constrained and distinguished by
considering the direct collider production of the mediator.

In conclusion, we emphasize that neutrino observables are competitive probes of new
physics at the precision frontier. This supports the current intensive efforts by the com-
munity to enhance the sensitivity and applicability of neutrino detectors and beam facil-
ities to probe nuclear, particle, and astrophysics. Especially due to our limited present
knowledge of how nature has realized neutrino mass generation and if there is leptonic
charge-parity violation, we should be cautious about the interpretation of observations
and account for potential new interactions in a global consideration. We have made the
case that GNI are capable of capturing the low-energy effects of a vast landscape of the-
ories beyond the SM and are therefore a valuable tool in our quest for the missing pieces
in the puzzle of fundamental physics.



A. Properties of four-fermion
interactions

A.1. Weyl, Majorana and Dirac fermions

In this section, we follow Reference [37] to introduce the notions of Weyl, Majorana and
Dirac fermions. A free spin-1/2 fermion satisfies the Dirac equation

(iγµ∂µ −m)ψ(x) = 0 , (A.1)

where ψ is a four-component spinor field and m is the mass of the fermion. The four
gamma matrices follow the usual relations

{γµ, γν} = 2gµν · 1 , γ0γµ†γ0 = γµ . (A.2)

An additional matrix γ5 is defined by γ5 = iγ0γ1γ2γ3 and satisfies

{γ5, γµ} = 0 , γ5† = γ5 , (γ5)2 = 1 . (A.3)

With this matrix one can define the left-handed and right-handed projection operators

PL =
1− γ5

2
, PR =

1+ γ5

2
, (A.4)

abiding

PLPR = PRPL = 0 , PL + PR = 1 , P 2
L = PL , P 2

R = PR , (A.5)

which enable us to project the spinor field ψ into left-handed and right-handed compo-
nents

ψ = (PL + PR)ψ = PLψ + PRψ ≡ ψL + ψR . (A.6)

Moreover, one can define a a particle-antiparticle conjugation, which exchanges the par-
ticle creation and annihilation operators with the antiparticle creation and annihilation
operators in the mode expansion of ψ,

ψ → ψc = CψT , ψc = −ψTC† , (A.7)

where C can be defined as
C = iγ2γ0 (A.8)

and obeys

C−1γµC = −γµT , C−1γ5C = γ5T , C† = C−1 = −C∗ = −C . (A.9)
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Crucially, this operation maps a left-chiral spinor onto a right-chiral spinor and vice versa,

PR(ψL)c = (ψL)c , PL(ψR)c = (ψR)c . (A.10)

Two subsequent applications map back to the original field, (ψc)c = ψ.
For distinguishing Weyl, Majorana, and Dirac fermions it is convenient to choose a

particular representation for γµ called the Weyl representation given by

γ0 =

(
0 12

12 0

)
, γi =

(
0 σi

−σi 0

)
, γ5 =

(
−12 0

0 12

)
, (A.11)

where σi are the Pauli matrices. In this representation we can write

ψ =

(
φ
ξ

)
⇒ PLψ =

(
φ
0

)
, PRψ =

(
0
ξ

)
, (A.12)

where φ(x) and ξ(x) are two-component (Weyl) spinors. Substituting them into the Dirac
equation yields two equations coupled by the mass

(i∂0 − i~σ · ~∇)φ−mξ = 0 ,

(i∂0 + i~σ · ~∇)ξ −mφ = 0 .
(A.13)

In the limit m→ 0 the two equations decouple and become the so-called Weyl equations
which describe massless two-component spinors with negative (φ) or positive (ξ) helicity.
If we consider now a massive fermion ψ, there are two options. ψL and ψR can be
independent or they can be linked by ψR = ψcL. In the latter case it immediately follows
that

ψc = (ψL + ψcL)c = ψcL + (ψcL)c = ψ , (A.14)

i.e. particle and antiparticle are identical. If this is the case the field is called a Majorana
fermion.

In this thesis we only consider four-component spinors. Therefore, when we say that
ψL is a left-handed Weyl fermion, we mean that its free Lagrangian is given by

LW = ψL(iγµ∂µ)ψL , (A.15)

and likewise for a right-handed Weyl fermion ψR. For a Majorana fermion, we instead
have

LM = ψL(iγµ∂µ)ψL −
m

2

(
ψcLψL + ψLψ

c
L

)
, (A.16)

where the factor of 1/2 is needed to compensate that the mass term is quadratic in ψL.
For a Dirac fermion

LD = ψ(x)(iγµ∂µ −m)ψ(x) . (A.17)

It is important to appreciate the following distinction concerning charges. If ψ conserves
U(1) charges associated with the transformation ψ → exp(iα)ψ, then the Lagrangian
must be invariant under such transformations. This is clearly only the case for the Weyl
and Dirac Lagrangians and thus Majorana fermions must be neutral. Another interesting
fact is that when m → 0 we can see that the Majorana Lagrangian reduces to a Weyl
Lagrangian, while the Dirac Lagrangian reduces to a Lagrangian of two Weyl fermions,
one for the left-handed, and one for the right-handed component. Therefore, all fermion
types reduce to Weyl fermions in the limit of vanishing masses. Moreover, one can show
that two Majorana fermions with the same mass are equivalent to a Dirac fermion.
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A.2. General properties of four-fermion operators

Here we discuss how to obtain the most general Lorentz-scalar Lagrangians involving four
fermions which explains the structure of the operators in Tables 2.1 and 2.4. The space
of all 4-by-4 matrices in spinor space is generated by the following useful basis [35]

{Γi} = {1, γ0, γ1, γ2, γ3, σ01, σ02, σ03, σ12, σ13, σ23, γ0γ5, γ1γ5, γ2γ5, γ3γ5, γ5} , (A.18)

where

σµν ≡ i

2
[γµ, γν ] . (A.19)

Hence, all matrices M in spinor space can be written as a sum of these 16 matrices. It is
useful to classify the transformation properties under the Lorentz group of bilinears built
of two four-component spinors ψa and ψb. Namely,

Sab = ψaψb , V µ
ab = ψaγ

µψb , Tµνab = ψaσ
µνψb ,

Aµab = ψaγ
µγ5ψb , Pab = ψaγ

5ψb
(A.20)

behave like a scalar, vector, rank-2 tensor, axial vector, and pseudoscalar, respectively.
Knowing this, we can construct all possible Lorentz scalars involving four four-component
fermions ψi, i = 1, . . . , 4. When fixing that ψ1 is contracted with ψ2 and ψ3 with ψ4, the
possible Lorentz scalars are given by

LS(ψ1, ψ2, ψ3, ψ4) =
(
ψ1ψ2

) (
ψ3ψ4

)
,

LV (ψ1, ψ2, ψ3, ψ4) =
(
ψ1γµψ2

) (
ψ3γ

µψ4

)
,

LT (ψ1, ψ2, ψ3, ψ4) =
(
ψ1σµνψ2

) (
ψ3σ

µνψ4

)
,

LA(ψ1, ψ2, ψ3, ψ4) =
(
ψ1γµγ

5ψ2

) (
ψ3γ

µγ5ψ4

)
,

LP (ψ1, ψ2, ψ3, ψ4) =
(
ψ1γ

5ψ2

) (
ψ3γ

5ψ4

)
.

(A.21)

In this thesis we are dealing with SM fermions whose chiral components ψL and ψR exist
in different representations of the gauge group. Therefore, it is useful to consider the
possible Lorentz scalars for chiral fields. To obtain these, we will apply a number of
useful identities which are straightforwardly derived. Let ψ and χ denote two generic
four-component spinors, then

ψRχR = ψLχL = ψRγ
5χR = ψLγ

5χL = 0 ,

ψRσ
µνχR = ψLσ

µνχL = ψRσ
µνγ5χR = ψLσ

µνγ5χL = 0 ,

ψRγ
µχL = ψLγ

µχR = ψLγ
µγ5χR = ψRγ

µγ5χL = 0 .

(A.22)

Therefore, the scalar, pseudoscalar, and tensor bilinears require combining spinors of
opposite chirality, and the vector and axial vector bilinears require combining spinors of
equal chirality. If we apply this to the Lorentz scalars in Equation (A.21), we find in total
ten independent contractions in terms of chiral components Li and Ri,

LS(L1, R2, L3, R4) ,

LS(L1, R2, R3, L4) ,

LS(R1, L2, L3, R4) ,

LS(R1, L2, R3, L4) ,

LV (L1, L2, L3, L4) ,

LV (L1, L2, R3, R4) ,

LV (R1, R2, L3, L4) ,

LV (R1, R2, R3, R4) ,

LT (L1, R2, L3, R4) ,

LT (R1, L2, R3, L4) ,
(A.23)
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Table A.1. Table of Fierz coefficients appearing in Equation (A.24).

Y
S V T A P

S −1/4 −1/4 −1/8 1/4 −1/4
V −1 1/2 0 1/2 1

X T −3 0 1/2 0 −3
A 1 1/2 0 1/2 −1
P −1/4 1/4 −1/8 −1/4 −1/4

which are equivalent to the ten types of GNI defined in Equations (2.11) and (2.12)
together with Table 2.4. By applying the Fierz transformations, one can show that
LT (L1, R2, R1, L2) = LT (R1, L2, L3, R4) = 0 and hence these two combinations do not
appear. Moreover, LA and LP are redundant for chiral spinors since γ5R = R and
γ5L = −L.

A.3. Fierz transformations

The Fierz transformations are a set of identities concerning the Lorentz-scalar functions
of four four-component spinors ψi, i = 1, . . . , 4 in Equation (A.21). They are expressed
as a set of coefficients CXY summarized in Table A.1, such that

LX(ψ1, ψ2, ψ3, ψ4) =
∑

Y=S,V,T,A,P

CXY LY (ψ1, ψ4, ψ3, ψ2) . (A.24)

Notice that the positions of ψ2 and ψ4 are swapped from one side of the equation to the
other. For the purpose of matching various four-fermion operators onto the precise form
of the operator basis in Table 2.1 it is very convenient to know the transformation of
chiral fields. Therefore we calculate them here once and can apply them to the chiral SM
fields whenever needed. Again, we denote a left-chiral field by Li and a right-chiral field
by Ri.

LS(L1, R2, L3, R4) = −1

2
LS(L1, R4, L3, R2)− 1

8
LT (L1, R4, L3, R2) , (A.25)

LS(L1, R2, R3, L4) = −1

2
LV (L1, L4, R3, R2) , (A.26)

LV (L1, L2, L3, L4) = LV (L1, L4, L3, L2) , (A.27)

LT (L1, R2, L3, R4) = −6LS(L1, R4, L3, R2) +
1

2
LT (L1, R4, L3, R2) . (A.28)

The remaining identities are obtained by inverting all fields L↔ R on both sides of the
equations.
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A.4. Mapping between the Lee-Yang and epsilon
parametrizations of GNI

We have noted in Section 2.3 that there is an alternative parametrization of the 10
independent GNI terms defined in Equations (2.11) and (2.12) which we call the Lee-Yang
parametrization [204]. We define the alternative parametrization only for the neutral
current case, but for the charged-current GNI the definitions are completely analogous.
Recall that the epsilon parametrization is given by

L = −GF√
2

10∑

j=1

(
(∼)
εj,f

)αβγδ
(ναOjνβ)

(
fγO′jfδ

)
, (A.29)

with the operators Oj , O′j defined in Table 2.4. An alternative parametrization reads,
see e.g. Reference [52],

L = −GF√
2

∑

a=S,P,V,A,T

(να Γaνβ)
(
fγΓa(C

αβγδ
a +D

αβγδ
a iγ5)fδ

)
, (A.30)

where the five possible independent combinations of Dirac matrices are defined as

Γa ∈
{
1, iγ5, γµ, γµγ5, σµν

}
, (A.31)

and the ten epsilon coefficients have the counterparts Caαβγδ and

Da
αβγδ ≡

{
D
a
αβγδ for a = S, P, T ,

iD
a
αβγδ for a = V,A .

(A.32)

Suppressing flavor indices, the mapping between the two parametrizations reads

εL =
1

4
(CV −DV + CA −DA) ,

εR =
1

4
(CV +DV − CA −DA) ,

εS =
1

2
(CS + iDP ) ,

−εP =
1

2
(CP + iDS) ,

εT =
1

4
(CT − iDT ) ,

ε̃L =
1

4
(CV −DV − CA +DA) ,

ε̃R =
1

4
(CV +DV + CA +DA) ,

ε̃S =
1

2
(CS − iDP ) ,

−ε̃P =
1

2
(−CP + iDS) ,

ε̃T =
1

4
(CT + iDT ) .

(A.33)

A.5. Number of degrees of freedom

Here we discuss how to obtain the contents of Table 2.5, i.e. the number of degrees of
freedom of neutral-current GNI under different assumptions such as Majorana nature of
the neutrinos, charge-parity (CP) invariance, and flavor conservation. We only explicitly
prove how the first row of this table is obtained, since the other two rows follow the same
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line of reasoning. There are a number of identities concerning Majorana neutrinos which
are useful for the proofs. They read

ναγ
µνβ = −νβγµνα ,

ναγ
µγ5νβ = νβγ

µγ5να ,

νανβ = νβνα ,

ναγ
5νβ = νβγ

5να ,

νασ
µννβ = −νβσµννα ,

νασ
µνγ5νβ = −νβσµνγ5να .

(A.34)

These are straightforwardly proven as follows, applying νc = −νTC† = νTC = ν and the
definitions of the bilinears in Equation (A.20),

V µ
αβ = νTαCγ

µνβ = −νTα (γµ)TCνβ = −νcβγµνα = −V µ
βα ,

Aµαβ = νTαCγ
µγ5νβ = −νTα (γµ)T (γ5)TCνβ = −νcβγ5γµνα = +Aµβα ,

Sαβ = νTαCνβ = νcβνα = +Sµβα ,

Pαβ = νTαCγ
5νβ = νTα (γ5)TCνβ = νcβγ

5να = +Pµβα ,

Tµναβ = νTαCσ
µννβ = −νTα (σµν)TCνβ = −νcβσµννα = −Tµνβα ,

T̃µναβ = νTαCσ
µνγ5νβ = −νTα (σµν)T (γ5)TCνβ = −νcβγ5σµννα = −T̃µνβα ,

(A.35)

where we used

Cγ5 = (γ5)TC , Cγµ = −(γµ)TC ,
[
σµν , γ5

]
= 0 (A.36)

and the anticommuting nature of the fermion fields. Now we state the identities that
hold for the epsilon parametrization and for the Lee-Yang parametrization under different
assumptions. Proofs are given subsequently in the epsilon parametrization.

1. In general: (810 real parameters)

εjαβγδ = εj∗βαδγ , j = 1, 2, 3, 4 ,

εSαβγδ = ε̃S∗βαδγ ,

εPαβγδ = −ε̃P∗βαδγ ,
εTαβγδ = ε̃T∗βαδγ ,

Caαβγδ = Ca∗βαδγ ,

Da
αβγδ = Da∗

βαδγ .
(A.37)

2. CP invariance: (423 real parameters)

εjαβγδ ∈ R ∀j,
εjαβγδ = εjβαδγ j = 1, 2, 3, 4 ,

Caαβγδ ∈ R ∀a,
Da
αβγδ ∈ R , a = V,A ,

Da
αβγδ ∈ iR , a = S, P, T .

(A.38)
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Table A.2. Operators and their conjugates appearing in the Hermitian conjugate of
Equation (A.29).

j Oj γ0O†jγ0 O′j γ0O′†j γ0

1 γµ(1− γ5) γµ(1− γ5) γµ(1− γ5) γµ(1− γ5)
2 γµ(1+ γ5) γµ(1+ γ5) γµ(1− γ5) γµ(1− γ5)
3 γµ(1− γ5) γµ(1− γ5) γµ(1+ γ5) γµ(1+ γ5)
4 γµ(1+ γ5) γµ(1+ γ5) γµ(1+ γ5) γµ(1+ γ5)
5 (1− γ5) (1+ γ5) 1 1

6 (1+ γ5) (1− γ5) 1 1

7 (1− γ5) (1+ γ5) γ5 −γ5

8 (1+ γ5) (1− γ5) γ5 −γ5

9 σµν(1− γ5) σµν(1+ γ5) σµν(1− γ5) σµν(1+ γ5)
10 σµν(1+ γ5) σµν(1− γ5) σµν(1+ γ5) σµν(1− γ5)

3. Majorana neutrinos: (432 real parameters)

εjαβγδ = −ε̃jβαγδ , j = L,R

εkαβγδ = εkβαγδ , k = S, P

εTαβγδ = −εTβαγδ .

Caαβγδ = Caβαγδ ,

Da
αβγδ = Da

βαγδ , a = S, P,A ,

Cbαβγδ = −Cbβαγδ ,
Db
αβγδ = −Db

βαγδ , b = V, T .

(A.39)

4. Majorana neutrinos + CP invariance: (225 real parameters)

Proofs:

1. In general: The Hermitian conjugate of Equation (A.29) involves the expressions

(ναOjνβ)†(f
γO′jf δ)† = (−νβγ0O†jγ0να)(−f δγ0O′†j γ0fγ) , (A.40)

and therefore it is useful to determine γ0O†jγ0 and γ0O′†j γ0 in terms of the original
operators. The results are shown in Table A.2. Applying these, we find the result
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of taking the Lagrangian (A.29) and adding its Hermitian conjugate,

L = −GF√
2

∑

α,β,γ,δ





4∑

j=1

((
(∼)j
ε

)

αβγδ

+

(
(∼)j
ε

)∗

βαδγ

)(
ναOjνβ

)(
f
γO′jf δ

)

+
(
εSαβγδ + ε̃S∗βαδγ

) (
ναO5ν

β
)(

f
γO′5f δ

)

+
(
ε̃Sαβγδ + εS∗βαδγ

) (
ναO6ν

β
)(

f
γO′6f δ

)

+
(
−εPαβγδ + ε̃P∗βαδγ

) (
ναO7ν

β
)(

f
γO′7f δ

)

+
(
−ε̃Pαβγδ + εP∗βαδγ

) (
ναO8ν

β
)(

f
γO′8f δ

)

+
(
εTαβγδ + ε̃T∗βαδγ

) (
ναO9ν

β
)(

f
γO′9f δ

)

+
(
ε̃Tαβγδ + εT∗βαδγ

) (
ναO10ν

β
)(

f
γO′10f

δ
)


 .

(A.41)

From this, the identities in Equation (A.37) follow for redefined coefficients absorb-
ing the Hermitian conjugates. Concerning the number of degrees of freedom we
have for one epsilon coefficient with four flavor indices a priori 34 = 81 complex
degrees of freedom. For j = 1, . . . , 4 we have εαβγδ = ε∗βαδγ which means the 9
coefficients which have α = β and γ = δ must be real. Of the remaining 81−9 = 72
complex coefficients, half are determined by the other half such that we have to
subtract 36 complex degrees of freedom. In total, we hence have 9 real plus 36 com-
plex degrees of freedom, adding up to 81 real degrees of freedom for each εj with
j = 1, . . . , 4. For the S, P , and T coefficients it is simpler because the coefficients
with the tilde are completely determined by the ones without, leaving εS , εP , and
εT unconstrained which therefore each have 162 real degrees of freedom. In total
we arrive at 4 · 81 + 3 · 162 = 810 real degrees of freedom.

2. CP invariance: Under a CP transformation, the Dirac spinors transform according
to [35]

ψ(x)
CP−→ γ0CψT (x) = −Cψ∗(x) , (A.42)

ψ(x)
CP−→ − ψT (x)C†γ0 , (A.43)

where C was defined in Equation (A.9) and the CP phase is set to one. The five
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covariant bilinears transform as

V µ
ab = ψaγ

µψb
CP−→ − ψbγµψa ,

Aµab = ψaγ
µγ5ψb

CP−→ − ψbγµγ5ψa ,

Sab = ψaψb
CP−→ + ψbψa ,

Pab = ψaγ
5ψb

CP−→ − ψbγ5ψa ,

Tµνab = ψaσ
µνψb

CP−→ − ψbσµνψa ,

(A.44)

where the lowering of indices indicates a change of sign of the spatial components.
Let us express the Lagrangian in Equation (A.29) in terms of these bilinears to
make use of these relations. For j = 1, . . . , 4 the epsilon coefficients are contracted
with

gµν
(
V µ
ab ±A

µ
ab

)
(V ν
cd ±Aνcd)

CP−→ gµν
(
V µ
ba ±A

µ
ba

)
(V ν
dc ±Aνdc) , (A.45)

where the left and right ± are independent of each other. Therefore εαβγδ = εβαδγ
which combined with (A.37) implies realness. For j = 5, . . . , 8, we have

(Sab ± Pab)Scd CP−→ (Sba ∓ Pba)Sdc , (A.46)

(Sab ± Pab)Pcd CP−→ − (Sba ∓ Pba)Pdc , (A.47)

and therefore εSαβγδ = ε̃Sβαδγ = εS∗αβγδ and εPαβγδ = −ε̃Pβαδγ = εP∗αβγδ, using again
(A.37). For the Tensor coefficients, we define

T̃µνab = ψaσ
µνγ5ψb

CP−→ ψbσµνγ
5ψa (A.48)

to obtain
(
Tµνab ± T̃

µν
ab

)(
Tcd,µν ± T̃cd,µν

)
CP−→

(
Tµνba ∓ T̃

µν
ba

)(
Tdc,µν ∓ T̃dc,µν

)
, (A.49)

such that εTαβγδ = ε̃Tβαδγ = εT∗αβγδ implying again realness. Counting degrees of
freedom of the epsilon coefficients with j = 1, . . . , 4, we had in the general case 36
complex entries and 9 real entries. Accordingly, from our CP invariance constraint
we have now 36 real plus 9 real entries totaling 45. For the S, P , and T coefficients
the previously 81 complex degrees of freedom reduce to 81 real degrees of freedom.
In total we hence have 4 · 45 + 3 · 81 = 423 real parameters.

3. Majorana neutrinos: Using Equation (A.34), we conclude that since S and P
bilinears are all symmetric, while T bilinears are antisymmetric, so must be their
epsilon coefficients. For V and A it is slightly more intricate. We have

(
V µ
αβ ±A

µ
αβ

)
= −

(
V µ
βα ∓A

µ
βα

)
, (A.50)

such that the identities in Equation (A.39) follow. Turning to the degrees of freedom
we note that compared to the general case the L and R coefficients with a tilde are
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now completely determined by the ones without. Therefore, only half of the 4 · 81
real degrees of freedom for j = 1, . . . , 4 are independent. The symmetry of the S
and P coefficients in the first two entries render 3 of the 9 index configurations of
αβ dependent of the others, while leaving the γδ index configurations unaffected.
Therefore instead of 9 · 9 complex degrees of freedom in the Majorana case one
has 6 · 9 = 54 complex degrees of freedom for S and P each. In the tensor case,
the antisymmetry implies that entries diagonal in αβ have to vanish, while 3 of
the remaining 6 six configurations depend on the others. Hence, one only has
3 · 9 = 27 complex degrees of freedom. In terms of total real degrees of freedom in
the Majorana case, we conclude that it is 2 · 81 + 2 · 2 · 54 + 2 · 27 = 432.

4. Majorana neutrinos + CP invariance: The number of degrees of freedom can
be counted starting from the Majorana case, where we have identified coefficients
with j = 1, . . . , 4 to have 2 · (36 complex + 9 real) degrees of freedom, those with
j = 5, . . . , 8 have 2 · 54 complex degrees of freedom, and those with j = 9, 10 have
27 complex degrees of freedom. Combining this with the CP requirement that all
of them become real, we just reduce all complex degrees of freedom to real degrees
of freedom and obtain in total 2 · 45 + 2 · 54 + 27 = 225.



B. Matching of models to
SMNEFT

B.1. Matching from leptoquarks onto SMNEFT operators

Here we derive the SMNEFT four-fermion operator coefficients shown in Table 2.1 ob-
tained by integrating out the leptoquarks whose interactions are described by Equa-
tions (3.36) and (3.37). We assume for simplicity that all leptoquark masses are equal
and identify the mass with the EFT scale Λ. Replacements for the case of unequal masses
are immediate. First we note that each scalar propagator appears in the Feynman rules
as

G
(ab)
X (p) =

i(δab)

p2 −m2
X + iε

≈ − i

m2
X

(δab) , (B.1)

where we used p2 � m2
X and δab stands symbolically for SU(3)C and SU(2)L color

indices. The couplings in Equations (3.36) and (3.37) appear each with a prefactor of
(−i) in the Feynman rules. We therefore get, from integrating out X, an effective vertex
factor

(−i)2G
(ab)
X (p) ≈ (−i)

(
− 1

m2
X

)
(δab) . (B.2)

This leaves us with the following effective Lagrangians from scalar leptoquarks

LS1 = −
(
|s1L|2 q̃ l lq̃ + |s1e|2 ucReR eRucR + |s1N |2 dcRN NdcR

)

−
(
s1Ls

∗
1e q̃ l eRu

c
R + s1Ls

∗
1N q̃ l NdcR + s1es

∗
1N ucReRNd

c
R + H.c.

)
, (B.3)

LS′1 = −|s′1|2 dcReR eRd
c
R , (B.4)

LS′′1 = −|s′′1|2 ucRN NucR , (B.5)

LS3 = −|s3|2 q̃ τal lτaq̃ , (B.6)

LR2 = −
(
|r2R|2 q eR eRq + |r2L|2 uRlalauR

)
+
(
r2Rr

∗
2L q

a eR (iτ2)bal
b
uR + H.c.

)
,

(B.7)

LR′2 = −
(
|r′2R|2 qN Nq + |r′2L|2 dRla l

a
dR

)
+
(
r′2Rr

′∗
2L q

aN (iτ2)bal
b
dR + H.c.

)
, (B.8)

where we absorbed a factor of Λ−1 in each coupling constant for brevity and introduced
the notation of a quark doublet dual q̃ = (iτ2)qc in analogy to the Higgs dual H̃. This
ensures that q̃ transforms like q under SU(2)L. Concerning the flavor structure we have
ordered the fermion bilinears such that the first bilinear carries the flavors of the uncon-
jugated coupling and the second bilinear carries the flavor of the conjugated coupling,
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i.e.
LS′1 = −(s′1)αβ(s′1)∗γδ d

c
RαeRβ eRδd

c
Rγ . (B.9)

Let us turn to the vector leptoquarks. Their propagator appears in the Feynman rules as

G
(ab)
Y,µν(p) = i(δab)

−gµν +
pµpν
m2
Y

p2 −m2
Y + iε

≈ i

m2
X

gµν(δab) . (B.10)

Again, with the coupling prefactors of (−i) the approximated propagator implies an
effective vertex factor

(−i)2G
(ab)
Y,µν(p) ≈ (−i) gµν

m2
Y

(δab) . (B.11)

This leads us to the following effective Lagrangians

LV2 =
(
|v2R|2 qcγµeR eRγ

µqc + |v2L|2 dcRγµla l
a
γµdcR

)

+
(
v2Rv

∗
2L q

caγµeR l
a
γµdcR + H.c.

)
, (B.12)

LV ′2 =
(
|v′2R|2 qcγµN Nγµqc + |v′2L|2 ucRγµla l

a
γµucR

)

+
(
v′2Rv

′∗
2L q

caγµN l
a
γµucR + H.c.

)
, (B.13)

LU1 =
(
|u1L|2 qγµl lγµq + |u1e|2 dRγµeR eRγ

µdR + |u1N |2 uRγµN NγµuR
)

+
(
u1Lu

∗
1e qγµl eRγ

µdR + u1Lu
∗
1N qγµl Nγ

µuR (B.14)

+u1eu
∗
1N dRγµeR NγµuR + H.c.

)
,

LU ′1 = |u′1|2 uRγµeR eRγ
µuR , (B.15)

LU ′′1 = |u′′1|2 dRγµN NγµdR , (B.16)

LU3 = |u3|2 q ~τγµ l l~τγµq , (B.17)

where we again absorbed a factor of Λ−1 in each coupling and the bilinears are ordered
such that the first one corresponds to the unconjugated coupling and second one corre-
sponds to the conjugated coupling.

To get from these expressions to the SMNEFT operators, the remaining step is to apply
Fierz transformations and subsequently use the following useful identities

ψc1γµψ
c
2 = −ψ2γµψ1 , (B.18)

ψc1ψ
c
2 = ψ2ψ1 , (B.19)

ψ̃ = ψc(−iτ2) , (B.20)

to remove the particle-antiparticle conjugation symbols. The resulting Wilson coefficients
are shown in Table 3.2.

B.2. Tree-level matching of the minimal charged Higgs
model

Here we show that integrating out φ from the Lagrangian (3.61) leads to the set of
SMNEFT Wilson coefficients given in Equation (3.64). When integrating out φ, we
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obtain the effective Lagrangian

Leff =
∑

α,γ

∑

β>α, δ>γ

− 1

m2
φ

(
yαβ l̃αlβ + yβα l̃βlα

) (
y∗γδlδ l̃γ + y∗δγlγ l̃δ

)

=
∑

α,γ

∑

β>α, δ>γ

− 1

m2
φ

(yαβ − yβα) l̃αlβ
(
y∗γδ − y∗δγ

)
lδ l̃γ

=
∑

α,γ

∑

β>α, δ>γ

−
4yαβy

∗
γδ

m2
φ

l̃αlβ lδ l̃γ ,

(B.21)

where we used the definition l̃ = (−iτ2)lc. Now we can write a single addend with
explicit SU(2)L indices a, b and subsequently apply the Fierz transformation (A.26) and
Equation (B.18) to find

−
4yαβy

∗
γδ

m2
φ

(l̃aαl
a
β) (l

b
δ l̃
b
γ) =

4yαβy
∗
γδ

2m2
φ

(l̃aαγµ l̃
b
γ) (l

b
δγ
µlaβ)

=
2yαβy

∗
γδ

m2
φ

(iτ2)ia(−iτ2)bj((lcα)iγµ(lcγ)j) (l
b
δγ
µlaβ)

= −
2yαβy

∗
γδ

m2
φ

εiaεjb(l
j
γγµl

i
α) (l

b
δγ
µlaβ) .

(B.22)

Therefore we have

Leff =
∑

α,γ

∑

β>α, δ>γ

−
2yαβy

∗
γδ

m2
φ

εiaεjb(l
j
γγµl

i
α) (l

b
δγ
µlaβ) . (B.23)

The contraction with the antisymmetric tensors avoids a direct identification with a

single Oα′β′γ′δ′ll from Table 2.1. However, we note that the sum of two such operators
with different flavor indices precisely yields the structure in Equation (B.23). Namely,

Oγβδαll −Oγαδβll

= (l1γγµl
1
α) (l

1
δγ
µl1β) + (l2γγµl

2
α) (l

2
δγ
µl2β) + (l1γγµl

1
α) (l

2
δγ
µl2β) + (l2γγµl

2
α) (l

1
δγ
µl1β)

− (l1γγµl
1
β) (l

1
δγ
µl1α)− (l2γγµl

2
β) (l

2
δγ
µl2α)− (l1γγµl

1
β) (l

2
δγ
µl2α)− (l2γγµl

2
β) (l

1
δγ
µl1α)

= (l1γγµl
1
α) (l

2
δγ
µl2β) + (l2γγµl

2
α) (l

1
δγ
µl1β)− (l1γγµl

2
β) (l

2
δγ
µl1α)− (l2γγµl

1
β) (l

1
δγ
µl2α)

= εiaεjb(l
j
γγµl

i
α) (l

b
δγ
µliβ) ,

(B.24)

where the first two terms of the second and third row cancel each other after applying
the Fierz transformation (A.27). Defining

Kαβγδ = −2yβδy
∗
αγ , (B.25)

we conclude

Leff =
∑

α,δ

∑

β>δ, γ>α

Kαβγδ

m2
φ

(Oαβγδll −Oαδγβll ) , (B.26)

such that
Cαβγδll = −Cαδγβll = Kαβγδ . (B.27)





C. Details of neutrino-electron
scattering

C.1. Differential cross section

The differential cross sections of neutrino-electron scattering in the presence of GNI de-
scribed by the effective Lagrangian Equation (2.11) can be derived as follows. We consider
all neutrinos to be massless, such that their helicity coincides with their chirality. For
the neutrino channel, the Feynman-rule quantity associated with an incoming massless
neutrino of flavor α is u−(pν) while the outgoing neutrino of flavor β can have any he-
licity s and is associated with us(kν). For the antineutrino channel, the Feynman-rule
quantity associated with an incoming massless antineutrino of flavor α is v+(pν) while
the outgoing antineutrino of flavor β is associated with vs(kν). Therefore, the amplitudes
of the scattering ναer → νβ,s + er′ , and ναer → νβ,s + er′ read

Asrr′αβ =
GF√

2

∑

j=1,3,5,7,9

εαβeej,e

(
us(kν)Oju−(pν)

) (
ur′(ke)O′jur(pe)

)
, (C.1)

Asrr′
αβ

=
GF√

2

∑

j=1,3,6,8,10

εβαeej,e

(
v+(pν)Ojvs(kν)

) (
ur′(ke)O′jur(pe)

)
, (C.2)

where s, r, and r′ denote helicities. The projection operators contained in the definition
of Oj in Table 2.4 cancel half of the contributions. For instance, Oj with j = 2, 4, 6, 8, 10
contain right-handed projection operators acting on a left-handed neutrino in the first
amplitude. The scattering amplitudes, averaging over initial electron helicities and sum-
ming over final state helicities are then given by

|Aναe→νβe|2 =
1

2

∑

s,r,r′

|Asrr′αβ |2 , (C.3)

|Aναe→νβe|2 =
1

2

∑

s,r,r′

|Asrr′
αβ
|2 . (C.4)

Since we have removed operators projecting incoming (anti)neutrinos on the wrong he-
licity in the definitions of the amplitudes, it is conveniently possible to sum also over
initial neutrino helicities to apply the usual Dirac matrix trace identities. Finally, the
differential cross sections are given by

dσ

dT
=

|A|2
32πmeE2

ν

. (C.5)



128 C. Details of neutrino-electron scattering

To arrive at the final form of the cross section in Equation (4.58), we have to apply
Equation (2.13) in order to replace any of the εβαee in the antineutrino scattering cross
section by (εαβee)∗.

C.2. Adapting the existing bounds on neutrino-electron
scattering

To adapt the bounds on GNI from neutrino-electron scattering calculated in Refer-
ence [52], we must first compare the cross section results. In this reference, only flavor-
diagonal interactions are assumed and thus the formula for the cross section obtained
therein is analogous to Equation (4.58), but with A, B, C, and D having only contribu-
tions from flavor-diagonal coefficients. We can identify A, B, C, and D in Reference [52]
with 2A, 2B, 2C and 2D in Equation (4.59) after summing over final flavors β. The
factor of 2 is a result of the differing prefactor in Equation (4.58) compared to Equations
9 and 10 in Reference [52]. It is then straightforward to arrive at the identifications

4
∑

β

|εµβL |2 =
1

4
(CA −DA + CV −DV )2 ,

4
∑

β

|εµβR |2 =
1

4
(CA +DA − CV −DV )2 ,

(C.6)

where the coefficients C and D are simply the flavor-diagonal Lee-Yang parameters as pre-
sented in Appendix A.4. Separating the SM and BSM contributions to these parameters
leads to the identities

(gL + εµµL,NSI)
2 +

∑

β=e,τ

|εµβL,NSI|2 =

(
gL +

1

4
(CNSI

A −DNSI
A + CNSI

V −DNSI
V )

)2

,

(gR + εµµR,NSI)
2 +

∑

β=e,τ

|εµβR,NSI|2 =

(
gR −

1

4
(CNSI

A +DNSI
A − CNSI

V −DNSI
V )

)2

.

(C.7)

This allows us to transfer constraints on C or D parameters into constraints on εL,NSI

assuming only one to be non-vanishing at a time. Therefore, for the bound on εµµL,NSI,

εµµR,NSI we may use

εµµX,NSI = 1/4CNSI
V ∈ [−0.06, 0.02] , (C.8)

for X = L,R. Note that we always state bounds at 90% CL in this section. For the
off-diagonal parameters the (equal) bounds on CNSI

A and DNSI
V are relevant,

|εµX,NSI| =
√
−1

2
|gX |CNSI

A +
1

16
(CNSI

A )2 ≤
{

0.11 for X = L ,

0.10 for X = R ,
(C.9)

where we take the bound on negative CNSI
A , as it provides the strongest constraint. The

(pseudo)scalar and tensor interactions are extracted analogously and we do not have to
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consider a flavor-diagonal SM contribution, which simplifies the procedure. Using the
definitions of Appendix A.4, we simply have

|εµS | =
1

2

√
C2
S +D2

P ≤ 0.4 , |εµP | =
1

2

√
C2
P +D2

S ≤ 0.4 ,

|εµT | =
1

4

√
C2
T +D2

T ≤ 0.04 .

(C.10)

Turning to the scattering of an electron neutrino instead of a muon neutrino, we have to
account for the additional contribution from W boson exchange. Hence, the identification
for the NSI reads

(gL + 1 + εeeL,NSI)
2 +

∑

β=µ,τ

|εeβL,NSI|2 =

(
gL + 1 +

1

4
(CNSI

A −DNSI
A + CNSI

V −DNSI
V )

)2

,

(gR + εeeR,NSI)
2 +

∑

β=µ,τ

|εeβR,NSI|2 =

(
gR −

1

4
(CNSI

A +DNSI
A − CNSI

V −DNSI
V )

)2

.

(C.11)

Adapting from Reference [52] the bounds on individual Lee-Yang coefficients (and neglect-
ing the minima not centered around zero), we find, in the notation of Equation (2.11),

εeeeeL,e ∈ [−0.31, 0.24] ,

εeeeeR,e ∈ [−0.24, 0.31] ,

|εeµeeL,e |, |εeτeeL,e | ≤ 0.27 ,

|εeµeeR,e |, |εeτeeR,e | ≤ 0.16 ,

|εeβeeS,e | ≤ 0.6 ,

|εeβeeP,e | ≤ 0.7 ,

|εeβeeT,e | ≤ 0.08 ,
(C.12)

at 90% CL, where β = e, µ, τ . For completeness, we also state the bounds on GNI of
muon neutrinos from Equations (C.8)-(C.10) in the notation of Equation (2.11),

εµµeeL,e ∈ [−0.06, 0.02] ,

εµµeeR,e ∈ [−0.06, 0.02] ,

|εeµeeL,e |, |ε
µτee
L,e | ≤ 0.11 ,

|εeµeeR,e |, |ε
µτee
R,e | ≤ 0.10 ,

|εµβeeS,e | ≤ 0.4 ,

|εµβeeP,e | ≤ 0.4 ,

|εµβeeT,e | ≤ 0.04 ,
(C.13)

at 90% CL, where β = e, µ, τ . In Section 4.2, we noted that NSI constraints from
CHARM-II were also calculated in Reference [126]. For comparison, we quote the results
from this reference here,

|εµµeeL,e | ≤ 0.03 ,

|εµµeeR,e | ≤ 0.03 ,

|εeµeeL,e |, ≤ 0.13 ,

|εeµeeR,e |, ≤ 0.13 ,

|εµτeeL,e | ≤ 0.1 ,

|εµτeeR,e | ≤ 0.1 .
(C.14)





D. Details of neutrino mass
experiments

D.1. Decay rate of tritium at leading order

In this section, we outline the derivation of the tritium decay rate at leading order includ-
ing GNI and a sterile neutrino. To this end, we first have to reparametrize the effective
Lagrangian. Subsequently, we give expressions for the differential decay rate in general
and at leading-order.

D.1.1. Reparametrization of the effective Lagrangian

We consider the charged-current GNI Lagrangian (2.12) with four massive neutrinos νk
and including the SM contribution to j = 1,

Leff = −GFVud√
2

nν∑

k=1

10∑

j=1

(
δ1j Uek+

(∼)k
εj

)
(eOjνk)

(
uO′jd

)
+ H.c. , (D.1)

where U denotes the extended PMNS matrix. The coefficients εkj , ε̃
k
j are defined in the

neutrino mass basis, in contrast to Equation (2.12). Notice how we recover, for Ue4 = 0
and in the absence of epsilon coefficients, the usual W -mediated charged-current interac-
tion

LSM = −GFVud√
2

(
e(1− γ5)νe

) (
u(1− γ5)d

)
+ H.c. , (D.2)

due to

|νe〉 =
∑

k

Uek |νk〉 . (D.3)

If we consider a sterile neutrino with k = 4, we know that the mixing matrix entry Ue4
must be very small for a mass in the kinematically accessible range of nuclear beta decays.
Therefore, to search for first signs of new physics it is reasonable to work only to leading
order in small parameters ε, Uα4 at the Lagrangian level. For simplicity, we introduce the
symbol ω to denote the order of a given expression in any small parameters. For instance,
expressions proportional to ε2, U2

α4, or ε Uα4 are of order ω2. As discussed in Section 1.2.2,
the measured splittings between the mostly active neutrino mass eigenstates are at the
level ∆m2

21 ≈ 7× 10−5 eV2 and ∆m2
3` ≈ 2× 10−3 eV2. Hence, they cannot be resolved

at KATRIN and it is convenient to consider the new interactions of the active neutrinos
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in the electron flavor basis (as in Equation (2.12)), such that

Leff = −GFVud√
2

10∑

j=1

(
δ1j

√
1− |Ue4|2 +

(∼)
εj

)
(eOjνe)

(
uO′jd

)

− GFVud√
2

10∑

j=1

(
δ1jUe4+

(∼)N
εj

)
(eOjN)

(
uO′jd

)
+ H.c. ,

(D.4)

where N = ν4 denotes the sterile neutrino. For the electron neutrino we use the effective
neutrino mass

m2
β =

3∑

k=1

|Uek|2
1− |Ue4|2

m2
k , (D.5)

while the sterile neutrino mass is symbolized by mN . In Reference [109] it is pointed
out that the CKM matrix element Vud is measured through vector like nuclear decays.
Therefore the measured value |Ṽud| = 0.97370±0.00014 already contains some new physics
coefficients. In our case, when we consider that the sterile neutrino could not be resolved
in these measurements, we must include all contributions to a vector-like interaction

|Ṽud|2 = |Vud|2
(
|
√

1− |Ue4|2 + εL + εR|2 + |Ue4 + εNL + εNR |2
)

= |Vud|2
(
1 + 2Re(εL + εR) + 2Re(Ue4(εNL + εNR )∗)

+|εL + εR|2 + |εNL + εNR |2
)

+O
(
ω3
)
,

(D.6)

where Vud denotes the actual CKM matrix element. Now we use this to rescale the
Lagrangian such that the measured |Ṽud| is the global prefactor in the following way. The
effective couplings in Equation (D.4) can be written as

η1 ≡
√

1− |Ue4|2 + εL ,

ηj ≡ εj ,
ηN1 ≡ Ue4 + εNL ,

ηNj ≡ εNj for j ≥ 2 .
(D.7)

We would like to replace these by reparametrized coefficients ε̂j which have a prefactor

Ṽud instead of Vud. To do this consistently, we note that the decay rate is proportional
to products of two effective couplings,

dΓ

dE
∼ |Vud|2ηiη∗j or |Vud|2ηNi ηN∗j , (D.8)

as shown below. Therefore, we aim to define ε̂j such that

|Vud|2ηiη∗j = |Ṽud|2 ε̂iε̂∗j , |Vud|2ηNi ηN∗j = |Ṽud|2 ε̂Ni ε̂N∗j . (D.9)

If we were only interested in the leading order effects of GNI, we could work to linear
order in small parameters and use

Ṽud = Vud(1 + εL + εR) . (D.10)



D.1. Decay rate of tritium at leading order 133

However, since we do not want to neglect the mixing matrix contribution, which con-
tributes to the decay rate at quadratic order, we have to work consistently to quadratic
order in small parameters ε and |Uα4|. Let us collect the products of ηiη

∗
j using Equa-

tion (D.6). For |η1|2 we have

|Vud|2|η1|2 = |Vud|2
(√

1− |Ue4|2 + εL

)(√
1− |Ue4|2 + εL

)∗

= |Ṽud|2(1− |Ue4|2 − 2Re εR + |εR|2 +K) +O(ω3) ,
(D.11)

where
K ≡ 2Re (εR(εL + εR)) + 2Re(Ue4(εNL + εNR )∗) + |εNL + εNR |2 . (D.12)

For the other combinations, we find

|Vud|2η1η
∗
j = |Vud|2 (1 + εL) ε∗j +O(ω3)

= |Ṽud|2ε∗j (1− ε∗L − 2Re(εR)) +O(ω3) ,

|Vud|2ηiη∗j = |Vud|2εiε∗j
= |Ṽud|2εiε∗j +O(ω3) ,

|Vud|2|ηN1 |2 = |Vud|2
∣∣Ue4 + εNL

∣∣2

= |Ṽud|2
∣∣Ue4 + εNL

∣∣2 +O(ω3) ,

|Vud|2ηN1 ηN∗i = |Vud|2(Ue4 + εNL )εN∗j

= |Ṽud|2(Ue4 + εNL )εN∗j +O(ω3) ,

|Vud|2ηNi ηN∗j = |Vud|2εNi εN∗j
= |Ṽud|2εNi εN∗j +O(ω3) ,

(D.13)

where i, j ≥ 2 and the tildes on epsilons with odd index have been omitted for simplicity.
If we define

ε̂L = 1− εR −
1

2
|Ue4| −

1

2
K ,

ε̂j = εj(1− εL − εR) , j ≥ 2 ,
(D.14)

these coefficients obey Equation (D.9), while the coefficients of the sterile neutrino do not
need to be redefined. In summary, we can write the final effective Lagrangian as

Leff = −GF Ṽud√
2

10∑

j=1

ε̂j (eOjνe)
(
uO′jd

)

− GF Ṽud√
2

10∑

j=1

(
δ1jUe4+

(∼)N
εj

)
(eOjN)

(
uO′jd

)
+ H.c.

(D.15)

There are two important limits here. In the case of no GNI parameters, one recovers the
leading order approximation of the usual Lagrangian for the 3 + 1 neutrino scheme,

Leff = −GFVud√
2

[(
1− 1

2
|Ue4|2

)
(eO1νe)

(
uO′1d

)
+ (Ue4) (eO1N)

(
uO′1d

)]
+ H.c. (D.16)
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If new physics is dominated by GNI coefficients, the leading order active neutrino La-
grangian reads

Leff = −GFVud√
2

(1− εR) (eO1νe)
(
uO′1d

)

− GFVud√
2

10∑

j=2

(∼)
εj (eOjνe)

(
uO′jd

)
,

(D.17)

as for instance employed in Reference [109].

D.1.2. The exact decay rate

Let us first revisit the decay kinematics discussed in Reference [57]. It has been argued
that the most general form of the matrix element of the decay A→ B+ e−+ νk in terms
of the total relativistic energies of the electron ER and the neutrino Ek, which are the
variable quantities of the spectrum, reads

|M|2 = A+B1ER +B2Ek + CEREk +D1E
2
R +D2E

2
k . (D.18)

This is true if none of the interaction matrices in Equation (4.82) are momentum-
dependent. Therefore, the weak-magnetism term proportional to g̃T (V )σµνq

ν is an ex-
ception. This term, however, contributes only at next-to-leading order, as we will see
below. Nonetheless it is instructive to include potential momentum-dependent terms for
sake of generality at this point. Then the general matrix element can be written as

|M|2 = A+B1ER +B2Ek + CEREk +D1E
2
R +D2E

2
k

+ F1E
2
REk + F2ERE

2
k +G1E

3
R +G2E

3
k .

(D.19)

Following the procedure in Reference [57], we perform the integration over Ek. This leads
to a straightforward general result of the differential decay rate which reads

dΓk
dER

=
Q(ER)

32π3mA
×
[
(A+B1ER +D1E

2
R +G1E

3
R) + (B2 + CER + F1E

2
R)P (ER)

+(D2 + F2ER)

(
P 2(ER) +

1

3
Q2(ER)

)
+G2P (ER)

(
P 2(ER) +Q2(ER)

)]
,

(D.20)

with the purely kinematic auxiliary functions [57]

P (ER) ≡ −(mA − ER)(ERmA − α)

m2
A − 2mAER +m2

e

,

Q(ER) ≡
|~pe|
√

(ERmA − α+m2
k)

2 −m2
Bm

2
k

m2
A − 2mAER +m2

e

,

α =
1

2

(
m2
A −m2

B +m2
e +m2

k

)
,

(D.21)
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where mA the mass of the parent nucleus, mB the mass of the daughter nucleus, me

the electron mass, and mk the neutrino mass mβ or mN . The dependence on epsilon
parameters resides entirely in the polynomial coefficients of (D.19). They can be calcu-
lated exactly using e.g. Package-X [205] according to the prescription in Reference [57],
and thus one finds the exact decay rate given by (D.20). The exact relativistic end-point
energy reads

ER,max =
m2
A +m2

e − (mB −mk)
2

2mA
. (D.22)

D.1.3. Expansion in small parameters

The kinematic parameters remaining in the decay rate (D.20) are the masses and ER.
We may reexpress them in terms of mA by defining

ε =
mA −mB

mA
, η =

ER

mA
, δ =

me

mA
, ρ =

mk

mA
. (D.23)

These are excellent expansion parameters, since they are all smaller than 2× 10−4 for
tritium. If we expand the bracket in (D.20) in terms of these small parameters, the first
non-vanishing order is quadratic in any combination of small parameters λ = ε, η, δ, ρ.
Additionally, the prefactor Q(ER)/mA is also of order λ2. Hence, the leading order of the
differential decay rate is λ4. From inspecting (D.20), it is clear that we should therefore
consider P and Q up to order λ2. One can use

α =
1

2
m2
A

(
2ε− ε2 + δ2 + ρ2

)
(D.24)

to approximate

P (ER)/mA = −(1− η)(η − ε+ ε2/2− δ2/2− ρ2/2)

1− 2η + δ2

=
[
−(1− η)(η − ε+ ε2/2− δ2/2− ρ2/2)

]
· (1 + 2η) +O(λ3)

= (ε− η) + η(ε− η) +
1

2
(δ2 + ρ2 − ε2) +O(λ3) .

(D.25)

For Q it is additionally useful to observe that

ηmax ≡
ER,max

mA
=

α

m2
A

− ρ2 − ρ(1− ε) . (D.26)

Therefore, we have

Q(ER)/mA =
√
η2 − δ2 ·

√
(ηmax − η)2 + 2(ηmax − η)ρ(1− ε)

1− 2η + δ2
. (D.27)

Here we can observe that the rate indeed drops to zero as η → ηmax. Moreover, we find
the leading-order approximation

Q(ER)/mA =
√
η2 − δ2 ·

√
(ε− η)2 − ρ2 +O(λ3) · (1 +O(λ)) ,

=
√
η2 − δ2 ·

√
(ε− η)2 − ρ2 +O(λ5/2) ,

=
1

m2
A

pe

√
(E0 − E)2 −m2

k +O(λ5/2) ,

(D.28)
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where E denotes the kinetic energy of the electron and E0 its value at the endpoint for
mk = 0, i.e. E0 = mA −mB −me. This approximation leads to a shift of the endpoint
of the spectrum from its exact value to its value in the non-relativistic approximation,
namely from ER,max to ENR,max. For tritium and mk . 50 eV, this amounts to

ER,max − ENR,max ≈ 3.44 eV . (D.29)

To retain the exact endpoint, Q must be taken at least up to order λ3, such that the
square root in the fraction of (D.27) remains exact. For KATRIN, however, this shift is
unimportant because the endpoint is actually one of the fit parameters, as discussed in
Section 4.5.

From the previous considerations, we can recover the usual non-relativistic rate in the
SM limit, as used, for instance, by the KATRIN collaboration. Setting all new-physics
couplings to zero, we find

A =
γ

2
mAmB (g2

V − g2
A)(m2

A −m2
B +m2

e +m2
k) , (D.30)

B1 =
γ

2
mA

{
(gV − gA)2(m2

A −m2
B +m2

e −m2
k)− 2mAmB(g2

V − g2
A)
}
, (D.31)

B2 =
γ

2
mA

{
(gV + gA)2(m2

A −m2
B −m2

e +m2
k)− 2mAmB(g2

V − g2
A)
}
, (D.32)

C = 0 , (D.33)

D1 = −γm2
A(gV − gA)2 , (D.34)

D2 = −γm2
A(gV + gA)2 , (D.35)

where

γ = 16G2
F Ṽ

2
ud . (D.36)

Using the expansion of P and Q in small parameters and Equation (D.20), these coeffi-
cients can be combined to the leading order result

dΓk
dER

=
Q(ER)

2π3
G2
F Ṽ

2
udm

3
A
[
(g2
V + 3g2

A)(εη − η2) +O(λ3)
]

=
G2
F Ṽ

2
ud

2π3

(
g2
V + 3g2

A

)
pem

3
A(εη − η2)

√
(η − ε)2 − ρ2

⇒ dΓk
dE

=
G2
F Ṽ

2
ud

2π3

(
g2
V + 3g2

A

)
pe
√
E +me(E0 − E)

√
(E0 − E)2 −m2

k .

(D.37)

This agrees with the usual leading-order result [160]. Notice how the rate is proportional
to the factor pe((E0 − E)2 − m2

k)
1/2 coming from Q(ER). This prefactor is therefore

universal to all interaction types. Now if we consider generic new physics instead, the
polynomial coefficients A, . . . ,D2 are too lengthy to reproduce here. However, the results
can be summarized effectively when adding all terms proportional to the same kinematic
parameters. Therefore, we present the result including new physics in the form given in
Equation (4.87).
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D.2. Proof that |b′N | ≤ 1

Here we would like to show that with one parameter of the set Ue4, ε
N
L , ε

N
R , ε

N
V , ε

N
A , ε

N
S , ε

N
T

and one parameter of the set ε̃NL , ε̃
N
R , ε̃

N
V , ε̃

N
A ε̃

N
S , ε̃

N
T non-vanishing, the parameter b′N in

Equation (4.94) is in the range [-1,1]. Recall that

εNV = εNL + εNR ,

ε̃NV = ε̃NL + ε̃NR ,

εNA = εNL − εNR ,
ε̃NA = ε̃NL − ε̃NR .

(D.38)

We have already discussed in Section 4.5 the example scenario where εNV and ε̃NS were
non-vanishing. This scenario was optimal in the sense that with εNS = ±εNV we have
b′ = ±1. For εNA and ε̃NT we have a very similar situation,

ξN = 3g2
A|εNA |2 + 48g2

T |ε̃NT |2 = |w|2 + |z|2 , (D.39)

ξNb
′
N = 3gAgS 8Re

[
εNA (ε̃NT )∗

]
= 2Re(wz∗) , (D.40)

where we defined w =
√

3gA ε
N
A and z = 4

√
3gT ε̃

N
T , leading to the same conclusion. One

can check that the same identification is possible for any combination of one parameter
of the set εNV , ε

N
A , ε

N
S , ε

N
T with one parameter of the set ε̃NL , ε̃

N
R , ε̃

N
S , ε̃

N
T , each of which would

give rise to a contribution to b′N or cN .
Now we show that if we combine non-vanishing Ue4, ε

N
L , or εNR instead of εNV or εNA with

one non-vanishing ε̃, then |b′N | < 1 or |cN | < 1. For instance, picking Ue4 and ε̃S leads to

ξN = (g2
V + 3g2

A)|Ue4|2 + g2
S |ε̃NS |2 = |w|2 + |z|2 + 3g2

A|Ue4|2 , (D.41)

ξNb
′
N = gV gS 2Re

[
εNV (ε̃NS )∗

]
= 2Re(wz∗) , (D.42)

where w = gV ε
N
V and z = gS ε̃

N
S . Therefore,

|b′N | =
∣∣∣∣

wz∗ + w∗z
|w|2 + |z|2 + 3g2

A|Ue4|2
∣∣∣∣ <

wz∗ + w∗z
|w|2 + |z|2 ≤ 1 . (D.43)

The same reasoning holds for other combinations with L or R instead of V and A coeffi-
cients, since additional positive contributions to ξN can only decrease the absolute value
of b′N or cN .
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νDMEFT sterile neutrino dark matter effective field theory

BSM beyond the Standard Model

CEνNS coherent elastic neutrino-nucleus scattering

CKM Cabibbo-Kobayashi-Maskawa

CL confidence level

CLFV charged lepton flavor violation

CP charge-parity

dSph dwarf spheroidal galaxy

DUNE Deep Underground Neutrino Experiment

EFT effective field theory

EWSB electroweak symmetry breaking

GIM Glashow-Iliopoulos-Maiani

GNI General Neutrino Interactions

KATRIN Karlsruhe Tritium Neutrino Experiment

LArTPC liquid argon time projection chamber

LEFT low-energy effective field theory

LHC Large Hadron Collider

NSI Non-Standard Interactions

PMNS Pontecorvo-Maki-Nakagawa-Sakata

QFT quantum field theory
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RG renormalization group

SM Standard Model of particle physics

SMEFT Standard Model Effective Field Theory

SMNEFT SMEFT extended by right-handed neutrinos

SSB spontaneous symmetry breaking

UV ultraviolet

vev vacuum expectation value

WIMP weakly interacting massive particle
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[151] A. de Gouvêa and K. J. Kelly, “Non-standard Neutrino Interactions at DUNE,”
Nucl. Phys. B908 (2016) 318–335, arXiv:1511.05562 [hep-ph].

[152] P. Coloma, “Non-Standard Interactions in propagation at the Deep Underground
Neutrino Experiment,” JHEP 03 (2016) 016, arXiv:1511.06357 [hep-ph].

[153] K. N. Deepthi, S. Goswami, and N. Nath, “Challenges posed by non-standard
neutrino interactions in the determination of δCP at DUNE,” Nucl. Phys. B936
(2018) 91–105, arXiv:1711.04840 [hep-ph].

[154] S. Bergmann, Y. Grossman, and E. Nardi, “Neutrino propagation in matter with
general interactions,” Phys. Rev. D60 (1999) 093008, arXiv:hep-ph/9903517
[hep-ph].

[155] DUNE Collaboration, T. Alion et al., “Experiment Simulation Configurations
Used in DUNE CDR,” arXiv:1606.09550 [physics.ins-det].

[156] A. Sousa, “Searching for Beyond the Standard Model Physics with the DUNE
Experiment,” 2018. Poster presented at NEUTRINO 2018; Heidelberg, Germany.

[157] DUNE Collaboration, R. Acciarri et al., “LBNF and DUNE: Conceptual Design
Report, Volume 4: The DUNE Detectors at LBNF,” arXiv:1601.02984

[physics.ins-det].

[158] D. K. Papoulias and T. S. Kosmas, “COHERENT constraints to conventional and
exotic neutrino physics,” Phys. Rev. D 97 no. 3, (2018) 033003,
arXiv:1711.09773 [hep-ph].

[159] T. Houdy et al., “Hunting keV sterile neutrinos with KATRIN: building the first
TRISTAN module,” J. Phys. Conf. Ser. 1468 no. 1, (2020) 012177,
arXiv:2004.07693 [physics.ins-det].

[160] F. Simkovic, R. Dvornicky, and A. Faessler, “Exact relativistic tritium beta-decay
endpoint spectrum in a hadron model,” Phys. Rev. C 77 (2008) 055502,
arXiv:0712.3926 [hep-ph].

[161] Y. Akulov and B. Mamyrin, “Determination of the ratio of the axial-vector to the
vector coupling constant for weak interaction in triton beta decay,” Phys. Atom.
Nucl. 65 (2002) 1795–1797.
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